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4Institute of Physics, Johannes Gutenberg University Mainz, Mainz 55099, Germany

(Received 9 February 2025; revised manuscript received 5 April 2025; accepted manuscript online 21 April 2025)

Interlayer interactions in bilayer or multilayer electron systems have been studied extensively, and many exotic physi-
cal phenomena have been revealed. However, systematic investigations of the impact of interlayer interactions on magnonic
physics are very few. Here, we use a van der Waals (vdW) honeycomb heterostructure as a platform to investigate the modu-
lation of magnon properties in honeycomb AA- and AB-stacking heterostructures with ferromagnetic and antiferromagnetic
interlayer interactions, including topological phases and thermal Hall conductivity. Our results reveal that interlayer inter-
actions play a crucial role in modulating the magnonic topology and Hall transport properties of magnetic heterostructures,
with potential for experimental realization.
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1. Introduction
As elementary quasiparticle excitations in magnetic ma-

terials, magnons show great potential for applications in fields
such as spintronics and quantum information processing, play-
ing a key role in frontier technologies such as magnetic stor-
age and quantum computing.[1,2] Magnons can form macro-
scopic coherent states via quasi-equilibrium Bose–Einstein
condensation and are capable of propagating spin information
over longer distances compared to spin currents in metals.[3–6]

Given the potential applications of magnons in spintronics,
research into their topological and transport properties has
become a major topic. For instance, in 2010, the ther-
mal Hall effect (THE) of magnons was experimentally ob-
served for the first time in the pyrochlore Lu2V2O7, suggest-
ing that magnons can be modulated by a temperature gradi-
ent, which stimulated researchers to perform various investiga-
tions in this field.[7] Recently, the magnonic topological insu-
lators Cu(1,3-dc),[8–10] CrI3,[11] CrSiTe3, and CrGeTe3,[12] the
triple Dirac magnonic semimetal Cu3TeO6,[13,14] giant ther-
mal Hall conductivity in VI3,[15] and high magnon spin con-
ductivity in two-dimensional (2D) yttrium iron garnet (YIG)
thin films have been experimentally observed.[16] In addition,
novel magnonic properties related to, for example, magnonic
Weyl semimetals,[17,18] the magnon spin Nernst effect,[19] and
the magnonic orbital effect[20] have been theoretically inves-

tigated. As the magnonic band structure and transport prop-
erties have a close relationship, a thorough understanding of
band structure, topology, and transport properties is crucial
for the future development of spin-wave devices, which can
be used in quantum computing, signal processing, communi-
cation technologies, sensors, etc.[21–25]

In recent years, in addition to three-dimensional (3D)
systems, remarkable progress has been made in the field of
2D magnonics hosted by kagome,[26–28] honeycomb,[29–32]

triangular,[33,34] square,[35,36] and Lieb[37,38] lattices, etc. For
instance, 2D magnons have been directly observed in ferro-
magnetic (FM) honeycomb CrI3 a few atomic layers thick us-
ing the Raman scattering method.[39] Theoretically, it is rec-
ognized that modulating the magnitude of the Kitaev inter-
action within the Heisenberg–Kitaev model can lead to gap-
less or gapped spin liquid states with different magnonic topo-
logical properties on the honeycomb lattice.[40–42] Addition-
ally, many works have demonstrated that spin texture and
topological phases may be regulated by an external mag-
netic field.[43–45] Moreover, special magnetic configurations
are utilized to induce topological phase transitions and influ-
ence transport properties,[27,46] enriching our understanding of
these complex systems. However, in 2D systems, apart from
manipulating the magnetic field, it is not easy to establish reli-
able means for modulating the magnonic topology in real ma-
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terials. Furthermore, as the spin lattice often contains a few
magnetic atoms, a rich topological phase diagram is difficult
to achieve. Therefore, innovative methods for designing novel
magnonic structures should be found and introduced.

In 2D electronic systems, interlayer interactions can be
utilized to regulate the electronic and topological proper-
ties of few-layer materials.[47–49] Significant changes in elec-
tronic properties can be observed by changing the stacking
order[50,51] or introducing magic angles,[52–55] such as twisted
graphene[56] and CrI3.[57] Furthermore, by tuning the strength
of the interlayer interactions, topological phase transitions can
be obtained, which have been predicted in ternary transition-
metal chalcogenides MM′Te4 (M = Nb, Ta and M′ = Ir,
Rh),[50] metal–organic topological insulator bilayers MC4S4

(M = Ni and Pt),[58] few-layer phosphorenes,[59] etc. These
findings indicate that the modulation of interlayer interactions
opens a new path for achieving 2D materials with novel elec-
tronic properties, suggesting that the interlayer interaction can
be utilized to modulate the magnonic properties in few-layer
spin systems. Although it is reported that a variety of topologi-
cal phases can be obtained in homojunction honeycomb lattice
by electron or hole doping in a toy model,[60] there is almost
no discussion of the influence of interlayer interaction on the
magnonic properties.

In pursuit of a deeper understanding of magnonic hetero-
junctions, we have developed a theoretical model based on a
2D honeycomb lattice complemented by an effective Hamilto-
nian. The Hamiltonian includes both first and second-nearest-
neighbor (1st and 2nd NN) Heisenberg exchange interactions,
in addition to the Dzyaloshinskii–Moriya interaction (DMI).
Using linear spin wave theory, we analyze the impact of inter-
layer interactions and stacking order on the topological prop-
erties of magnons. The structure of this paper is as follows: we
begin by introducing the computational methods employed,
including linear spin-wave theory and magnonic topological
theory. We then explore the impact of interlayer interac-
tions on magnon topology and investigate the valley asym-
metry phenomenon within FM AA-stacking and AB-stacking.
Building on this foundation, we conduct a detailed analysis
of the interplay between the magnon topology and THE un-
der AB-stacking. Additionally, we extend this investigation to
antiferromagnetic (AFM) AB-stacking. In the concluding sec-
tion, we summarize our findings and discuss their prospective
implications for the design of future magnonic devices.

2. The model and the method
The spin interactions in the 2D honeycomb heterostruc-

ture lattice are described using an effective Heisenberg spin
Hamiltonian of the following form:

H = − ∑
〈i, j〉,l

Jl
i j𝑆

l
i ·𝑆l

j + ∑
〈i, j〉,l

𝐷l
i j · (𝑆l

i ×𝑆l
j)

− ∑
〈l,l′〉,〈i, j〉

Jc1𝑆
l
i ·𝑆l′

j − ∑
〈l,l′〉,〈i, j〉

Jc2𝑆
l
i ·𝑆l′

j , (1)

where l and l′ index two different layers, Jl
i j describes the

intralayer Heisenberg exchange interaction between spins 𝑆l
i

and 𝑆l
j on sites i and j of layer l, respectively. The 1st

and 2nd NN interactions in the l-th layer are labeled as Jl
1

and Jl
2, respectively (see Fig. 1). The second term is de-

rived from the 2nd NN DMI. Here, the vector 𝐷l
i j can be

expressed as 𝐷l
i j = Dlvi j𝑧, where vi j = −v ji = +1 and −1

based on Moriya’s rule for the clockwise and anti-clockwise
directions, respectively. Previous theoretical and experimen-
tal studies[12,61,62] have established that the DMI contributes
to the topological Chern magnon bands in a 2D honeycomb
lattice, leading to a nontrivial THE. The interlayer Heisen-
berg exchange interactions are included in the third and fourth
terms of the Hamiltonian, corresponding to the 1st and 2nd
NN interlayer couplings, denoted by Jc1 and Jc2, respectively.
The nature of interlayer FM or AFM stacking is determined
by the signs and magnitudes of Jc1 and Jc2. For simplicity, we
fix both Jc1 and Jc2 as either negative or positive to represent
interlayer FM or AFM coupling, respectively. It should be
noted that the single-ion magnetic anisotropy energy (MAE)
is neglected in our model, as its magnitude is typically small,
and the primary focus of this work is to explore how interlayer
exchange interactions influence magnonic topological proper-
ties. Further discussion of the impact of MAE is provided in
the supplementary information.

The linear spin-wave theory[63,64] is utilized to investi-
gate the properties of magnons. The spin operators 𝑆l

i and
𝑆l

j are replaced by the creation and annihilation operators a†
i

and ai in Eq. (1) based on the standard Holstein–Primakoff

(HP) transformation S+i =
√

2S−a†
i aiai, S−i = a†

i

√
2S−a†

i ai,

Sz
i = S− a†

i ai. By keeping the second-order terms of a†
i and

ai and adopting the lattice Fourier transformation, we can
thus rewrite the Hamiltonian in the momentum space (de-
noted by 𝐻2(𝑘), where 𝐻2 is a 2n× 2n matrix with n = 4),
which represents the number of spins in the unit cell. 𝐻2

can be diagonalized using the commutation relation i dΦ(𝑘)
dt =

[Φ(𝑘),H2(𝑘)] = DΦ(𝑘), where the dynamical matrix D =

ĝH2. Here, the matrix ĝ, defined as ĝ = σz ⊗ 1, 1 is an
n× n identity matrix, and the basis of the system is Φ(𝑘) =

[a1k,a2k,a3k,a4k,a
†
1−k,a

†
2−k,a

†
3−k,a

†
4−k]

T. In this work, only
positive real eigenvalues of D are considered, which corre-
spond to the magnon excitation spectrum in the system.

The magnon Berry curvature is employed to investigate
the topological properties of the model in Fig. 1. Here, the
magnon Berry curvature of the nth spin-wave branch Ω

xy
n𝑘 can

be expressed as

Ω
xy
n𝑘 =−2Im ∑

m 6=n

〈Ψn𝑘| ∂D(𝑘)
∂kx
|Ψm𝑘〉〈Ψm𝑘| ∂D(𝑘)

∂ky
|Ψn𝑘〉

(εn𝑘− εm𝑘)2 , (2)
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where |Ψn𝑘 is the right eigenvector corresponding to the eigen-
value εn𝑘 of the spin-wave Hamiltonian.

To quantitatively characterize the magnonic topology, we
introduce the Chern number as a topological invariant in the
first Brillouin zone (BZ) for the nth magnon branch, which is
given by Cn =

1
2π
∫Ω

xy
n𝑘d𝑘. Although the Chern number is typ-

ically used to describe discrete bands, here we employ an en-
ergy criterion of 0.0001 meV to calculate the Chern numbers
of bands that exhibit crossing points. The topological THE of
magnons is generated by introducing a transverse thermal cur-
rent under an applied longitudinal temperature gradient. Based
on Eq. (2), the transverse thermal Hall conductivity κxy is writ-
ten as

κ
xy =− k2

BT
(2π)2} ∑

n

∫
BZ

c2 (nB (εn𝑘))Ω
xy
n𝑘d𝑘, (3)

where c2(τ) = (1 + τ)ln2[(1 + τ)/τ] − ln2
τ − 2Li2(−τ),

Li2 represents the dilogarithm function, and nB(εn𝑘) =

(eεn𝑘/kBT − 1)−1 is the Bose–Einstein distribution function.
Here, we compute κ

xy
lim at T = 300 K as an estimate of the or-

der of magnitude of the effect, although this value lies outside
the validity region of our approach.

3. Result
As shown in Figs. 1(a) and 1(b), in a single-layer honey-

comb lattice, there are two atoms per unit cell connected by

three 1st NN and six 2nd NN Heisenberg exchange interac-
tions, corresponding to one acoustic and one optical branch.
Different strengths of the exchange interactions and the DMI
result in different bandwidths and bandgaps of magnons. In
magnetic insulators or semiconductors, the exchange inter-
action usually decays rapidly with distance. Therefore, the
2nd-NN interaction is set to 10% of the 1st NN interaction
(Jl

2 = 0.1Jl
1) in the Hamiltonian presented in Eq. (1), which is

similar to some 2D FM honeycomb systems, e.g., CrI3
[11,65]

and CrGeTe3.[12,61,65] In addition, to simplify the calculation,
we restrict the magnitudes of the exchange interaction and
DMI for the upper and lower layers in the heterostructure
by the relations D1 = 2D2 and J1

i j= 2J2
i j, which resemble the

cases of magnetic CrGeTe3 and CrSiTe3.[12,61] For concrete-
ness, the parameters in our model are selected as follows: J1

1 =

−3 meV, J1
2 =−0.3 meV, J2

1 =−1.5 meV, J2
2 =−0.15 meV,

D1 =−0.2 meV, and D2 =−0.1 meV. The heterostructure is
engineered by aligning two distinct monolayers in an appro-
priate stacking order. We refer to the two stacking orders as
AA and AB. As shown in Fig. 1(c), one layer is positioned
directly above the corresponding atoms in the adjacent layer,
forming AA-stacking. When atoms from one layer are po-
sitioned above the unoccupied regions of the other layer, as
shown in Fig. 1(d), we realize AB-stacking, which is analo-
gous to the Bernal stacking of graphene.[66–69]

(b)(a)

(f)(e)

(c) (d)

(g) (h)

-1

1

-1

1

Γ K M K′ Γ Γ K M K′ Γ Γ K M K′ Γ Γ K M K′ Γ

Jc2 Jc1
Jc2 Jc1

Fig. 1. Schematics and structures. In panels (a) and (b), the yellow and blue atoms represent different 2D FM honeycomb lattices. The 1st
and 2nd NN intralayer exchange interactions are represented by blue and green dashed lines, respectively. The purple arrows represent the bond
directions of the DMIs between the 2nd NN atoms, and all the Dzyaloshinskii–Moriya vectors share a common sign along the c-axis. The
red dashed lines in panels (c) and (d) represent the 1st and 2nd NN interlayer interactions. (e)–(h) The schematic magnonic band structures of
panels (a)–(d). In (g) and (h), the yellow and purple bands represent the contributions from the lower layer and the upper layer, respectively.
Bandgaps appear between the bands at the K and K′ points as well as along the G–K (K′) path.

3.1. Topological properties of FM AB-stacking

In the FM type of AA-stacking, there are one 1st NN
Jc1 and three 2nd NN Jc2 interlayer interactions between the
two layers. To investigate the effect of the interlayer interac-
tions on the magnonic properties, the interlayer interactions

Jc1 and Jc2 are set to values ranging from −3 meV to 0 meV.
Specifically, we chose Jc1 = 2Jc2 for our study and selected
four specific sets of (Jc1, Jc2) values: (0, 0), (−0.8, −0.4),
(−1.6, −0.8), and (−2.5, −1.25). The band structure and the
corresponding Chern numbers (C1, C2, C3, C4) are shown in
Fig. 2. In the absence of interlayer interactions, the bands of
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the upper and lower layers cross, forming six Dirac points,
as shown in detail in Fig. S2. When interlayer interactions
are introduced, the band structure shifts up, and the band gap
opens between the second and third bands, which causes a
topological phase transition with Chern numbers (1, −1, 1,
−1). As the interlayer interactions increase, the width of the
bands increases and the effect on the bandgap diminishes; as
no bandgap closure is observed, the topological phase remains
unchanged. This result appears somewhat mundane, as illus-
trated in Figs. 1(g) and 2. Therefore, we further investigate
the case of AB-stacking. With further symmetry reduction,
the change of interlayer interactions is likely to trigger more

diversity in topological phase transitions.

In AB-stacking, there are one 1st NN Jc1 and six 2nd NN
Jc2 interlayer interactions, as depicted in Fig. 1(d). To fulfill
the FM condition in AB-stacking, we first restrict the param-
eters Jc1 and Jc2 to the range from −3 meV to 0 meV, for
which the topological phase diagrams of AB-stacking are pre-
sented in Fig. 2(a). To clearly demonstrate the overall char-
acteristics of the Berry curvature of BZ, a logarithmic trans-
formation of the Ω

xy
n𝑘 is used, which is defined as result =

sgn(x) log5000 (|x|), where the function sgn(x) refers to the
sign of x.
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Fig. 2. The case of AA-stacking. (a)–(d) Fat band analysis for the magnonic bands in AA-stacking for different values of Jc1 and Jc2. Red and
blue colors represent positive and negative signs of Berry curvature, and the line thickness denotes the corresponding magnitude. The Berry
curvature is labeled on a logarithmic scale.
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Fig. 3. The case of FM AB-stacking. (a) Topological phase diagram for various interlayer interactions Jc1 and Jc2. (b)–(e) The red dashed
line represents Jc1 = 2Jc2. Fat band analysis for the magnonic bands in AB-stacking with different values of Jc1 and Jc2. Red and blue colors
represent positive and negative signs of Berry curvature, and the line thickness denotes the corresponding magnitude. (f)–(h) The distribution of
the k-dependent Berry curvature of the second band in the BZ; parameters are chosen to be the same as those in panels (b)–(d), respectively. All
figures in panels (f)–(h) share the same color map. The Berry curvature is labeled on a logarithmic scale.

As with AA-stacking, six Dirac points exist between the

second and third bands in the absence of interlayer interac-

tions, as shown in Figs. 3(e) and S4(a). The presence and

strength of interlayer interactions can greatly affect the band

structure and topological phases. According to the Chern

numbers of the four bands (C1, C2, C3, C4), different phases

are observed for various values of Jc1 and Jc2, as shown in

Fig. 3(a). In total, there are 11 phases, and we provide a more

detailed discussion in supplementary note 3.

To explore the mechanism of phase transition modu-
lated by interlayer interactions, four pairs of (Jc1, Jc2) along
Jc1 = 2 Jc2 are individually chosen, namely, (0, 0), (−0.8,
−0.4), (−1.6, −0.8), and (−2.5, −1.25). The correspond-
ing band structures and marked Chern numbers are presented
in Figs. 3(b)–3(d), where the Chern numbers (1, 2, −2, −1),
(0, 3, −2, −1), and (0, 0, 1, −1) correspond to phases II, VII,
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and III. Compared to Figs. 3(b) and 3(e), it can be seen that
the phases change from phase 0 to phase II, accompanied by
a bandgap opening between bands 2 and 3. As Jc1 and Jc2

continue to increase, an inversion between the first and sec-
ond bands occurs at the K point, resulting in a transition from
phase II to phase VII. Further increases in Jc1 and Jc2 cause
an inversion between the second and third bands, leading to
a transition from phase VII to phase III. The Berry curvature
projections onto the second band for phases II, VII, and III
are shown in Figs. 3(f)–3(h), offering a clearer demonstration
of this effect. It is worth noting that due to the breaking of
C2 symmetry, AB-stacking exhibits a valley polarization phe-
nomenon, in contrast to AA-stacking. For instance, the bands
at the K and K′ points exhibit different behaviors under the in-
fluence of interlayer interactions. We provide a more detailed
discussion of the valley polarization of magnons and the topo-
logical phase transitions in supplementary note 4.

It should be noted that, for simplicity, all innerlayer in-
teraction parameters in our model are fixed throughout the
main calculations. However, the resulting topological prop-
erties may vary if these parameters are modified. To il-
lustrate this, we further analyze the CrGeTe3/CrSiTe3 het-
erostructure by incorporating inner-layer exchange parameters
extracted from experimental fittings,[12] i.e., J1

1 =−2.73 meV,
J1

2 = −0.33 meV, J2
1 = −1.49 meV, J2

2 = −0.15 meV, D1 =

−0.12 meV, and D2 = −0.32 meV. Compared to the results
shown in Fig. 3, the corresponding phase diagrams based on
the CrGeTe3/CrSiTe3 heterostructure (see Figs. S10 and S11)
exhibit consistent trends, particularly in the regime where Jc1

and Jc2 are small, which is more representative of realistic van
der Waals heterojunctions.

3.2. Magnonic topology-related thermal Hall conductivity
of FM AB-stacking

Next, we compute the thermal Hall conductivity κxy by
referring to Eq. (3), which reflects the effect of weighting
the Chern numbers through the c2 function. The interlayer-
interaction-dependent κxy is shown in Figs. 4(a) and 4(b),
where the parameters are Jc1 = 2Jc2. Regardless of differ-
ent interlayer interactions, it is clear that the magnitude of
κxy increases when the temperature increases. In addition,
at low temperatures, for a given temperature, κxy gradually
decreases when the interlayer interaction is enhanced, while
this phenomenon disappears at high temperatures. This ef-
fect can be attributed to the fact that κxy is strongly linked to
nontrivial magnons, which require thermal excitation. There-
fore, it is crucial to investigate the relationship between the
THE and topological properties. The high-temperature limit
κxy is calculated, and the maximum value of κxy occurs in
phase II, while κxy reaches its minimum in phase III, as shown
in Fig. 4(b). These values are consistent with the correspond-
ing Chern number sets. For instance, in phase II, both C1 and

C2 are positive, while C1 and C2 are zero for phase III. We pro-
vide a detailed discussion of the influence that the topological
phase exerts on κxy in supplementary note 5.
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Fig. 4. THE for the FM state of AB-stacking. (a) Map of thermal Hall
conductivity κxy as a function of temperature T and parameter Jc1, with
Jc1 = 2Jc2. (b) Thermal Hall conductivity κxy as a function of Jc1 at the
high-temperature limit with Jc1 = 2Jc2. The corresponding topological
phases are marked in different colors.

It is worth noting that in real magnetic systems, the ther-
mal Hall conductivity of magnons is related to the Curie
temperature (Tc). Via mean-field theory,[70,71] the Tc val-
ues of layer 1 and layer 2 are estimated to be 130.55 K and
65.28 K, respectively (more details are provided in supplemen-
tary note 6). Although these Tc values are lower than the high-
temperature limit, we believe the characteristic of the maxi-
mum κxy modulated by the interlayer interaction is likely to
be similar to the case of the high-temperature limit.

3.3. Topological properties of AFM AB-stacking

In addition to the FM case, we also investigate a magnetic
heterojunction with an AFM ground state. As in the case of the
FM state, both Jc1 and Jc2 are chosen as positive to simplify the
analysis. As shown in Fig. 5(a), with the evolution of inter-
layer interactions, three different topological phases are sepa-
rately observed in the AFM system, i.e., VIII (1, −1, −1, 1),
IX/IX′ (0, 0, −1, 1), and X/X′ (0, 0, 0, 0). Here, IX and IX′ as
well as X and X′ are differentiated by their distinct Berry cur-
vature distributions in the BZ. In contrast to the FM case, the
magnonic dispersion and topological properties are different
in the AFM system. Protected by symmetry, regardless of the
interlayer interaction strength, the first and second magnonic
branches always remain degenerate at the Γ point, and there is
always a crossing point between the second and third branches
along the Γ –K/K′ lines, as shown in Figs. 5(b) and 5(c) and
supplementary note 7.

The Chern number sets and Berry curvature distributions
are calculated and shown in Figs. 5(b), 5(c), 5(e), 5(f), S7,
and S8, respectively. The results illustrate that the topological
phases are modulated by the interlayer interaction, and phase
VIII (1, −1, −1, 1) is easily achieved when the interlayer in-
teraction is neglected (see Fig. S7). As the strength of the in-
terlayer interaction increases, there is a transition in the topo-
logical phase from phase VIII to phase IX. These phase transi-
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tions are characterized by the polarization of magnonic valleys
and the alternating closure and reopening of the bandgap be-
tween the first and second magnon branches, as depicted in
Figs. 4(b), 4(c), and S8.

The thermal Hall conductivity is closely related to the
magnonic topology. To simplify the investigation, we set
Jc1 = 2Jc2 and explore the relationship between κxy and Jc1

at different temperatures. As the temperature increases, a re-

versal of the thermal Hall transport direction is realized. This

effect is particularly pronounced when interlayer interactions

are weaker than intralayer interactions, as demonstrated in

Fig. 4(d). In addition, the high-temperature limit of κxy for

the AFM case is investigated, showing that following the en-

hancement of interlayer interactions, the magnitude of κxy first

increases and then decreases.
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4. Conclusions and perspectives
In summary, our work provides a comprehensive the-

oretical analysis of the impact of interlayer interactions on
magnonic topological properties and the THE in van der Waals
(VdW) honeycomb heterostructures. Our findings demon-
strate that modulating interlayer interactions can significantly
alter the magnonic band structure, leading to a diverse range of
topological phase transitions and substantial regulation of ther-
mal Hall conductivity, particularly in AB-stacked structures.
Additionally, we identify that the magnonic valley polarization
phenomenon is especially pronounced in AB-stacked configu-
rations, accompanied by rich topological phases, regardless of
whether the magnetic type is FM or AFM.

In the field of magnonics, bilayer spin systems have
primarily focused on homojunction configurations.[31,60] Al-
though rich topological phases have been predicted in bilayer
honeycomb spin lattices through the introduction of a com-
plex spin Hamiltonian — incorporating interactions such as
the Kitaev interaction, DMI, and electron or hole doping —

real magnetic systems typically exhibit the Kitaev interaction
only in systems with strong spin–orbit coupling and specific
structural configurations.[72] In contrast, heterojunctions natu-
rally induce magnonic band crossings and subsequent gap re-
openings due to disparities in inner-layer interactions between
different layers. This intrinsic mechanism leads to a richer
variety of magnonic topological phases and associated trans-
port phenomena, even when a relatively simple effective spin
Hamiltonian is employed. It is also worth noting that spin in-
teractions can be easily regulated in layered systems. For ex-
ample, in bilayer CrI3, the magnetic type can be modulated
from AFM to FM by changing the distance between the two
layers.[73] Therefore, our discoveries are not only theoretically
significant but also have great potential value for the applica-
tions of actual materials. For instance, by constructing het-
erostructures from CrXTe3 (X = Ge, Si), CrX3 (X = I, Br, Cl),
etc. precise control of magnon properties can be achieved,
which is of significant importance for the development of new
magnetic storage and quantum computing technologies.
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