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Effective strategy of enhancing piezoelectricity in stable CrSiN4Sn
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It is challenging to reveal the design strategy for strong piezoelectricity nano-materials used in self-powered and
smart nano-devices. Through first-principles calculations, an atom-layer-pair effect is found in MoSixNyRz monolayers
with remarkable piezoelectricity. The absolute values of the vertical piezoelectric coefficients have a linear relation with
the total electronegativity difference dipole moments. Based on this effect, a promising CrSiN4Sn monolayer is found
with the highest piezoelectricity among the above monolayers. The work expands our understanding of the piezoelectric
physical mechanism and provides the design strategy for piezoelectric nano-devices.
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1. Introduction
There has been a growing demand for minia-

turized and diversified functional devices in the last
few decades. Owing to their ultra-thin atomic-layer
thickness,[1] piezoelectricity[2–14] and many attractive phys-
ical phenomena,[15–24] two-dimensional (2D) piezoelectric
materials have great potential in nanoscale electronic device
applications, such as energy harvesting, sensors and smart
materials.[25–28] Vertical piezoelectricity is defined as a po-
larization phenomenon with polarized charge distribution in
the z direction when the stress or strain is in the x, y or z
direction, usually characterized by the piezoelectric stress or
strain coefficients (e31, e32, e33, d31, d32, or d33). Vertical
piezoelectricity can convert vertical mechanical energy into
electricity, providing another method of energy harvesting in
energy management systems.

The synthesis of MoSi2N4 monolayers,[29] as well as the
MA2Z4 family (M = W, V, Nb, Ta, Ti, Zr, Hf, Cr; A = Si
or Ge; Z = N, P, As), has been extensively explored, but
they do not have vertical piezoelectricity.[30–36] Recently, the
MSi2PxAsy and MSiGeN4 have been found to exhibit weak
vertical piezoelectricity (e31 =−0.087∼ 0.074×10−10 C/m)
due to the absence of vertical symmetry.[37–39] Vertical piezo-
electricity has widespread applications in many fields, such
as loudspeakers,[40] pressure sensors for bionic skin,[41] arti-
ficial intelligence materials[42] and medical implantation.[43]

The reason is that these structures can vibrate up and down,
making the vertical piezoelectric polarization compatible with
the bottom/top gate technologies. Some reports mentioned the

relation of piezoelectricity with electronegativity difference
and vertical dipole moment.[4,44] However, no attention was
paid to the space distribution of the atoms with different elec-
tronegative values. It is then a challenge to reveal the piezo-
electric mechanism for designing high-performance materials
with vertical piezoelectricity.

In this work, 39 types of Janus MoSixNyRz (R = B, Al,
Ga, C, Si, Ge, Sn, N, P, As, Sb, O, S, Se, Te, F or Cl; x = 1 or
2; y = 2, 3 or 4 and z = 1 or 2) monolayers are designed and
explored, based on the architecture of a MoSi2N4 monolayer
in the MA2Z4 family. The energy band structures, stability
and Bader charge analysis calculations are performed by first-
principles calculations. In response to these above challenges,
we define the concept of the total electronegativity difference
dipole moments to describe the space distribution of atoms
with different electronegative values. An exciting piezoelec-
tric mechanism is discovered in the four monolayers, which
is further used to find a promising CrSiN4Sn monolayer with
high-performance piezoelectricity. The discovery of the phys-
ical mechanism of these monolayers with vertical remarkable
piezoelectricity may be valuable and expand our understand-
ing of 2D piezoelectric materials.

2. Results and discussion
2.1. Optimal structure, electronic and stable properties of

MoSixNyRz monolayers

A total of 39 types of MoSixNyRz (R = B, Al, Ga, C,
Si, Ge, Sn, N, P, As, Sb, O, S, Se, Te, F or Cl; x = 1 or 2;
y = 2, 3 or 4 and z = 1 or 2) monolayers are calculated in

†Corresponding author. E-mail: wangxiaochun@tsinghua.org.cn
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Figs. S1–S12, with the stacking order of N/R–Si/R–N/R–Mo–
N–Si–N. MoSixNyRz monolayers possess a similar top view in
Fig. 1(a). To realize the asymmetric electronic charge distri-
bution in the monolayer along the z direction, only N (or Si)
atom layers in the upper part of MoSi2N4 monolayer are re-

placed by R elements from the same main group as the N (or
Si) element in the periodic table (Fig. 1(b)), but with differ-
ent electronegativity, to obtain MoSixNyRz monolayers, which
may allow MoSixNyRz monolayers to maintain similar elec-
tronic and atomic structures with MoSi2N4.

(b)
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Fig. 1. (a) Top view of MoSi2N3P. (b) Periodic table displaying the atomic candidates to replace the atoms in MoSi2N4. Side views of
(c) MoSiN4Sn, (d) MoSi2N3P, (e) MoSi2N2P2 and (f) MoSiN2CP2. The thickness (h) includes atomic Van der Waals radiuses (rvdW).
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Fig. 2. (a)–(d) The band structures, PDOS with HSE06 method; and (e)–(h) phonon dispersion of MoSiN4Sn, MoSi2N3P, MoSi2N2P2 and
MoSiN2CP2 monolayers, respectively. The Fermi level is set to 0 eV.

To better analyze the physical mechanism, the scopes of
R elements are extended to the main group elements adjacent
to N (or Si) element. The four stable semiconductor monolay-
ers in Figs. 1(c)–1(f), MoSiN4Sn, MoSi2N3P, MoSi2N2P2 and
MoSiN2CP2 are screened out via phonon dispersion and band
structure calculations. The stacking order of MoSiN4Sn is N–
Sn–N–Mo–N–Si–N, which are named as the 1st, 2nd, 3rd, 4th,
5th, 6th, and 7th atom layers, respectively. The 1st and 7th
atom layers are defined as the 1st atom-layer pair. Similarly,
the 2nd and 6th atom layers (and the 3rd and 5th atom layers)

are the 2nd (and 3rd) atom-layer pair, respectively. Figure 1(a)
shows the top view of MoSi2N3P as a representative example
of the MoSixNyRz monolayers. The top view of MoSi2N3P
exhibits a hexagonal lattice, which is a common structural fea-
ture shared by all MoSixNyRz monolayers. Here, each mono-
layer possesses three atom-layer pairs, with optimized lattice
constant a and thickness h summarized in Table S1. The lattice
constant and atomic thickness of MoSi2N4 are calculated to
be 2.91 Å and 10.21 Å, respectively, which are consistent with
Ref. [32]. The band structures and the projected density of
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states (PDOS) in Figs. 2(a)–2(d) indicate the indirect bandgaps
semiconductor property. An obvious peak of the N atom is ob-
served at−2.56 eV in Fig. 2(a), indicating that many electrons
are accumulated near N atoms, which mainly contribute to the
negative charge of the N atoms. In Figs. S13(b)–S13(d), there
is one high peak in the −16∼−17 eV range for the N atoms,
rendering it negatively charged.

Similar to the research methods used in most computa-
tional references,[45–48] we calculate the phonon dispersion,
ab initio molecular dynamics (AIMD) and formation energy to
clarify the stability and synthesis possibility of these materials.
The phonon dispersions are shown in Figs. 2(e)–2(h). There
are three acoustic branches converged at the high symmetric Γ

point. The out-of-plane branch ZA with the lowest frequency
among the acoustic branches is in a parabolic relationship with
the wave vector near the Γ point, while the transverse in-plane
branch TA and the longitudinal in-plane branch LA have linear
dispersion near the Γ point.[49,50] All four monolayers exhibit
no imaginary frequencies near the Γ point, demonstrating that
they are dynamically stable. Meanwhile, AIMD simulations
with the 112 atoms in a 4×4×1 supercell are carried out. Af-
ter running for more than 3000 fs with a time step of 1 fs at
300 K, the data (Fig. S14) proves the thermodynamic stability
of these monolayers. Furthermore, all the formation energies
(Ef) of these monolayers (Ef = −1.96 ∼ −3.79 eV) are neg-
ative in Table S1. It is likely that these monolayers can be
synthesized experimentally, just as the MoSi2N4 monolayer
with a similar structure to these monolayers has been experi-
mentally synthesized.[29]

2.2. Elastic and piezoelectric properties of the MoSixNyRz
monolayer

The elastic properties indicate that all four monolayers are
mechanically stable, meeting the Born–Huang criteria:[10,51]

C11C22 −C2
12 > 0 and C66 > 0 (Table S2). The Young’s

moduli (311.65 ∼ 418.00 N/m) of these monolayers with
isotropic elasticity (Fig. S15) are larger than that of MoS2

(130 N/m),[52] and some are even greater than that for
graphene (340 N/m).[53,54] This suggests the four monolayers
can withstand greater strain, thus possessing potential applica-
tions in special environments.

The in-plane piezoelectric coefficients (e22 and d22) and
vertical piezoelectric coefficients (e31, e33, d31 and d33) of
the four monolayers are summarized in Table 1. MoSiN2CP2

possesses the largest e31 with 1.37× 10−10 C/m among the
four monolayers due to broken inversion symmetry, outper-
forming MSi2PxAsy (e31 = 0.011 ∼ 0.074× 10−10 C/m)[37]

and SnS (e31 = 0.30× 10−10 C/m).[39,55,56] The piezoelectric
coefficient of e33 reflects the vertical piezoelectricity of the
monolayer under vertical strain, which is more practical than
e22 and e31. The e33 values of the four monolayers are be-
tween −0.34× 10−10 and 1.16× 10−10 C/m, comparable to

Zr2P2ICl (e33 = 0.61× 10−10 C/m)[57] and Te2Se multilay-
ers (0.37 ∼ 1.52× 10−10 C/m).[58] Furthermore, among the
four monolayers, MoSi2N2P2 exhibits the best in-plane piezo-
electric properties with |e22| = 9.22× 10−10 C/m, which is
2.5 ∼ 48.5 times larger than that of the known MA2Z4 family
(0.19 ∼ 3.69× 10−10 C/m).[32] The results prove that the re-
placement of partial atoms in MoSi2N4 can increase both ver-
tical and in-plane piezoelectricity. Additionally, Born effective
charges Z∗k,i j related to the ionic contribution are further sum-
marized in Table S3. According to Table S4, the negative e33

of MoSiN4Sn is attributed to the negative ionic contribution
over the positive electronic contribution, while the positive e33

of MoSi2N2P2 and MoSiN2CP2 are dominated by a large elec-
tronic contribution. The relaxed-ion piezoelectric coefficients
are composed of electronic and ionic contributions. There-
fore, the Born effective charge Z∗k,i j cannot directly determine
the piezoelectric coefficients e33.

Table 1. The relaxed-ion piezoelectric coefficients of MoSiN4Sn,
MoSi2N3P, MoSi2N2P2 and MoSiN2CP2. The units of e and d are
10−10 C/m and pm/V, respectively.

Material e22 e31 e33 d22 d31 d33

MoSiN4Sn −5.75 −0.26 −0.34 −2.16 −0.03 −0.24
MoSi2N3P −6.92 0.84 0.16 −2.04 0.14 0.12
MoSi2N2P2 −9.22 1.24 1.16 −3.57 0.12 −0.42
MoSiN2CP2 −4.63 1.37 0.66 −1.37 0.16 −0.78

The static polarization charge distribution is further dis-
cussed by Bader charge analysis (Fig. S16). In MoSixNyRz

monolayers, N atoms with the largest electronegativity gain
the most electrons, followed by C atoms. Here, MoSixNyRz

monolayers are divided into upper (including the 1st, 2nd and
3rd atom layers) and lower (including the 5th, 6th and 7th atom
layers) parts by the middle Mo atom layer. The difference in
electronegativity of atoms in the atom-layer pair contributes
to an uneven vertical distribution of electrons, giving rise to
a local dipole moment in MoSixNyRz monolayers. Such as
MoSiN4Sn, for the 2nd atom-layer pair, the electronegativity
1.96 of Sn atom in the 2nd atom layer is larger than that 1.90
of Si in the 6th atom layer. The atom electronegativity is the
same for atoms in the 1st (or 3rd) atom-layer pair. Then, the
electron transformed from the Mo atom to the upper part (N-
SnN region) with a net charge of −0.767|e| is a little higher
than that to the lower part (N–Si–N region) with a net charge
of −0.754|e|. The 2D charge density difference (Fig. S17)
indicates that, except for the Mo atom forming a partial cova-
lent bond with P atom in MoSiN2CP2 (Fig. S17(d)), the other
atoms in the four monolayers form ionic bonds.

We define the concept of the total electronegativity differ-
ence dipole moments (TED-dipole moments) PTED. The PTED

for MoSixNyRz monolayers can be given by

PTED =
3

∑
i=1

[(
ELNi

L−ELNMo
)
×hLi−Mo
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+
(
ELNMo−ELNi

U
)
×hMo−Ui

]
, (1)

where i is the ordinal of atom-layer pair; L (U) is the lower
(upper) atom layer, ELNi

L(ELNi
U) denotes the electronegativ-

ity of the lower (upper) atom layer in the ith atom-layer pair
and ELNMo represents the electronegativity of the Mo atom
in the middle atom layer. hLi−Mo(hMo−Ui) means the verti-
cal distance between Li (Ui) atom and the middle atom (see
Table S1).

(
ELNi

L−ELNMo
)
×hLi−Mo (

(
ELNMo−ELNi

U
)
×

hMo−Ui) represents the electronegativity difference dipole mo-
ments (ED-dipole moments) between the lower (and upper)
ith atom layer and the Mo atom layer. The microscopic mech-
anism of Eq. (1) is that TED-dipole moments approximately
describe the contributions of each atom-layer pair to the asym-
metric vertical polarization in the monolayer, which also in-
cludes the contribution of the polarization charge direction in
each atom-layer pair. The larger TED-dipole moments sug-
gest a larger degree of asymmetric vertical polarization in the
monolayer, which may result in larger vertical piezoelectricity.

In a certain atom-layer pair, when
(
ELNi

L−ELNMo
)

and(
ELNMo−ELNi

U
)

are both positive (or negative), the total
polarization charge of the 2D structure will be enhanced.
This phenomenon is defined as the positive-cascade effect,
resulting in the TED-dipole moments increase. However,
when the

(
ELNi

L−ELNMo
)

is positive (or negative), but the(
ELNMo−ELNi

U
)

is negative (or positive), the total polar-
ization charge of the 2D structure will be weakened. This
phenomenon is defined as the negative-cascade effect, leading
to the TED-dipole moments decrease. The positive/negative-
cascade effect effectively reveals the physical significance of
the TED-dipole moments. Equation (1) can describe both of
the above situations well. Figure 3(a) shows the mechanism of
the positive/negative-cascade effect, using the 3rd atom-layer
pair of the MoSixNyRz monolayers as an example. Specifi-
cally, in the MoSi2N2P2 monolayer, both

(
ELN3

N−ELNMo
)

and
(
ELNMo−ELN3

P
)

are negative, resulting in a positive-
cascade effect for the total polarization charge. In contrast,
for the MoSiN2CP2 monolayer, the

(
ELN2

Si−ELNMo
)

is neg-
ative, while the

(
ELNMo−ELN2

C
)

is positive, leading to a
negative-cascade effect of the total polarization charge.

The piezoelectric performance can be evaluated by the
absolute value of piezoelectric coefficients. The black data
line in Fig. 3(b) shows that for MoSixNyRz monolayers, the
larger absolute values of TED-dipole moments (|PTED|) lead
to larger vertical polarization and larger |e33|, and the re-
lationship PTED is almost a linear function. This fact is
defined as the atom-layer pair effect by us. Notably, the
PTED of MoSi2N4 (e33 = 0 C/m) equals zero due to its mir-
ror symmetry along the z direction and this point is called
the zero point of the black data line in Fig. 3(b). Due to
the MoSi2N2P2 with smaller electronegativity 2.19 of the 1st

atom layer (P atom) than that 3.04 of the 1st atom layer
(N atom) in the MoSi2N3P, the

(
ELNMo−ELN1

P
)
= −0.03

of MoSi2N2P2 is larger than
(
ELNMo−ELN1

N
)
= −0.88

of MoSi2N3P. The
(
ELNMo−ELN1

P
)
× hMo−P1 = −0.15 Å

of MoSi2N2P2 is larger than
(
ELNMo−ELN1

N
)
× hMo−N1 =

−3.84 Å of MoSi2N3P, although hMo−P1 (4.95 Å) > hMo−N1

(4.36 Å). It leads to the greater deviation of PMoSi2N2P2
TED from

the zero point than that of PMoSi2N3P
TED . According to the atom-

layer pair effect, the |e33| of MoSi2N2P2 may be larger than
that of MoSi2N3P. The calculated e33 values in Table 1 prove
the above analytic results. Notably, the atom-layer-pair ef-
fect takes into account the space distribution of atoms with
different electronegative values well, which is a good sup-
plement to previous research without considering the space
distribution.[4,44]

Based on the atom-layer-pair effect, we predict high-
performance piezoelectric material. We replace the Mo atom
in the above four stable semiconductors with a Cr atom
to get three stable monolayers, CrSiN4Sn, CrSi2N3P and
CrSiN2CP2, with large vertical piezoelectricity (Figs. S18–
S20). Especially, the CrSiN4Sn monolayer has the largest
e33 (e33 = 11.93× 10−10 C/m) among all the seven mono-
layers calculated in this work. It is larger than the e31 =

1.20×10−10 C/m of La2CO2
[10] by 9.94 times and the e13 =

1.40×10−10 C/m of MoSO[59] by 8.52 times.
Notably, the data points about the |e33| and the |PTED| of

CrSiN4Sn and CrSi2N3P monolayers are on the same blue data
line in Fig. 3(b), while that of the CrSiN2CP2 is not on this
blue data line. To explain this, we propose the “window ef-
fect” of electronegativity difference based on the data in this
work.

There are some predefinitions for this window effect.
(i) We define the zero-point structures, which are the structures
with data points at the zero point (0, 0) in Fig. 3(b). For ex-
ample, MoSi2N4 and CrSi2N4 with e33 = 0 C/m are the zero-
point-structures. (ii) In Fig. 3(b), the structures corresponding
to the data points on the same data line with a certain slope are
named as the structure group.

These are the contents of the window effect: (i) The
window effect is only used to discuss the atoms in the other
structure that are different from the atoms in the zero-point
structure and ignores the same atoms relative to the zero-point
structure. (ii) For each structure in the certain structure group,
the electronegativity difference between the atoms using the
window effect and the atom of the middle atom layer should
be within a certain value range. This range is named the
electronegativity-difference window. If the electronegativity
difference is not within the electronegativity-difference win-
dow, the data points in Fig. 3(b) will not be on the data line
corresponding to the same structure group.
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Fig. 3. (a) The positive/negative-cascade effect in the MoSixNyRz monolayers. (b) The relationship between the absolute value of e33 (|e33|)
and the absolute value of TED-dipole moments (|PTED|). The electronegative values in the (c) MoSixNyRz and (d) CrSixNyRz monolayers,
respectively. The values in parentheses stand for the electronegativity differences of the atoms relative to the (c) Mo atom and (d) Cr atom,
respectively.

Figures 3(c) and 3(d) show the electronegativity differ-
ence between the atoms using the window effect and the
m atom. Each monolayer has the same atoms in the 5th
∼ 7th atom layers. For the four MoSixNyRz monolayers,
the relatively small range of the electronegativity difference
(−0.20 ∼ 0.39) in Fig. 3(c) is within the electronegativity-
difference window. Therefore, these monolayers are regarded
as the same structure group, corresponding to the black data
line in Fig. 3(b). Additionally, in Fig. 3(c), the range of 0.3
to 0.53 in the electronegativity difference is relatively small
and within the electronegativity-difference window. Hence,
CrSiN4Sn and CrSi2N3P monolayers are viewed as a structure
group corresponding to the blue data line. For these monolay-
ers, the CrSi2N3P monolayer with the electronegativity differ-
ence of 0.53 is on the blue data line in Fig. 3(b), while the data
of CrSiN2CP2 with the electronegativity difference of 0.89 be-
tween C atom and Cr atom is not on the blue data line of the
same structure group. Therefore, we speculate that there is an
upper limit of the electronegativity-difference window in the
range of 0.53 to 0.89, and the data of monolayers within the
upper limit are on the same blue data line. Strikingly, both the

blue and black data lines of different structure groups cross
the same zero point, which is a very special property. Here,
we name the blue and black data lines as atom-layer-pair-
effect data lines. Furthermore, different atoms in the middle
atom layer with different electronegativity can directly affect
the PTED according Eq. (1). Therefore, the monolayers in the
same structure group have the same atom in the middle atom
layer. Overall, the atom-layer-pair effect can reveal the ver-
tical piezoelectric physical mechanism of these seven mono-
layers in this work combined with the window effect of elec-
tronegativity difference, deepening the physical understanding
of piezoelectric properties.

Equation (1) can also be extended to the odd multi-atom-
layer 2D semiconductors with similar asymmetric structures.
There are n atom-layer pairs (n = 1,2,3, . . .) in the odd multi-
atom-layer with one atom layer as the middle atom layer,
which is named the Z monolayer. The L j and U j atom layers
are viewed as an atom-layer pair, where the j is the ordinal of
the atom-layer pair. ELN j

L (ELN j
U) stands for the electroneg-

ativity of the lower (upper) atom in the ith atom-layer pair.
Then the TED-dipole moment of odd multi-atom-layer mono-
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layer may be derived as

PTED =
n

∑
j=1

[(
ELN j

L−ELNm

)
×hL j−m

+
(

ELNm−ELN j
U

)
×hm−U j

]
. (2)

The extended atom-layer-pair effect (based on Eq. (2))
has been proved with reasonable results when j = 3 for
MoSixNyRz monolayers in this work.

3. Conclusion
In summary, MoSiN4Sn, MoSi2N3P, MoSi2N2P2 and

MoSiN2CP2 monolayers, as hopeful piezoelectric materials,
are predicted and fully discussed by first-principles calcula-
tions. Interestingly, the piezoelectric coefficient |e33| shows a
good linear relation with the |PTED| that is defined as the TED-
dipole moments PTED. This phenomenon is named the atom-
layer-pair effect. The atom-layer-pair effect takes into account
the space distribution of atoms with different electronegative
values and also considers the positive/negative-cascade effect.
Significantly, this effect is further used to find the CrSiN4Sn
monolayer with remarkably strong vertical piezoelectric prop-
erties, superior to another studied MA2Z4 family by at least 20
times. These 2D materials with high piezoelectricity can be
promising candidates for the fundamental units to effectively
generate practical voltage outputs by appropriately stacking
them into multilayered structures. Moreover, two concepts of
the zero-point structure and the window effect of electronega-
tivity difference are proposed to make the atom-layer-pair ef-
fect more applicable. We hope that this work can provide an
approach to understanding the intrinsic physical mechanisms
of high-performance 2D piezoelectric materials with similar
structures.
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