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We present a scheme for the electromagnetically-induced-absorption (EIA)-like ground state cooling in a hybrid op-
tomechanical system which is combined by two-level quantum systems (qubits) and a high-Q optomechanical cavity. Under
the weak qubit-cavity coupling, the system exhibits an EIA-like effect and this effect is caused by quantum destructive in-
terference that is distinct from the conventional EIA effect driven by quantum constructive interference. More importantly,
the EIA-like cooling mechanism can significantly enhance the cooling rate of the hybrid system, enabling the final phonon
number beyond the classical cooling limit in the strong optomechanical coupling regime. Meanwhile, the cooling effects
of the EIA case is better than that of the normalmode splitting case under the same optomechanical coupling strength and
qubit dissipation rate.

Keywords: electromagnetically induced absorption, ground state cooling, optomechanics
PACS: 42.50.–p, 42.50.Gy, 43.58.Wc, 42.50.Lc

DOI: 10.1088/1674-1056/adb260 CSTR: 32038.14.CPB.adb260

1. Introduction

Cavity optomechanics have been rapidly developing and
attracting a lot of attention,[1,2] since they provide a plat-
form for fundamental studies and applications, including the
highly sensitive measurement,[3–5] the quantum information
processing,[6–9] observing quantum effects of macroscopic
objects,[10,11] and gravitational wave measurement.[12] The
ground state cooling of mechanical oscillator, which can re-
duce harmful thermal noise, is a key technology for realiz-
ing the coherence manipulation of mechanical resonators and
the optomechanics-based quantum applications.[1,13,14] For
this goal, several different ways have been proposed such as
cryogenic cooling,[15] feedback cooling,[16–18] and sideband
cooling.[19,20] Sideband cooling based on resonantly enhanced
anti-Stokes cooling is a classical and widely studied cooling
method that has achieved great success in both theory[19,20]

and experiment.[21–23] However, there are two main limits in
the sideband cooling: the quantum cooling limit caused by
quantum backaction and the classical cooling limit caused by
environmental thermal noise.

High-Q cavities have extremely low dissipation rates
κ , resulting in long photon lifetimes within the cavity
and significantly enhanced interactions between photons and
matter.[24,25] These characteristics make high-Q cavities ex-
ceptionally promising for applications in quantum storage and

quantum information processing.[26–28] In high-Q optome-
chanical cavities, the quantum cooling limit induced by the
quantum backaction is very small due to the low dissipation
rate κ , and the classical cooling limit becomes the main limit-
ing factor for the ground state cooling. Additionally, due to
the influence of normal-mode splitting (NMS),[29] the clas-
sical cooling limit becomes γmnth/κ in the strong optome-
chanical coupling regime.[1,13,30,31] At that time, the classi-
cal cooling limit is inversely proportional with the cavity dis-
sipation rate, and the pre cooling temperature is constrained
by the cavity dissipation rate. On the other hand, by intro-
ducing two-level atoms,[32–34] three-level atoms,[35] or auxil-
iary cavities,[36–38] it is possible to achieve the phenomenon of
electromagnetically induced transparency (EIT) in the ground
state cooling process. This can realize the suppression of the
heating process via the quantum interference effect, thereby
potentially achieving the ground state cooling in the unre-
solved sideband. However, besides the EIT effect,[39] there
are also phenomena such as electromagnetically induced ab-
sorption (EIA)[40–42] and electromagnetically induced ampli-
fication (EIAM)[43] caused by quantum interferences in cold
atomic systems.

Inspired by those works, we propose a scheme where the
ground state cooling beyond the classical cooling limit can be
achieved with EIA-like and NMS effects in a hybrid optome-
chanical system consisting of an optomechanical cavity and
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two-level quantum systems (qubits). In the weak qubit–cavity
coupling regime, an EIA-like noise spectrum induced by the
quantum destructive interference can be occurred, and mean-
while the final phonon number of the hybrid system can sur-
pass the classical cooling limit of the standard resolved side-
band cooling in the strong optomechanical coupling regime
due to the EIA-like effect. In the strong qubit–cavity cou-
pling regime, the system exhibits NMS and forms two new
splitting modes. Based on the couple of the new modes and
the mechanical mode, the system can also achieve the ground
state cooling in the strong optomechanical coupling regime.
In Section 2, we introduce the hybrid optomechanical system
model and discuss its stability. In Section 3, we derive the
cooling and heating rates and prove that the ground state cool-
ing of the hybrid system with EIA-like and NMS effects can
be achieved in the strong optomechanical coupling regime. Fi-
nally, we make a summary of our work and present an outlook
in Section 4.

2. Theoretical model
As shown in Fig. 1, the hybrid optomechanical system is

composed of two-level quantum systems (qubits) and an op-
tomechanical cavity.

εl, ωl

Driving field

Cavity
a↪ ωc

e>
g>

b↪ ωm

Mechanical resonator

Fig. 1. Schematic diagram of a hybrid cavity optomechanical system
where the qubits are placed at an optomechanical cavity with a strong
driven field.

The mechanical resonator with frequency ωm couples to
the cavity field via radiation pressure. The mode of the cavity
field with frequency ωc is driven by a pump laser with am-
plitude εl and frequency ωl. The interaction Hamilton of the
qubits and cavity field is given by Hint =∑

N0
i=1 g̃i(a†σ

−
i +aσ

+
i )

with h̄ = 1, where σ
−
i = |gi〉〈ei| and σ

+
i = |ei〉〈gi| are the

down and rising operators of the i-th qubit, respectively. N0

is the number of qubits. |gi〉, |ei〉, and g̃i are the ground-
state, excite-state, and single-photon coupling strength of the
i-th qubit, respectively. a and a† are annihilation and creation
operators of the cavity mode, respectively. The frequency of
transition |g〉 ↔ |e〉 is ω1. Introducing the collective opera-
tors σ− = ∑

N0
i=1 σ

−
i and σ+ = ∑

N0
i=1 σ

+
i , we use the Holstein–

Primakoff transformation,[44–46] and then the collective op-
erators can be written as σ+ = c†

√
N0− c†c '

√
N0c† and

σ− = c
√

N0− c†c'
√

N0c, where c and c† obey the standard
commutator [c, c†] ' 1 with N0 far larger than the number of

excited qubits. Based on this, the total Hamilton of the system
is (h̄ = 1)

H = ωca†a+ωmb†b+ω1c†c+ga†a(b† +b)

+g1(a†c+ac†)+ iεl(a† e−iωlt −ae iωlt), (1)

where g1 =
√

N0ḡ0 is the collective qubit–photon coupling
strength with ḡ0 = ∑

N0
i=1 g̃(i)0 /N0. The first, second, and third

terms denote the free Hamilton of the cavity, mechanical res-
onator, and qubits, respectively. The fourth (fifth) term denotes
the interaction Hamilton between the cavity mode and me-
chanical resonator (qubits) with the coupling strength g (g1).
The last term represents the Hamilton of the driving field cou-
pled to the cavity mode. b and b† are annihilation and cre-
ation operators of the mechanical mode, respectively. The an-
nihilation and creation operators satisfy the commutation rela-
tions [n, n†] = 1 with n = a, b. Using a unitary transformation
H̃ =UHU†− iU∂U†/∂ t with U = exp

[
iωla†at + iωlc†ct

]
,[1]

the Hamilton in the rotating frame is

H = ∆a†a+ωmb†b+∆cc†c+ga†a(b† +b)

+g1(a†c+ac†)+ iεl(a†−a), (2)

where ∆ = ωc−ωl, ∆c = ω1−ωl, and ∆p = ωp−ωl. Using
the Hamilton (2), the Heisenberg–Langevin equations can be
obtained as

ḃ =−
(

iωm +
γm

2

)
b− iga†a+

√
γmbin,

ȧ =−
(

i∆ +
κ

2

)
a− iga(b† +b)− ig1c+ εl +

√
κain. (3)

Here γ , γm, and κ denote the dissipation rates of the qubits,
mechanical resonator, and cavity mode, respectively. fin, bin,
and ain represent the corresponding noise operators with zero
mean values. The correlation functions for these noise opera-
tors are given by 〈 f †

in(t) fin(t ′)〉= 0, 〈 fin(t) f †
in(t
′)〉= δ (t− t ′),

〈b†
in(t)bin(t ′)〉 = nthδ (t − t ′), 〈bin(t)b

†
in(t
′)〉 = (nth + 1)δ (t −

t ′), 〈a†
in(t)ain(t ′)〉 = 0, and 〈ain(t)a

†
in(t
′)〉 = δ (t− t ′).[32,47,48]

The environmental thermal phonon number nth of the mechan-
ical resonator is expressed as nth = [exp(h̄ωm/kBT )− 1]−1

where kB and T are the Boltzmann constant and environmen-
tal temperature, respectively. We adopt the usual linearized
approach and then the operators in Eq. (3) can be rewrite as
the sum of the steady-state values and the small fluctuations,
i.e., a = α + δa, c = C0 + δc, b = β + δb. With the means
field approximation 〈AB〉= 〈A〉〈B〉,[49,50] the mean values are
given by

β =− ig |α|2

(iωm + γm/2)
, C0 =−

ig1α

(i∆c + γ/2)
,

α =
εl

i∆ ′+κ/2+g2
1/(i∆c + γ/2)

, (4)
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where ∆ ′ = ∆ +2gRe[β ] is the modified detuning. After that,
the effective linearized Hamilton is given by the following ex-
pression

Hlin = ∆
′
δa†

δa+ωmδb†
δb+∆cδc†

δc

+G(δa† +δa)(δb† +δb)+g1(δa†
δc+δaδc†), (5)

where G = g
√

n̄cav is the optomechanical coupling strength
which is enhanced by the cavity field with the mean photon
number n̄cav = |α|2. Note that, the influence of the higher
order small term δa†δa has been ignored. The linearized
Heisenberg–Langevin equations based on the effective lin-
earized Hamilton (5) are given by

δ ċ =−
(

i∆c +
γ

2

)
δc− ig1δa+

√
γ fin,

δ ḃ =−
(

iωm +
γm

2

)
δb− iG(δa† +δa)+

√
γmbin,

δ ȧ =−
(

i∆ ′+
κ

2

)
δa− iG(δb† +δb)− ig1δc+

√
κain. (6)

Until now, we have established the Hamiltonian of the
hybrid optomechanical system and derived the linearized
Heisenberg–Langevin equations for the operators. Then, the
stability of the system is discussed in here, and we thus in-
troduce the quadrature operators Xn = (n† +n)/2 and Yn =

(n−n†)/(2i) with n = [δa,δb,δc]. The motion equation for
the quadrature operators is

Ṙ(t) = AR(t)+N(t), (7)

where the coefficient matrix is

A =


−γ/2 ∆c 0 g1 0 0
−∆c −γ/2 −g1 0 0 0

0 g1 −κ/2 ∆ ′ 0 0
−g1 0 −∆ ′ −κ/2 −2G 0

0 0 0 0 −γm/2 ωm
0 0 −2G 0 −ωm −γm/2

 . (8)

Here R(t) = [Xc(t), Yc(t), Xa(t), Ya(t), Xb(t), Yb(t)]T

is the vector of the quadrature operators for the cav-
ity field, mechanical resonator, and qubits, and N(t) =

[Xc
in(t),Y

c
in(t),X

a
in(t),Y

a
in(t),X

b
in(t),Y

b
in(t)]

T is the vector of
the corresponding noise quadrature operators with Xin =

(n†
in +nin)/2, Yin = (nin−n†

in)/(2i), and nin = [ain,bin, fin].
The system dynamics is stable if and only if all of the eigen-
values of Ahave negative real parts.

Figure 2 shows the steady range of the system for dif-
ferent conditions. As shown in Figs. 2(a) and 2(b), when the
qubit–cavity coupling strength is small (g1 = 0.25ωm), the sys-
tem can achieve stability in the red detuning regime, while
when the qubit–cavity coupling strength is large (g1 = 2ωm),
the system can form the NMS, and the system can achieve
stability in the blue detuning regime and the detuning ∆1

(∆1 = ∆ ′ = ∆c) greater than 1.7ωm. In addition, combining
Figs. 2(a) and 2(b), it can be seen that the system cannot be
in the dissipative–active case, but have a good stability in the
dissipative–dissipative case, that is, the ranges of used stable
parameters are wide in the dissipative–dissipative case.

-1 0 1 2

0

0.4
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1.2

1.6 (b)
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0

0.4

0.8

1.2

1.6 (a)
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n
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b
le

S
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b
le

∆1/ωm ∆1/ωm

Fig. 2. The stable boundary of the system for difference parameters:
(a) g1 = 0.25ωm and (b) g1 = 2ωm, with G = 0.05ωm and κ = 0.01ωm.
Here we set ∆1 = ∆ ′ = ∆c and take γm = 10−5ωm.

3. Cooling dynamics and results
In this section, we will give the cooling and heating

rates and the final phonon number through the quantum noise
approach.[13] Meanwhile, we also give the numerical re-
sult of the phonon number by using the covariance matrix
approach[13] for comparing with that obtained by the noise
spectrum approach.

3.1. Cooling rate

When the qubit–cavity coupling is far stronger than the
optomechanical coupling, i.e., g1 � G, we consider the cou-
pling of the optical field and the qubits to form new modes, and
a mechanical resonator coupling with the new modes through
optomechanical interactions. Therefore, we assume that the
qubit–cavity coupling subsystem as the environmental bath for
the mechanical resonator and the optomechanical interaction
as a perturbation to this environmental bath. Using the noise
spectrum approach, the cooling and heating rates can be given
by

A± = G2S(∓ωm), (9)

where

S(ω) =
∫

∞

−∞

〈F(τ)F(0)]〉e iωτ dτ (10)

is the noise spectrum of the optical force F = δa† +δa.[34,36]

To obtain the expression of S(ω), we can solve the linearized
Heisenberg–Langevin equations (6) in the frequency domain,
and the expression of δa(ω) can be given as

δa(ω) =
1

i(∆ ′−ω)+
κ

2
+

g2
1

i(∆c−ω)+ γ/2

×
[√

κain(ω)+
−ig1

√
γ fin(ω)

i(∆c−ω)+ γ/2

]
(11)
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with the perturbation approximation. Thus, the noise spectrum
S(ω) is given by

S(ω) =
1

|L(ω)|2

[
κ +

g2
1γ

|i(∆c−ω)+ γ/2|2

]

=

[
1

L(ω)
+

1
L∗(ω)

]
κ +

g2
1γ

(∆c−ω)2 + γ2/4
2Re [L(ω)]

 , (12)

where

L(ω) = i(∆ ′−ω)+
κ

2
+

g2
1

i(∆c−ω)+ γ/2
. (13)

Then, 2Re[L(ω)] can be written as κ + g2
1γ/[(∆c − ω)2 +

γ2/4]. Therefore, the noise spectrum S(ω) can be rewritten
as

S(ω) =
1

L(ω)
+

1
L∗(ω)

. (14)

According to the dressed-states theory,[51] the expression (14)
can be rewritten as

S(ω) = S+(ω)+S−(ω) (15)

with

S+(ω) =
B+

i(∆1−ω− x+)
+

B∗+
−i(∆1−ω− x∗+)

, (16)

S−(ω) =
B−

i(∆1−ω− x−)
+

B∗−
−i(∆1−ω− x∗−)

, (17)

where x±= i(γ +κ)/4±X/4, B±=±(x±− iγ/2)/(x+− x−),

and X =
√

16g2
1− (κ + γ)2. Here the complex number ∆1−

x± corresponds to two new modes ω± = ∆1−Rex±. In the
weak qubit–cavity coupling regime (g1 < (κ + r)/4), the two
modes ω± are degenerate, and therefore various quantum in-
terferences can be generated between the two-mode transition
paths.[52] In the strong qubit–cavity coupling regime (g1 �
(κ + γ)/4), the two modes ω± are splitting into ω± ≈ ∆1±g1,
which means the formation of NMS in the hybrid system. The
corresponding operators for two new modes ω± = ∆1−Rex±
can be expressed by c+ and c− with δa† = h21c†

+ + h31c†
−,

δa = h12c+ + h13c−, δc = −g1(h12x−c++h13x+c−)/x+x−,
and δc† = −(h21x−c†

++h31x+c†
−)/g1. Here, the coefficients

are given by

h12 =−(x−− iγ/2)/
√

g2
1 +(x−− iγ/2)2,

h13 =−(x+− iγ/2)2
√

g2
1 +(x+− iγ/2)2,

h21 =
√

g2
1 +(x−− iγ/2)2/(x+− x−),

h31 =−
√

g2
1 +(x+− iκ/2)2/(x+− x−).

The coefficient h12(13) represents the coupling factors between
the corresponding modes and mechanical resonator, and there

are B+ = h12h21 and B− = h13h31. According to the dressed-
states theory, we can analyze the quantum interference and
NMS effects in this hybrid system through the noise spectra
S±(ω) of the modes ω±.

In g1 < (κ + γ)/4 regime, the corresponding modes ω±

are degenerate where X is a pure imaginary number, and they
could from various quantum interference effects. According to
Ref. [52], the dipole correlation between the effective dipole
moments 𝜇+ and 𝜇− of the two modes can be represented as
p = 𝜇+ ·𝜇−/|𝜇+| |𝜇−| (−1 < p < 1), which will result in the
quantum interference phenomena. The dissipation rates κ and
γ as well as the parameter p satisfy κ− γ = p(κ + γ),[52] and
thus we have p = (κ − γ)/(κ + γ). We plot the noise spec-
trum S(x) as a function of x with different parameters p. From
Fig. 3, we clearly see that the hybrid system displays an EIT-
like line shape at p > 0 and an EIA-like line shape at p < 0
which is similar to the EIT and EIA phenomena in the three-
level resonators system.[52,53]

↩  











S
↼x
↽/
ω
m

p/↩.
p/↩.
p/.
p/.

x/ωm

Fig. 3. Noise spectrum S(x) as a function of x = ω−ωm for p =−0.9,
−0.8, 0.8, 0.9 when g1 = 0.2ωm and ∆1 = ωm. Here the parameters
p = −0.9, −0.8, 0.8, 0.9 correspond to γ = 0.95ωm, 0.85ωm, 0.15ωm,
0.05ωm and κ = 0.05ωm, 0.15ωm, 0.85ωm, 0.95ωm.

For further studying the EIT- and EIA-like effects, we plot
the noise spectra S(x), S+(x), and S−(x) as a function of x in
the EIT and EIA cases in Fig. 4. Moreover, the quantum in-
terference is maximal at the two-photon resonance point no
matter at p > 0 or p < 0. In the EIT case, the noise spec-
trum S−(x) is positive and the noise spectrum S+(x) is nega-
tive, and they both appear medium-sized peaks, as shown in
Fig. 4(a). This means that the quantum destructive interfer-
ence is formed between the transition paths between the two
modes and the mechanical resonator, resulting in the EIT-like
effect. For p < 0, it can be found that the EIA-like effect is
also origin to the quantum destructive interference. However,
the noise spectrum S−(x) is negative with a small peak while
the noise spectrum S+(x) is positive with a large peak in the
EIA case as shown in Fig. 4(b), which denotes the quantum
destructive interference is contrary to the EIT case. Therefore,
this EIA-like effect in the hybrid optomechanical system is
different to the EIA effect caused by the quantum constructive
interference in four-level atomic systems.[38,39] The EIT and
EIA cases, causing by the quantum interference, both require
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a weak qubit–cavity coupling strength, i.e., g1 < (κ + γ)/4.
However, the EIT case needs κ > γ , while the EIA case needs
γ > κ . Additionally, there is a dip at the two-photon resonance
point in the noise spectrum with the EIT case, whereas there
is a large peak under the EIA case. Therefore, the EIA-like ef-
fect can induce larger cooling rate than the EIT-like effect for
resolved sideband systems with a small κ at the two-photon
resonance point of the noise spectrum.
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Fig. 4. Noise spectra S(x), S+(x), and S−(x) as a function of x in (a) the EIT
case p > 0 with κ = 0.82ωm and γ = 0.1ωm, and (b) the EIA case p < 0
with κ = 0.1ωm and γ = 0.82ωm. The qubit–cavity coupling strength takes
g1 = 0.15ωm and the detuning is ∆1 = ωm.

According to Eq. (9), the cooling and heating rates can
be rewritten as A± = G2 Re[S(∆1±ωm)], and the net optical
damping rate is Γopt = A− − A+.[1,13] Therefore, in the EIA
case, the maximal cooling rate is corresponding to the peak of
EIA-like line shape, namely, A− = G2 ReS(0) with ∆1 = ωm.
When 4g2

1� γκ , its expression can be written as

A− ≈
γG2

g2
1
. (18)

At this condition, the corresponding heating rate is A+ =

G2S(2ωm), and its expression is

A+ ≈
G2g2

1γ

16ω4
m + γ2ω2

m
. (19)

When g1� (κ + γ)/4, the system is in the NMS regime
with the corresponding modes splitting into ω± ≈ ∆1 ± g1.
Here, we plot the noise spectra S(x), S+(x), and S−(x) as a
function of x for the NMS case in Fig. 5. From Fig. 5, it can be
seen that the quantum interference of the system is very small
no matter with p> 0 or p< 0 in the NMS regime. Meanwhile,
there are two splitting peaks at x = ±g1 both of p > 0 and
p < 0, indicating that the NMS cooling mechanism does not
require to satisfy γ > κ or γ < κ . The optimal cooling rate is
obtained by taking ∆1 =±X +ωm according to Eqs. (16) and
(17), and it can be written as ∆1 ≈±g1 +ωm when g1� γ, κ .
As shown in Fig. 5, the cooling rate A− = G2S(−g1) with
∆1 ≈ −g1 + ωm are corresponding to one of the resonance
peaks in the noise spectrum. The corresponding heating rate
is A+ = G2S(−g1 +2ωm) which is corresponding to the NMS

dip. The expressions of A− and A+ are given by

A− ≈
4G2

γ
, (20)

A+ ≈
4G2g2

1γ

γ2(2ωm−g1)2 +64(ωm−g1)2ω2
m

(21)

with 4g2
1� γκ and γ � κ . Furthermore, the net cooling rate

Γopt as functions of g1 and ∆1 is shown in Fig. 6. It clearly sees
that the system is becoming from the EIA case to the NMS
case with increasing g1. The negative value of Γopt denotes
the heating effect, and the positive value of Γopt denotes the
cooling effect. In the NMS regime, the net cooling rate Γopt

has a large value near two splitting peak points, which means
the optimal cooling condition is ∆1 ≈ ±g1 + ωm, as shown
in Fig. 6. In the EIA regime, there is a maximal net cooling
rate at the EIA-like induced peak, and this maximal net cool-
ing rate is larger than that in the NMS regime. In other word,
the cooling effect of the hybrid system can be improved by
adopted the EIA cooling scheme with the same qubit dissipa-
tion rate. The blue negative range is the peak range of the net
heating process. When g1 = ωm and ∆1−ωm = 0, the cooling
and heating processes are both in resonance and thus the net
cooling rate is vanished.
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Fig. 5. Noise spectra S(x), S+(x), and S−(x) as a function of x in the NMS
case at (a) p > 0 with κ = 0.82ωm and γ = 0.1ωm, (b) p < 0 with κ = 0.1ωm
and γ = 0.82ωm. The qubit–cavity coupling strength takes g1 = 2ωm and the
detuning is ∆1 = ωm.
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3.2. Phonon number

The average phonon number n̄ is given as

n̄ =
∞

∑
n=0

nPn.

Here Pn = 〈n|ρb |n〉 is the probability of the Fock state |n〉 and
satisfies the following equation:

Ṗn = [γm(nth +1)+A−][(n+1)Pn+1−nPn]

+(γmnth +A+)(nPn−1−nPn). (22)

Combing the Eq. (22), we can obtain the motion equation of
average phonon number as

˙̄n = (n̄+1)(A++ γmnth)− n̄[A−+ γm(nth +1)]. (23)

According to Eq. (23), the final phonon number nf is given as

nf =
A++nthγm

Γopt + γm
(24)

with the steady-state condition, i.e., ˙̄n = 0. In the above
expression (24) A+/(Γopt + γm) and nthγm/(Γopt + γm) are in-
duced by the quantum backaction and the thermal noise, re-
spectively. Therefore, in the EIA case, the final phonon num-
bers induced by the thermal noise and the quantum backaction
are

nEIA
1 ≈ γmg2

1nth

G2γ
, (25)

nEIA
2 ≈ g4

1
16ω4

m + γ2ω2
m
. (26)

The final phonon numbers in the NMS case due to the thermal
noise and the quantum backaction are given by

nNMS
1 ≈ γmnthγ

4G2 , (27)

nNMS
2 ≈ g2

1γ2

γ2(2ωm−g1)2 +64(ωm−g1)2ω2
m
. (28)

For the exact solution of the final phonon number, we give the
master equation

ρ̇ = i[ρ,H]+
γ

2
(2δcρδc†−δc†

δcρ−ρδc†
δc)

+
κ

2
(2δaρδa†−δa†

δaρ−ρδa†
δa)

+
γm

2
(nth +1)(2δbρδb†−δb†

δbρ−ρδb†
δb)

+
γm

2
nth(2δb†

ρδb−δbδb†
ρ−ρδbδb†). (29)

The average phonon number
〈
δb†δb

〉
can be calculated by

Tr(ρδb†δb).
Then, we plot the phonon number under the steady-state

condition as a function of G for the EIA case with different

coupling strengths g1 and the NMS case with different dissi-
pations γ in Figs. 7(a) and 7(b), respectively. Note that, the an-
alytical results are given by Eq. (24) and the numerical results
are based on Eq. (28). From Fig. 7, we see that the analytical
solution is agree with the numerical solution when G is smaller
than g1. When G approaches g1, the deviation between the an-
alytical and numerical solutions also becomes larger, because
our analytical results are solved by the perturbation approxi-
mation under G� g1. This is due to the hybridization of the
oscillator’s motion with the optical field and the qubits,[29] so
that the optomechanical coupling cannot be treated as a pertur-
bation when its strength approaches to the qubit–cavity cou-
pling strength.
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Fig. 7. Phonon number as a function of G in the EIA case with ∆1 = ωm
for (a) g1 = 0.25ωm and γ = 1.02ωm; (b) g1 = 2ωm and γ = 11ωm. The
final phonon number as a function of G in NMS case with ∆1 = −ωm for
(c) γ = 1.02ωm and (d) γ = 0.82ωm with g1 = 2ωm. Both of two cases take
κ = 0.01ωm, γm = 10−5ωm, and nth = 1000.

As seem from Figs. 4 and 5, we have known that the
cooling rate is far garter than the heating rate in the EIA and
NMS cases, i.e., A− � A+. At that time, we consider that
the final phonon number is mainly dependent on the ther-
mal noise. Thus, the final phonon number can approximately
rewrite as nf ≈ nthγm/A−. We have nf−EIA = γmg2

1nth/G2γ

and nf−NMS = γmnthγ/4G2 in the EIA and NMS cases, re-
spectively. For realizing nf < 1, it is needed that the optome-
chanical coupling strength satisfies GEIA > g1

√
γmnth/γ and

GNMS >
√

γmnthγ/2 in the EIA and NMS cases, respectively.
For the EIA case, the mechanical resonator can be cooled
to its ground state with a smaller G when g1/

√
γ is smaller,

while a larger G is required for cooling the mechanical res-
onator to its ground state when g1/

√
γ is larger, as shown in
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Figs. 7(a) and 7(b). In the NMS case, the mechanical res-
onator cooling to its ground state requires a smaller G when γ

is smaller, and the reverse applies when γ is larger, as shown in
Figs. 7(c) and (d). When the ground state cooling in the system
goes beyond the classical cooling limit, the final phonon num-
bers for the EIA and NMS cooling mechanisms must respec-
tively satisfy nf−EIA < γmnth/κ and nf−NMS < γmnth/κ , where
γmnth/κ represents the classical cooling limit.[1,13,30,31] At that
time, the corresponding optomechanical coupling strengths
under the EIA and NMS cases must satisfy G > g1

√
κ/γ

and G >
√

κ/γ/2, respectively. For γmnth < κ , the clas-
sical sideband cooling mechanism is unable to cooling the
mechanical resonator to it ground state, while the ground
state cooling can be achieved with the EIA cooling mecha-
nism and the classical cooling limit can be surpassed when
G > g1

√
γmnth/γ is satisfied. For γmnth < κ , the EIA cooling

mechanism can achieve the ground state cooling but cannot re-
alize to beyond the classical cooling limit within the range of
g1
√

κ/γ >G> g1
√

γmnth/γ . Similarly, the ground state cool-
ing beyond the classical cooling limit can also be achieved in
the NMS case when γmnth > κ and G >

√
γmnthγ/2 are satis-

fied. For γmnth < κ , the NMS cooling mechanism can achieve
ground state cooling but cannot realize to surpass the classical
cooling limit within the range of g1

√
κ/γ >G> g1

√
γmnth/γ .

Therefore, for γmnth < κ , the classical sideband cooling mech-
anism is more suitable for the ground state cooling.

In Fig. 8, it is given the time evolution of the phonon num-
ber for the cases of the classical sideband cooling (g1 = 0),
EIA, and NMS. In the EIA and NMS cases, the mechani-
cal resonator can be cooled into its ground state, i.e., n < 1.
With the same G, the time required for the ground state cool-
ing in the EIA case is shorter than that of the NMS case and
meanwhile the EIA case can achieve a smaller phonon num-
ber. In other word, the cooling effect of the EIA case is better
than that of the NMS case with the same qubit dissipation rate
γ . In the case of the classical sideband cooling (g1 = 0), the
ground state cooling is failed no matter in the strong (G > κ)

or weak (G < κ) optomechanical coupling regime. For the
classical sideband cooling, due to the influence of the classi-
cal cooling limit (γmnth/κ ≈ 1) in the strong optomechanical
regime, a lower pre-cooling temperature (achieved nth < 1000)
is required for cooling the mechanical resonator to its ground
state. However, the classical cooling limit can be surpassed
by the EIA-like or NMS cooling mechanism and make the
ground state cooling possible under the strong optomechani-
cal coupling. Obviously, the EIA-like cooling mechanism sig-
nificantly enhances the cooling rate and surpassing the classi-
cal cooling limit compared to the classical resolved sideband

cooling mechanism, so that result in reducing the require-
ment for low-temperature environments during ground-state
cooling process. On the other hand, in high-Q cavities, the
EIA-like cooling mechanism offers a higher cooling rate and
can achieve better cooling outcomes compared to the EIT-like
cooling mechanism. The EIT-like cooling mechanism is more
suitable for unresolved sideband situations, where it can sup-
press the heating rate and overcome the limiting of resolved
sideband condition.[36] Additionally, our scheme has several
differences comparing with the previous work reported by
Ref. [32]. First, this EIA-like ground state cooling is based on
such a system where is composed of a higher-frequency me-
chanical resonator and two-level quantum systems with high
dissipation rates; while the system is composed of a lower-
frequency mechanical resonator and cold atoms with ultranar-
row linewidths in Ref. [32]. Second, our scheme works on
a small cavity detuning and the resolved sideband condition,
while the scheme works on a large cavity detuning and the un-
resolved sideband condition in Ref. [32]. Third, this EIA-like
cooling mechanism is based on the coupling between the new
modes and mechanical resonator, and it overcome the classical
cooling limit. However, the asymmetric Fano or EIT cooling
mechanism[32] is based on the effective coupling between the
atoms and mechanical resonator, and it overcome the limiting
of the resolved sideband condition.
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Fig. 8. Time evolution of the phonon number for different cases: the
EIA case with g1 = 0.25ωm and ∆1 = ωm (black solid line), the NMS
case with g1 = 2ωm and ∆1 =−ωm (red solid line), the strong optome-
chanical coupling regime with g1 = 0 (bule dash-dotted line), and the
weak optomechanical coupling (G = 0.002ωm) case with g1 = 0 (pur-
ple dash-dotted line). Other parameters are κ = 0.01ωm, γ = 1.02ωm,
G = 0.06ωm, γm = 10−5ωm, and nth = 1000.

In experiments, such a two-level quantum system cou-
pled to an optomechanical cavity can be realized by cou-
pling atoms or nitrogen–vacancy (NV) centers to high-Q
whispering-gallery-mode (WGM) cavities.[54,55] We take a
set of experimentally feasible parameters as follows:[56–58]

ωm = 2π × 78 MHz, κ = 2π × 6 MHz, g = 2π × 3.4 kHz,
γm = 2π × 4 kHz, and γ = 2π × 63 MHz. At this time, the
qubit–cavity coupling strength can be set to g1 = 2π×17 MHz
(0.22ωm) for satisfying g1 < (κ + γ)/4 that is the condi-
tion for realizing the EIA-like cooling mechanism. For the
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NMS cases, the qubit–cavity coupling strength can be set
to g1 = 2π × 78 MHz (1ωm) for satisfying g1 > (κ + γ)/4,
where g1 can be controlled the number of qubits.[59] The ther-
mal phonon number nth = 1.686× 103 at the temperature of
T = 1 K in a 3He cryostat. In order to cool the mechani-
cal resonator to its ground state, the optomechanical coupling
strength should be greater than g1

√
γmnth/γ ≈ 2π×5.56 MHz

and
√

γmnthγ/2 ≈ 2π × 10.31 MHz for the EIA and NMS
cases, indicating that the corresponding of intracavity photon
number should be greater than 2.67×106 and 9.20×106, re-
spectively. However, it is challenging to directly obtain the
energy level structures of atoms or NV centers that satisfies
the two-photon resonance condition with the cavity, while this
may be solved by using a magnetic field to adjust energy level
structures based on the Zeeman effect.[60,61] Moreover, the
EIA cooling scheme can be extended by using an auxiliary
cavity with a high dissipation rate to couple with the high-
Q cavity. Experimentally, it is easier to achieve coupling be-
tween double WGM cavities, and by doping ions during the
preparation of WGM cavities, the dissipation rates of both
cavities can be altered while maintaining consistent eigen fre-
quencies of both cavities[62] that has potential in realizing the
EIA-like cooling scheme.

4. Conclusion and perspectives
In summary, we investigated a ground state cooling

scheme by introducing the two-level quantum systems into a
high-Q optomechanical cavity. Based on the perturbation the-
ory, we derived the cooling rate, heating rate, and final phonon
number using the noise approach. In the weak qubit–cavity
coupling regime, we demonstrated the transition between EIT-
and EIA-like effects through the noise spectra of the opti-
cal force, and the cooling rate is significantly enhanced by
the EIA-like cooling mechanism under the optimal cooling
condition. Furthermore, based on the dressed-state theory,
we revealed that this EIA-like effect is formed by the quan-
tum opposite destructive interference, which differs from the
EIA effect caused by the quantum constructive interference in
four-level atomic systems. In the strong qubit–cavity coupling
regime, the system exhibits NMS of the optical field, achieving
the optimal cooling rate at the red sideband relative to the split-
ting modes. The numerical results obtained by the covariance
matrix method validate the reasonableness of the analytical re-
sults when the optomechanical coupling is much smaller than
the qubit–cavity coupling. We also demonstrated that the final
phonon number can exceed the classical cooling limit through
the EIA-like cooling mechanism or the NMS cooling mecha-
nism in the strong optomechanical coupling regime. Besides,

the EIA-like ground state cooling can achieve a higher cool-
ing rate and better cooling performance compared to the NMS
case with the same qubit dissipation rate.
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M, Yang L and Xiao Y F 2017 Science 358 344
[28] Seri A, Corrielli G, Lago-Rivera D, Lenhard A, de Riedmatten H, Osel-

lame R and Mazzera M 2018 Optica 5 934
[29] Dobrindt J M, Wilson-Rae I and Kippenberg T J 2008 Phys. Rev. Lett.

101 263602
[30] Liu Y C, Xiao Y F, Luan X and Wong C W 2013 Phys. Rev. Lett. 110

153606

044203-8

http://dx.doi.org/10.1103/RevModPhys.86.1391
http://dx.doi.org/10.1103/RevModPhys.86.1391
http://dx.doi.org/10.1038/s41567-021-01402-0
http://dx.doi.org/10.1103/PhysRevApplied.19.054004
http://dx.doi.org/10.1103/PhysRevApplied.19.054004
http://dx.doi.org/10.1007/s00340-024-08227-8
http://dx.doi.org/10.1007/s00340-024-08227-8
https://doi.org/10.1364/OPTICAQ.523480
http://dx.doi.org/10.1093/nsr/nwv048
http://dx.doi.org/10.1126/science.aaw8415
http://dx.doi.org/10.1126/science.aaw8415
http://dx.doi.org/10.1038/s41566-021-00866-z
http://dx.doi.org/10.1103/PhysRevLett.133.043601
http://dx.doi.org/10.1103/PhysRevLett.133.043601
http://dx.doi.org/10.1103/PhysRevLett.112.080502
http://dx.doi.org/10.1103/PhysRevLett.112.080502
http://dx.doi.org/10.1103/PhysRevLett.130.213604
http://dx.doi.org/10.1038/s41467-024-51420-8
http://dx.doi.org/10.1038/s41467-024-51420-8
http://dx.doi.org/10.1088/1674-1056/22/11/114213
http://dx.doi.org/10.1088/1674-1056/22/11/114213
http://dx.doi.org/10.1063/1.4896029
http://dx.doi.org/10.1038/nature08967
http://dx.doi.org/10.1103/PhysRevLett.80.688
http://dx.doi.org/10.1038/nature03118
http://dx.doi.org/10.1103/PhysRevLett.99.017201
http://dx.doi.org/10.1103/PhysRevLett.99.017201
http://dx.doi.org/10.1103/PhysRevLett.99.093901
http://dx.doi.org/10.1103/PhysRevLett.99.093901
https://doi.org/10.1103/PhysRevLett.99.093902
https://doi.org/10.1103/PhysRevLett.99.093902
http://dx.doi.org/10.1038/nature10461
http://dx.doi.org/10.1103/PhysRevA.83.063835
http://dx.doi.org/10.1038/nature20604
http://dx.doi.org/10.1038/nature20604
https://doi.org/10.1063/1.4994056
https://doi.org/10.1103/PhysRevA.105.L061504
http://dx.doi.org/10.1038/nature06124
http://dx.doi.org/10.1126/science.aao0763
http://dx.doi.org/10.1364/OPTICA.5.000934
http://dx.doi.org/10.1103/PhysRevLett.101.263602
http://dx.doi.org/10.1103/PhysRevLett.101.263602
http://dx.doi.org/10.1103/PhysRevLett.110.153606
http://dx.doi.org/10.1103/PhysRevLett.110.153606


Chin. Phys. B 34, 044203 (2025)

[31] Liu Y C, Shen Y F, Gong Q and Xiao Y F 2014 Phys. Rev. A 89 053821
[32] Chen X, Liu Y C, Peng P, Zhi Y and Xiao Y F 2015 Phys. Rev. A 92

033841
[33] Zhou B and Li G 2016 Phys. Rev. A 94 033809
[34] Liu N, Chang R, Zhang S and Liang J Q 2022 Int. J. Theor. Phys. 61

120
[35] Li T, Zhang S, Huang H L, Li F G, Fu X Q, Wang X and Bao W S 2018

J. Phys. B: At. Mol. Opt. Phys. 51 045503
[36] Guo Y, Li K, Nie W and Li Y 2014 Phys. Rev. A 90 053841
[37] Liu Y C, Xiao Y F, Luan X, Gong Q and Wong C W 2015 Phys. Rev.

A 91 033818
[38] Wang J 2021 Chin. Phys. B 30 024204
[39] Fleischhauer M, Imamoglu A and Marangos J P 2005 Rev. Mod. Phys.

77 633
[40] Taichenachev A V., Tumaikin A M and Yudin V I 1999 Phys. Rev. A 61

011802
[41] Fu G, Li X, Zhuang Z, Zhang L, Yang L, Li X, Han L, Manson N B

and Wei C 2008 Phys. Lett. A 372 176
[42] Zhou Y L, Yan D and Li W 2022 Phys. Rev. A 105 053714
[43] Braunstein D and Shuker R 2001 Phys. Rev. A 64 053812
[44] Holstein T and Primakoff H 1940 Phys. Rev. 58 1098
[45] Genes C, Vitali D and Tombesi P 2008 Phys. Rev. A 77 050307
[46] Wu H, Li Y, Yang Z B and Zheng S B 2017 Phys. Rev. A 95 013842
[47] Nie W, Chen A and Lan Y 2015 Opt. Express 23 30970
[48] Sarma B and Sarma A K 2016 Phys. Rev. A 93 033845

[49] Zhang X Y, Zhou Y H, Guo Y Q and Yi X X 2018 Phys. Rev. A 98
033832

[50] Mirza I M, Ge W and Jing H 2019 Opt. Express 27 25515
[51] Liao K Y, Tu H T, Yang S Z, Chen C J, Liu X H, Liang J, Zhang X D,

Yan H and Zhu S L 2020 Phys. Rev. A 101 053432
[52] Sun Y, Yang Y, Chen H and Zhu S 2015 Sci. Rep. 5 16370
[53] Tassin P, Zhang L, Zhao R, Jain A, Koschny T and Soukoulis C M 2012

Phys. Rev. Lett. 109 187401
[54] Aoki T, Dayan B, Wilcut E, Bowen W P, Parkins A S, Kippenberg T J,

Vahala K J and Kimble H J 2006 Nature 443 671
[55] Barclay P E, Santori C, Fu K M, Beausoleil R G and Painter O 2009

Opt. Express 17 8081
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[62] Peng B, Özdemir Ş K, Lei F, Monifi F, Gianfreda M, Long G L, Fan S,

Nori F, Bender C M and Yang L 2014 Nat. Phys. 10 394

044203-9

http://dx.doi.org/10.1103/PhysRevA.89.053821
http://dx.doi.org/10.1103/PhysRevA.92.033841
http://dx.doi.org/10.1103/PhysRevA.92.033841
http://dx.doi.org/10.1103/PhysRevA.94.033809
http://dx.doi.org/10.1007/s10773-022-05103-z
http://dx.doi.org/10.1007/s10773-022-05103-z
http://dx.doi.org/10.1088/1361-6455/aaa2d9
http://dx.doi.org/10.1088/1361-6455/aaa2d9
http://dx.doi.org/10.1103/PhysRevA.90.053841
http://dx.doi.org/10.1103/PhysRevA.91.033818
http://dx.doi.org/10.1103/PhysRevA.91.033818
http://dx.doi.org/10.1088/1674-1056/abc159
http://dx.doi.org/10.1103/RevModPhys.77.633
http://dx.doi.org/10.1103/RevModPhys.77.633
http://dx.doi.org/10.1103/PhysRevA.61.011802
http://dx.doi.org/10.1103/PhysRevA.61.011802
http://dx.doi.org/10.1016/j.physleta.2007.07.018
http://dx.doi.org/10.1103/PhysRevA.105.053714
http://dx.doi.org/10.1103/PhysRevA.64.053812
https://doi.org/10.1103/PhysRev.58.1098
http://dx.doi.org/10.1103/PhysRevA.77.050307
http://dx.doi.org/10.1103/PhysRevA.95.013842
http://dx.doi.org/10.1364/OE.23.030970
http://dx.doi.org/10.1103/PhysRevA.93.033845
http://dx.doi.org/10.1103/PhysRevA.98.033832
http://dx.doi.org/10.1103/PhysRevA.98.033832
http://dx.doi.org/10.1364/OE.27.025515
http://dx.doi.org/10.1103/PhysRevA.101.053432
http://dx.doi.org/10.1038/srep16370
http://dx.doi.org/10.1103/PhysRevLett.109.187401
http://dx.doi.org/10.1103/PhysRevLett.109.187401
http://dx.doi.org/10.1038/nature05147
http://dx.doi.org/10.1364/OE.17.008081
http://dx.doi.org/10.1364/OE.17.008081
http://dx.doi.org/10.1038/nature10787
http://dx.doi.org/10.1103/PhysRevB.95.195308
http://dx.doi.org/10.1103/PhysRevApplied.22.014035
http://dx.doi.org/10.1103/PhysRevApplied.22.014035
http://dx.doi.org/10.1103/PhysRevA.103.023706
http://dx.doi.org/10.1103/PhysRevA.103.023706
http://dx.doi.org/10.1103/PhysRevA.89.043430
http://dx.doi.org/10.1103/PhysRevA.96.032342
http://dx.doi.org/10.1038/nphys2927

	1. Introduction
	2. Theoretical model 
	3. Cooling dynamics and results 
	3.1. Cooling rate
	3.2. Phonon number

	4. Conclusion and perspectives
	References

