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Quantum light sources are the core resources for photonics-based quantum information processing. We investi-
gate the spectral engineering of photon triplets generated by third-order spontaneous parametric down-conversion in mi-
cro/nanofiber. The phase mismatching at one–third pump frequency gives rise to non-degenerate photon triplets, the joint
spectral intensity of which has an elliptical locus with a fixed eccentricity of

√
6/3. Therefore, we propose a frequency-

division scheme to separate non-degenerate photon triplets into three channels with high heralding efficiency for the first
time. Choosing an appropriate pump wavelength can compensate for the fabrication errors of micro/nanofiber and also
generate narrowband, non-degenerate photon triplet sources with a high signal-to-noise ratio. Furthermore, the long-period
micro/nanofiber grating introduces a new controllable degree of freedom to tailor phase matching, resulting from the pe-
riodic oscillation of dispersion. In this scheme, the wavelength of photon triplets can be flexibly tuned using quasi-phase
matching. We study the generation of photon triplets from this novel perspective of spectrum engineering, and we believe
that this work will accelerate the practical implementation of photon triplets in quantum information processing.

Keywords: photon triplets, micro/nanofiber, spectrum engineering

PACS: 42.50.Dv, 42.50.Ex, 42.65.Lm, 42.81.–i DOI: 10.1088/1674-1056/ad1c5d

1. Introduction

Photons are well suited for the implementation of major
quantum information processing (QIP) tasks, such as quan-
tum computation,[1,2] quantum teleportation,[3] quantum key
distribution,[4] and quantum metrology.[5] These photonics-
based QIP creates demands for sources of single photons[6,7]

and of multiple photons[5,8] in quantum-entangled states. In-
deed, over the past few decades, spontaneous parametric
down-conversion (SPDC) in second-order nonlinear crystals,
as well as spontaneous four-wave mixing (SFWM) in third-
order nonlinear fibers, have emerged as the primary choices for
entangled photon pair sources in many QIP experiments.[9,10]

Importantly, photon triplet states have inherent advantages
in generating Greenberger–Horne–Zeilinger (GHZ) states[11]

and the heralded generation of photon pairs.[12] Several meth-
ods have been reported for generating photon triplets, in-
cluding cascaded photon pair processes[13] and quantum-
dot molecule schemes.[14] Nevertheless, these methods are
plagued by extremely low collection efficiencies. Third-order
spontaneous parametric down-conversion (TOSPDC), the in-
verse process to third-harmonic generation (THG), where a
pump photon is annihilated to simultaneously give birth to
a photon triplet governed by energy and momentum conser-
vation, may lead to the generation of GHZ states without
post-selection.[15–17] Further, TOSPDC introduces three-mode
squeezing operators to directly facilitate the realization of non-
Gaussian states,[18,19] while two-mode squeezing operators

lead to Gaussian squeezed states. Despite TOSPDC’s promis-
ing prospects for QIP, it confronts some technological chal-
lenges due to the weak third-order nonlinearity of typical opti-
cal materials and difficulties in achieving phase matching.[20]

A micro/nanofiber is an optical fiber with a core diam-
eter approaching the submicron scale, a size comparable to
the wavelength of the transmitted light. Here, the effective
nonlinear-optical coefficients are significantly enhanced due
to the reduced mode area and field enhancement that results
from tight confinement.[21,22] The typical method for fabricat-
ing micro/nanofiber involves heating and stretching standard
optical fibers until they reach a predetermined diameter.[23] In
addition, the use of direct mode cutoff feedback can signifi-
cantly enhance the accuracy and precision of real-time diame-
ter control during the fiber-pulling process.[23,24] Note that the
cladding of the original fiber acts as the core confining light,
while the surrounding air serves as the new cladding. It is
such a large step in the refractive index that tightly confines the
mode inside the core. Furthermore, phase matching is actually
dependent on the chromatic dispersion of the fiber. The ability
of a micro/nanofiber to support multiple transmission modes
enables phase matching of TOSPDC through so-called inter-
modal phase matching, where the pump operates in a high-
order mode while the photon triplets are in the fundamental
mode. Also, waveguide dispersion contributes greatly to chro-
matic dispersion, suggesting that photon-triplet wavelengths
can be widely tailored by changing the micro/nanofiber diam-
eter. The pigtail of the micro/nanofiber is retained as a stan-
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dard optical fiber, which is beneficial for accessing the fiber
quantum network with minimal coupling loss.

In this work, we study the spectrum engineering of
photon triplets generated from micro/nanofibers and long-
period micro/nanofiber gratings. A multitude of theoreti-
cal and experimental studies have focused on realizing phase
matching for degenerate signal frequencies to improve the
efficiency of photon triplet generation, using methods such
as fiber dispersion tuning,[25,26] nonlinear phase modulation
enhancing[27] and quasi phase matching (QPM).[28–30] Some
studies have validated these design schemes experimentally
through THG.[17,20] Nonetheless, spectrum engineering, es-
pecially for non-degenerate photon triplets, has rarely been
reported. In fact, phase mismatching at one-third pump fre-
quency gives rise to non-degenerate photon triplets without a
decrease in efficiency. An increased phase mismatching corre-
sponds to a broader signal bandwidth, indicating that the col-
lection efficiency of photon triplets decreases and the noise in-
creases. Further, the photon triplets need to be separated into
three channels for practical applications in QIP. To the best of
our knowledge, we provide a frequency-division scheme with
high heralding efficiency for the first time. Moreover, we pro-
pose a QPM scheme to generate tunable-wavelength photon
triplets in a long-period micro/nanofiber grating. The results
presented can also be extended to many optical materials and
waveguide geometries where TOSPDC occurs.

This paper is organized as follows. In Section 2, we in-
troduce the quantum theory analysis of TOSPDC and give the
expression of joint spectral amplitude. In Section 3, we inves-
tigate the ellipse locus of joint spectra, and based on this, in
Section 4, we propose a frequency-division scheme to separate
non-degenerate photon triplets into three channels. Also, we
study the tunable-wavelength photon triplets based on QPM
in Section 5. Conclusions and some perspectives are drawn in
Section 6.

2. Photon triplet states
The TOSPDC process is a third-order optical nonlin-

ear process, originating from the third-order susceptibility
χ(3). The annihilation of individual photons from the pump
modes gives birth to photon triplets, as shown in Fig. 1. The
three emitted signal modes are referred to as signal-1 (r),
signal-2 (s), and idler (i) with angular frequencies ωr, ωs

and ωi, respectively. Pump angular frequency is denoted as
ωp. This TOSPDC process occurs by satisfying the energy
conservation ωr+ωs+ωi = ωp and phase-matching condition
∆β = βp−βr−βs−βi−βNL = 0, where β j ( j = p, r, s, i) is the
mode propagation constant for the four participating fields and
βNL is the nonlinear contribution resulting from cross and self-
phase modulation.[22] ∆β is known as the phase mismatch.

 Pump
photon

Photon
triplets

Micro/nanofiberx

y

z

HE12(ωp)
HE11(ωs)

Fig. 1. The TOSPDC process in micro/nanofiber. A pump photon decays
into photon triplets. Additionally, the intensity distributions of the two
mode fields are shown below.

The light–matter interaction Hamiltonian for the TOSPDC is
given by[20,31]

ĤI(t)

=
3
4
ε0χ

(3)
∫

Vint

dV Ê(+)
p (𝑟, t)Ê(−)

r (𝑟, t)Ê(−)
s (𝑟, t)Ê(−)

i (𝑟, t), (1)

where χ(3) is the cubic susceptibility, ε0 is the vacuum per-
mittivity and the integral is evaluated over the cubic interac-
tion volume Vint. The subscript i denotes the idler, and the
other i signifies the imaginary unit. We describe classically
the strong pump fields, in terms of monochromatic pump, its
positive-frequency components can be written as

E(+)
p (𝑟, t) = ℰpAp(x,y)e i(

∫ z
0 βp(z′)dz′−ωpt), (2)

where Ap(x,y) represents the normalized transverse field dis-
tribution, βp is the pump propagation constant varying along
fiber length (z-axis). ℰp denotes the pump-field amplitudes,
ℰp =

√
(2Pp)/(ε0cn(ωp)) with pump power Pp, speed of

light in vacuum c, refractive index n and pump angular fre-
quency ωp. Further, the weak emitted modes are described by
negative-frequency components of the electric field operator
Ê(−)

µ (with µ = r, s, i)

Ê(−)
µ (𝑟, t) =−i ∑

ωµ

ℰ*
µ A*

µ(x,y)â
†(ωµ)e−i(

∫ z
0 βµ (z′)dz′−ωµ t), (3)

where Aµ(x,y) represents the normalized transverse field dis-
tribution, βµ is the mode propagation constant and â†(ωµ)

is the frequency-dependent creation operator. ℰµ denotes
the field amplitudes, ℰµ =

√
(2h̄ωµ)/(ε0cn(ωµ)Tq) with re-

duced Planck constant h̄ and quantization time Tq. The time-

evolution operator is ÛI = exp
(

1
i h̄
∫

∞

−∞
dtĤI

)
, in which the

time integration
∫

∞

−∞
e−i(ωp−ωr−ωs−ωi)t dt = 2πδ (ωp − ωr −

ωs −ωi) emphasizes the energy conservation rule. Using the
first-order perturbation theory, the output states can be written
as

|ψ⟩=
[

1− i
h̄

∫
∞

−∞

dtĤI(t)
]
|0⟩= |0⟩r |0⟩s |0⟩i + |ψ3⟩ . (4)
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Therefore, we obtain the photon triplet states in terms of the
fiber length L

|ψ3⟩ =
3πε0χ(3)

2h̄ ∑
ωr

∑
ωs

∑
ωi

ℰpℰ*
r ℰ*

s ℰ*
i fprsi

×
∫ L

0
e i
∫ z

0 ∆β (z′)dz′ dzâ†(ωr)â†(ωs)â†(ωi) |0⟩r |0⟩s |0⟩i ,

(5)

where fprsi accounts for the effective interaction area among
the four fields, expressed as fprsi =

∫∫
int ApA*

r A*
s A*

i dxdy.
Importantly, the rates of photon-triplet emission are in di-

rect proportion to Nr with

Nr = ∑
ωr

⟨ψ3| â†(ωr)â(ωr) |ψ3⟩

=
72h̄Pp

π

∫∫∫
γ

2
I

ωrωsωi

ω2
p

|ℱ(ωr,ωs,ωi)|2 dωr dωs dωi, (6)

where γI is the nonlinear coefficient of the TOSPDC process,
expressed as

γI =
3χ(3)ωp fprsi

4ε0c2
√

n(ωp)n(ωr)n(ωs)n(ωi)
, (7)

and joint spectral intensity (JSI) |ℱ(ωr,ωs,ωi)|2 is related to
the probability of photon triplets emitted at frequencies of ωr,
ωs, and ωi. In Eq. (6), the product term γ2

I ωrωsωi/ω2
p has a

slowly-varying dependence on frequency within the spectral
range of interest,[15] such that we neglect this dependence and
characterize the spectral properties of photon triplets with the
joint spectral amplitude (JSA) ℱ(ωr,ωs,ωi), given by

ℱ(ωr,ωs,ωi) =
∫ L

0
e i
∫ z

0 ∆β (z′)dz′ dz. (8)

Obviously, due to the energy conservation rule ωp =ωr+ωs+

ωi, it can be shown that

ℱ(ωr,ωs,ωi) = ℱ(ωp −ωs −ωi,ωs,ωi),

indicating that therein lies only two free frequencies. Note
that in terms of homogeneous fiber with unchanged phase mis-
match ∆β (z) along fiber z axis, ℱ(ωr,ωs,ωi) can be reduced
as

ℱ(ωr,ωs,ωi) = Le i ∆βL
2 sinc

(
∆βL

2

)
. (9)

In this case, the JSI |ℱ(ωr,ωs,ωi)|2 = L2sinc2(∆βL/2) and
thus phase matching ∆β = 0 corresponds to the most efficient
photon-triplet emission.

Generally, the fulfillment of phase matching resorts to the
so-called intra-modal phase matching, in which the pump is in
a higher-order mode while the triplet photons are all in the fun-
damental mode (HE11 mode). Here, the micro/nanofiber used

to generate photon triplets has a submicron diameter, such that
changing diameter drastically influences the contribution of
waveguide dispersion to fiber dispersion. Figure 2(a) shows
the effective refractive index of various modes versus the mi-
cro/nanofiber diameter. Here, the black curve denotes the
fundamental mode with a wavelength of 1551 nm (angle fre-
quency ω1), while the colorful curves represent higher-order
modes with a wavelength of 517 nm (angle frequency ω3,
ω3 = 3ω1). In the case of continuous-wave (CW) pump with
low peak power, the nonlinear phase mismatch βNL is negligi-
ble and the phase matching is rewritten as neff(ω3) = neff(ω1)

corresponding to the intersections between black curve and
colorful curves. Even if multiple higher-order modes enable
one to fulfill the phase matching of the TOSPDC process,
most of them are inaccessible due to their poor overlap inte-
grals fprsi and the difficulty in coupling pump into higher-order
modes. The favorable regime occurs when the visible pump
light is guided in the HE12 mode, and the micro/nanofiber di-
ameter is 767 nm, corresponding to the black dot in Fig. 2(a).
The pump wavelength of λp0 = 517 nm and the diameter
of d0 = 767 nm are referred to as reference values. More-
over, the intensity distributions of the HE11(ω1) mode and the
HE12(ω3) mode are shown in Figs. 2(b) and 2(c), respectively.
It turns out that the overlap integral for the combination of
HE11(ω1) and HE12(ω3) is the most efficient for generating
photon triplets.[20]

400 600 800 1000 1200 1400 1600
Diameter (nm)

1.1

1.2

1.3

1.4

(a) (b)

(c)

1.0

HE12(ω3)

HE11(ω1)

HE11(ω3)

HE21(ω3)

EH11(ω3)

HE31(ω3)
HE12(ω3)

HE22(ω3)

HE11(ω1)

EH21(ω3)

EH31(ω3)

EH12(ω3)

HE32(ω3)

EH32(ω3)

n
e
ff

Fig. 2. (a) The dependence of the effective refractive index neff on the
micro/nanofiber diameter for various higher-order modes at a wavelength
of 517 nm and for the fundamental mode at a wavelength of 1551 nm.
(b) and (c) The intensity distributions in terms of HE11(ω1) mode and
HE12(ω3) mode, respectively.

3. Joint spectra with ellipse locus
In the process of TOSPDC, the pump wavelength and

micro/nanofiber diameter may deviate slightly from their ref-
erence values, whereas the rules of energy conservation and
phase matching can still be satisfied resulting from non-
degenerate photon-triplet frequencies. In addition, non-
degenerate TOSPDC with phase matching also maintains ef-
ficient photon-triplet emission, unlike the process of THG.
Figure 3 shows the results of simulated photon-triplet JSI in
the space of {ωs,ωi,ωr} with brighter one representing higher
probabilities of emission. As for the monochromatic pump,
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the JSI is pasted upon the plane of ωs +ωi +ωr = ωp due to
energy conservation. Thus, we project JSI onto the three co-
ordinate planes to obtain each marginal distribution. Here, the
pump wavelength is shifted by −0.2 nm with λp = 516.8 nm.
Obviously, the non-degenerate JSI has a form of closed-loop
belt and is absent from an emission maximum at the loop cen-
ter with frequency of ωp/3.

1.18

1.22

1.26
1.22

1.18
1.16

1.20

1.24

1.28

1.26

ω
r 
(1

0
1
5
 r

a
d
/
s)

ω
i  (10 15

 rad/s)
ωs (

10
15  rad

/s)

Fig. 3. JSI in the three-dimensional space of {ωs,ωi,ωr} in terms of the
frequency non-degenerate configuration. The violet plane stands for the
plane of ωs +ωi +ωr = ωp. Three marginal distributions are projected on
the corresponding coordinate planes.

Energy conservation enables one to fix ωr by ωr =

ωp −ωs −ωi, resulting in existing only two free frequencies
in JSI, such that two-dimensional marginal distribution will
be enough to account for photon-triplet spectral characteris-
tics. Figures 4(a) and 4(c) show the photon-triplet JSI in the
{ωs,ωi} plane for non-degenerate regime (λp = 516.8 nm)
and degenerate regime (λp = 517 nm). In order to ana-
lytically investigate the locus of JSI, we expand the HE11

mode propagation constant βµ (with µ = r,s, i) in a second-
order Taylor series about the frequency ωp/3, i.e., βµ(ωµ) ≈
βs(ωp/3)+β

(1)
s (ωµ −ωp/3)+(1/2)β (2)

s (ωµ −ωp/3)2, where
β
(m)
s = (dmβs/dωm)

ω=ωp/3 with m = 1,2. Substituting the
above expansions into the phase-matching relation ∆β = 0 and
using the energy conservation to simplify the linear terms, we
get an ellipse locus for the frequency combinations of perfect
phase matching, expressed as(

δ+−
2ωp

3

)2

+
δ 2
−
3

=
4
[
βp −3βs

(
ωp/3

)
+βNL

]
3β

(2)
s

, (10)

where δ+ = ωs + ωi and δ− = ωs − ωi. Then, we ignore
the effect of nonlinear phase matching, such that the mi-
nor semi-axis length of the ellipse can be written as R =√

4
[
βp −3βs

(
ωp/3

)]
/(3β

(2)
s ).

In the case of non-degenerate frequency, R > 0 gives
rise to an ellipse-belt JSI in shape, while in the case of de-
generate frequency, R = 0 gives rise to an ellipse-cake JSI
in shape. The highest emission probabilities occur at fre-
quencies satisfying the ellipse equation in Eq. (10) and they

get identical probabilities for both of degenerate and non-
degenerate cases above. Furthermore, degenerate photon
triplets get a Gaussian-approximation output spectrum, while
non-degenerate photon triplets get a concave output spectrum,
as shown in Figs. 4(b) and 4(d). The two highest values of the
concave spectrum correspond to the left/right extreme points
of ellipse; using analytic geometry methods, the bandwidth of
the concave spectrum reads 2

√
2R. Note that there are multi-

ple weak ellipse belts, attributing to the assistant peaks in sinc
function plots, thus they rapidly oscillate and decay.

R

1.19 1.20 1.21 1.22 1.23 1.24
0

0.5

1.0

1.19 1.20 1.21 1.22 1.23 1.24
0

0.5

1.0

(a) (c)

(b) (d)

1.19 1.20 1.21 1.22 1.23 1.24

1.19

1.20

1.21

1.22

1.23

1.24

1.19 1.20 1.21 1.22 1.23 1.24

1.19

1.20

1.21

1.22

1.23

1.24

ω
i 
(1

0
1
5
 r

a
d
/
s)

ω
i 
(1

0
1
5
 r

a
d
/
s)

S
ig

n
a
l 
in

te
n
si

ty
  
(a

rb
. 
u
n
it
s)

S
ig

n
a
l 
in

te
n
si

ty
  
(a

rb
. 
u
n
it
s)

ωs (10
15 rad/s) ωs (10

15 rad/s)

ωs (10
15 rad/s) ωs (10

15 rad/s)

δ- δ+

(2ωp/3,0)

Fig. 4. JSIs in the {ωs,ωi} plane, corresponding to the marginal dis-
tribution, for the non-degenerate regime (a) and degenerate regime (c).
Both JSIs are normalized by the total conversion probability. Addition-
ally, their normalized output signal spectra are shown in panels (b) and
(d), respectively. In panel (a), the red dashed curve, originating from
Eq. (10), outlines an ellipse locus representing the highest emission prob-
ability. Two white arrows denote the major axis δ− and minor axis δ+,
and they have 135∘ and 45∘ in intersection angle with the ωs axis, re-
spectively. The location of the ellipse center is

(
2ωp/3,0

)
in {δ+,δ−}

coordinate plane.

4. Frequency-division scheme to separate pho-
ton triplets into three channels
A critical procedure for a TOSPDC photon-triplet source

to be practically applied to quantum information technology
is to separate photon triplets into three frequency channels.
Hence, detecting one of the photon triplets heralds the remain-
ing photon pairs. Fortunately, in terms of non-degenerate pho-
ton triplets, the fixed eccentricity

√
6/3 in the ellipse locus of

JSI provides an option of the frequency-division scheme with
high-enough heralding efficiency. The frequency-division
scheme we give is shown in Fig. 5, wherein the simulation
parameters of JSI are identical to that in Fig. 4(a). Here, the
diagonal line in equation of ωs = ωi intersects the ellipse of
perfect phase matching at two points, accordingly, we can di-
vide the whole spectrum into three channels.

We assume an ideal rectangular filter and that channels 1,
2 and 3 are of identical bandwidth. Therefore, we can obtain
visually the channels in which s-signal and i-signal photons
are located from the marginal JSI in the {ωs,ωi} plane. Identi-
fying the channel where r-signal photons are located is crucial
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for increasing efficiency. If ωs+ωi = 2ωp/3+ν with ν repre-
senting the frequency deviation, we have ωr = ωp/3−ν . For
example, in terms of point A in Fig. 5, ν indicates the vertical
distance from the white dashed line ωs +ωi = 2ωp/3. Then
we move the point

(
ωp/3,ωp/3

)
with −ν to obtain the chan-

nel of r-signal photons. Particularly, the heralding efficiency
in terms of Fig. 5 is up to 94.4%.
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Fig. 5. Frequency-division scheme to separate non-degenerate photon
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line is ωs +ωi = 2ωp/3 and the coordinate equations for the two solid
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√
2. Thus, these shadow regions represent

that photon triplets can not be absolutely separated, resulting in a slight
decrease in heralding efficiency.

In Fig. 5, these shadow regions correspond to that photon
triplets may not be absolutely separated into three channels,
while other regions correspond to complete separation. Ob-
viously, a degenerate source of photon triplets will give rise
to a low heralding efficiency. In fact, the decrease in herald-
ing efficiency mainly arises from the thickness of the ellipse
belt as well as the assistant peaks of the sinc function. Both
of the above-mentioned flaws can be mitigated by increasing
the fiber length (see Eq. (9)). In addition, the broad ellipse
loci suffer from a lot of fluorescent background, such that the
frequency-division bands collecting signal photons should be
set narrow enough to increase the signal-to-noise ratio.

The frequency-division scheme is realised using a fre-
quency divider. The fabrication of this frequency divider can
utilize the same technologies as the wavelength-division mul-
tiplexer in fiber communication systems. Furthermore, in or-
der to increase the heralding efficiency, the frequency-channel
edge should be steep and the channel position in the spectrum
should align with the preset value.

Due to a fixed eccentricity of the ellipse locus, the band-
width of photon triplets depends on the minor semi-axis length
R. Figure 6 shows R2 versus pump wavelength shifts λp −λp0

in terms of various micro/nanofiber diameter deviations d−d0.

The black dashed line marks R= 0, indicating degenerate pho-
ton triplets. A positive R2 corresponds to non-degenerate pho-
ton triplets, while a negative R2 represents an unaccessible
generation of photon triplets in the absence of phase match-
ing. Obviously, around the reference value, the simultaneous
decrease in micro/nanofiber diameter and increase in pump
wavelength will result in the disappearance of photon triplets.
As shown in Fig. 7, the ellipse width can be adjusted by chang-
ing the diameter and pump wavelength. Due to the square root
function form of R, the ellipse loci in Figs. 7(a) and 7(b) be-
come denser from the inside out. Furthermore, changing the
pump wavelength will move the ellipse center, while changing
the diameter will keep the ellipse center fixed. Importantly,
even if the diameter deviation from the reference value, result-
ing from micro/nanofiber fabrication error, may broaden the
bandwidths of the photon triplets or destroy phase matching,
choosing an appropriate pump wavelength can compensate for
this error and give rise to a narrowband, non-degenerate pho-
ton triplet source, as illustrated in Fig. 7(c). In addition, as
can be seen from Fig. 7(a), a pump with a wider spectrum will
result in broadening the thickness of the ellipse belt, thereby
lowering the heralding efficiency. Therefore, it is necessary to
choose pumps with narrow enough bands.
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5. Tunable-wavelength photon triplet genera-
tion
Many applications of quantum information technique re-

quire multiple wavelengths, thus it is demanding to control
the phase matching for adjusting the photon triplet wave-
length. Phase matching mainly depends on the dispersion
characteristics of fibers, whereas after finishing the fabrica-
tion of micro/nanofiber, its waveguide and material dispersion
both are fixed, indicating a poor tunability of photon-triplet
wavelength, as illustrated in Fig. 6. Here, long-period mi-
cro/nanofiber grating emerges as a viable candidate for re-
alizing tunable-wavelength photon triplet source, in which
the periodic variation of dispersion along fiber length pro-
vides a new controllable degree of freedom to tailor phase
matching. In general, the fiber grating is modeled as adding
cosine oscillation term to the original refractive index, i.e.,
n(z) = n0 +∆ncos(2πz/Λ), where n0 is the original refractive
index, ∆n denotes modulation depth of refractive index and Λ

is the grating pitch.[32] Note that ∆n performs differently for
different fiber modes. Therefore, we rewrite the phase mis-
matching as

∆β (z) = a+bcos
(

2πz
Λ

)
, (11)

where a presents the original phase mismatch without the ef-
fects of grating, while b = ∆n3ωp/c−∆n1(ωs +ωi +ωr)/c,
reduced to b = ωp (∆n3 −∆n1)/c according to energy conser-
vation. Here, ∆n3 and ∆n1 denote the modulation depth of re-
fractive index for HE12 and HE11 modes, respectively. Further,
the accumulated phase mismatch from 0 to z can be written as∫ z

0
∆β (z′)dz′ = az+

bΛ

2π
sin
(

2π

Λ
z
)
. (12)

Substituting Eq. (12) into Eq. (8) to obtain the JSA

ℱ(ωr,ωs,ωi)

=
∫ L

0
e i
∫ z

0 ∆β (z′)dz′ dz

=
q=+∞

∑
q=−∞

Jq

(
bΛ

2π

)∫ L

0
e i
(

a+ 2πq
Λ

)
z dz

= L
q=+∞

∑
q=−∞

e i( a
2+

πq
Λ )LJq

(
bΛ

2π

)
sinc

(
a+2πq/Λ

2
L
)
, (13)

where q stands for integer and Jq(·) denotes the Bessel func-
tion. The updated JSA consists of many sinc functions, inde-
pendent of each other, with the maximum amplitude Jq

( bΛ

2π

)
.

So a+ 2πq/Λ = 0 is the so-called QPM. Figure 8 shows the
plots of the Bessel function for various q. Bessel functions
perform decaying oscillation as x increases and have an un-
limited number of extreme values and zeros. Importantly, we
can adjust a by changing pump wavelength to realize QPM

with respect to different q, such that the wavelength of photon
triplets becomes tunable.

Figure 9 shows the JSIs of q-order QPM by using long-
period micro/nanofiber gratings. The preset ones are q = 2
and q = −2, respectively. JSI shows multiple concentric el-
lipse loci due to QPM, and each ellipse locus corresponds to
a q. From the inside out, q increases sequentially. Indeed, the
minor semi-axis length of the q-order ellipse is given by

Rq =

√
4(a+2πq/Λ)

3β
(2)
s

. (14)

On the one hand, as shown in Fig. 9(a), no photon triplets are
generated in such a homogeneous micro/nanofiber configura-
tion due to the absence of phase matching, while QPM en-
ables the regeneration of photon triplets. On the other hand,
as shown in Fig. 9(c), QPM can reduce the width of ellipse
and thus improve the signal-to-noise ratio. Here, q = 0 corre-
sponds to the homogeneous micro/nanofiber.
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800 µm. ∆n3 −∆n1 = 0.00198 and λp = 519.75 nm for panels (a) and
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To enhance the intensity of preset q-order ellipse locus
and reduce the influences of other orders, the modulation depth
of refractive index needs to be set at a proper value in which
bΛ/2π corresponds to the first extreme point of Jq(x). Thus,
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it is necessary to change the modulation depth of the refractive
index as needed. Here, we provide a feasible suggestion that
mechanically induced long-period fiber gratings, as discussed
in Refs. [33,34]. Moreover, the thickness of outer ellipse belts
is too thin to accumulate stronger intensity contributions. Fig-
ures 9(b) and 9(d) show that the outer ellipse loci contribute
much to the overall output spectra, but these contributions are
mainly concentrated outside the frequency-division band, at
the same time, the central part of the spectra corresponding to
the preset ellipse locus exhibits a very prominent intensity. Us-
ing the frequency-division scheme presented in Section 4, we
can effectively eliminate the influences from undesired orders
of QPM.

6. Conclusion
We theoretically investigate the engineering of photon-

triplet spectra generated from micro/nanofiber. Firstly, we
provide the expression of JSA in the process of TOSPDC. In-
deed, the JSI is correlated with the probability of photon-triplet
emission. The most efficient emission occurs when phase
matching is fulfilled, resorting to intra-modal phase matching
where the pump is in HE12 mode while the photon triplets are
all in HE11 mode. Further, the two-dimensional JSI shows
an ellipse locus with a fixed eccentricity of

√
6/3. Accord-

ingly, we present a frequency-division scheme to separate pho-
ton triplets into three channels with high heralding efficiency.
The decrease in heralding efficiency primarily results from the
thickness of the ellipse belt as well as the assistant peaks of
the sinc function. Both of them can be mitigated by increas-
ing the fiber length. In particular, the width of the ellipse lo-
cus depends on the phase mismatching at one–third pump fre-
quency, such that one can adjust the width of the ellipse locus
via changing pump wavelength or micro/nanofiber diameter.
Importantly, choosing an appropriate pump wavelength can
compensate micro/nanofiber fabrication errors and give rise to
a narrowband non-degenerate photon triplet source with a high
signal-to-noise ratio. Notably, long-period micro/nanofiber
gratings exhibiting periodic oscillation of dispersion along the
fiber length provide a new controllable degree of freedom to
tailor phase matching. Thus, QPM is introduced and plays a
dominant role in the generation of tunable-wavelength photon
triplets. We believe that this work provides a unique pathway
towards tunable-wavelength photon triplet sources with high
signal-to-noise ratios for applications in quantum information
technologies.
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[34] Torres-Gómez I, Ceballos-Herrera D E and Salas-Alcantara K M 2020

Sensors 20 622

034208-7

http://dx.doi.org/10.1126/science.1107451
http://dx.doi.org/10.1103/PhysRevLett.131.150601
http://dx.doi.org/10.1103/PhysRevLett.131.150601
http://dx.doi.org/10.1038/nphoton.2016.180
http://dx.doi.org/10.1038/nphoton.2016.180
http://dx.doi.org/10.1103/PhysRevLett.117.190501
http://dx.doi.org/10.1103/PhysRevLett.117.190501
http://dx.doi.org/10.1103/PhysRevLett.130.070801
http://dx.doi.org/10.1103/PhysRevA.101.053822
http://dx.doi.org/10.1103/PhysRevA.101.053822
http://dx.doi.org/10.1364/OL.44.000447
http://dx.doi.org/10.1103/PhysRevLett.123.070508
http://dx.doi.org/10.1103/PhysRevLett.123.070508
http://dx.doi.org/10.1063/5.0023103
http://dx.doi.org/10.1364/JOSAB.478008
http://dx.doi.org/10.1080/09500340902822341
http://dx.doi.org/10.1080/09500340902822341
http://dx.doi.org/10.1038/nphys2492
http://dx.doi.org/10.1038/nature09175
http://dx.doi.org/10.1038/ncomms15716
http://dx.doi.org/10.1103/PhysRevA.84.033823
http://dx.doi.org/10.1103/PhysRevA.84.033823
http://dx.doi.org/10.1364/OL.43.002320
http://dx.doi.org/10.1364/OE.24.009932
http://dx.doi.org/10.1364/OE.24.009932
http://dx.doi.org/10.1103/PhysRevA.103.013704
http://dx.doi.org/10.1103/PhysRevLett.120.043601
http://dx.doi.org/10.1103/PhysRevA.101.033840
http://dx.doi.org/10.1016/j.optcom.2012.07.068
https://doi.org/10.1016/B978-0-12-397023-7.00018-8
http://dx.doi.org/10.1364/OE.25.010434
http://dx.doi.org/10.1109/LPT.68
http://dx.doi.org/10.1109/LPT.68
http://dx.doi.org/10.1364/OL.42.001812
http://dx.doi.org/10.1364/OL.42.001812
http://dx.doi.org/10.1103/PhysRevApplied.19.L031002
http://dx.doi.org/10.1103/PhysRevApplied.19.L031002
http://dx.doi.org/10.1364/OL.43.002728
http://dx.doi.org/10.1103/PhysRevA.97.013850
http://dx.doi.org/10.1364/OE.25.022626
http://dx.doi.org/10.1364/OE.25.022626
http://dx.doi.org/10.1109/JQE.2011.2107888
http://dx.doi.org/10.1109/JQE.2011.2107888
http://dx.doi.org/10.1017/CBO9781139644105
http://dx.doi.org/10.1017/CBO9781139644105
https://doi.org/10.1515/joc-2019-0187
https://doi.org/10.1515/joc-2019-0187
http://dx.doi.org/10.1364/OL.25.000710
http://dx.doi.org/10.1364/OL.25.000710
http://dx.doi.org/10.3390/s20030622
http://dx.doi.org/10.3390/s20030622

	1. Introduction
	2. Photon triplet states
	3. Joint spectra with ellipse locus
	4. Frequency-division scheme to separate photon triplets into three channels
	5. Tunable-wavelength photon triplet generation
	6. Conclusion
	References

