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Kondo screening cloud in a superconductor with mixed
s-wave and p-wave pairing states

Zhen-Zhen Huang(黄真真), Xiong-Tao Peng(彭雄涛), Wan-Sheng Wang(王万胜), and Jin-Hua Sun(孙金华)†

School of Physical Science and Technology, Ningbo University, Ningbo 315211, China

(Received 3 April 2022; revised manuscript received 17 May 2022; accepted manuscript online 23 May 2022)

We study the Kondo screening of a spin-1/2 magnetic impurity coupled to a superconductor, which is fabricated by
combination of an s-wave superconductor, a ferromagnet and a semiconductor with Rashba spin–orbit coupling (RSOC).
The proximity induced superconducting states include the s-wave and p-wave pairing components with the aids of RSOC,
and the ferromagnet induces a Zeeman field which removes the spin degeneracy of the quasiparticles in the triplet states.
Thus, the Kondo screening of magnetic impurity involves the orbital degrees of freedom, and is also affected by the Zeeman
field. Using the variational method, we calculate the binding energy and the spin–spin correlation between the magnetic
impurity and the electrons in the coexisting s-wave and p-wave pairing states. We find that Kondo singlet forms more easily
with stronger RSOC, but Zeeman field in general decreases the binding energy. The spin–spin correlation decays fast in
the vicinity of the magnetic impurity. Due to the RSOC, the spatial spin–spin correlation becomes highly anisotropic, and
the Zeeman field can induce extra asymmetry to the off-diagonal components of the spin–spin correlation. Our study can
offer some insights into the studies of extrinsic topological superconductors fabricated from the hybrid structures containing
chains of magnetic impurities.

Keywords: Kondo effect, Rashba spin–orbit couplings, p-wave superconductors, Anderson model

PACS: 71.20.Be, 75.20.Hr, 03.65.Vf, 71.27.+a DOI: 10.1088/1674-1056/ac7213

1. Introduction

The Kondo effect arises when local magnetic impu-
rity spins couple antiferromagnetically with conduction elec-
tron spins. As a prototypical strong correlation problem,
Kondo effect in normal metals has been widely studied and
well understood.[1,2] If the temperature is above the so-called
Kondo temperature TK, the magnetic impurities can be treated
perturbatively. However, at temperatures well below TK, per-
turbation theory fails, and it has been confirmed, using the
numerical renormalization group study, that the magnetic im-
purity spins are entirely screened by the conduction electron
spins.[3]

When the magnetic impurity couples to an s-wave super-
conductor, the low-energy transport is dominated by the spin-
induced Yu–Shiba–Rusinov (YSR) state,[4–6] which is deter-
mined by the competition between the Kondo effect and the
superconductivity. The ground state will be a Kondo singlet if
TK > ∆ , otherwise the ground state will be a magnetic doublet
if TK < ∆ , where ∆ is the superconducting gap. The inter-
est in magnetic doping in superconductors persists because
it can provide information to understanding the properties of
superconducting states. The properties of YSR states is one
of the major methods to characterize the pairing symmetry of
the superconducting states, and has been widely studied in the
high-temperature cuprate superconductors,[7–10] iron-based
superconductors,[11–13] chiral p-wave superconductors,[14,15]

topological superconductors,[16,17] nematic superconductors,[18]

etc. More recently, the pairing symmetry dependent YSR
states are studied in the superconducting phase of twisted
bilayer graphene.[19]

Besides the YSR states, the formation of the Kondo
screening cloud, which is characterized by the spin–spin cor-
relation function between the magnetic impurity and the con-
duction electrons, is also a fascinating problem. In a D-
dimensional normal metal, the spin–spin correlation function
follows a power law decay 1/rD if r < ξK, but 1/rD+1 if
r > ξK, with ξK being the Kondo coherence length.[20–22]

Numerical renormalization group study shows that in an s-
wave superconductor, the Kondo screening cloud is formed
in both the screened and unscreened phases, and decays with
respect to 1/r in the vicinity of the magnetic impurity, and
the decay rate in larger distances depends on the magnitude
of the superconducting gap.[23] Note that the signatures of the
Kondo screening cloud extending over a length of microme-
ters has been confirmed recently via Fabry–Pérot oscillations
in conductance.[24]

In unconventional superconductors, the magnetic impu-
rity behavior is more complicated. Numerical renormaliza-
tion group study shows that despite sharing the p+ ip pairing
symmetry, intrinsic and extrinsic topological superconductors
host different physical processes that produce distinct Kondo
signatures.[25] The magnetic doping in the intrinsic p-wave
pairing states corresponds to a strong spin doublet ground state
with partially screened magnetic impurity spin. In the extrin-
sic p-wave pairing states, the Kondo screening involves both
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the electron and orbital degrees of freedom to produce rich
and prominent Kondo phenomena. In the presence of Rashba
spin–orbit coupling (RSOC), the YSR state exhibits Zeeman-
dependent splitting behaviors.[26]

The purpose of this paper is to investigate the properties
of the binding energy and the spatial Kondo screening cloud
in a superconductor with coexisting s-wave and p-wave pair-
ing states. The variational method we apply has been used
to study the ground state of the Kondo problem in normal
metals,[27,28] antiferromagnet,[29] 2D helical metals,[30] vari-
ous 3D topological semimetals.[31–35] It has also been applied
to study the magnetic impurity effects in the s-wave and d-
wave superconductors.[36–39] Due to the combined effects of
the RSOC and the Zeeman field, the Kondo screening cloud is
expected to show very interesting features, such as the spatial
anisotropy and the emergence of the off-diagonal components
of the spin–spin correlation function.

The paper is organized as follows. We introduce the An-
derson model Hamiltonian in Section 2. In Section 3, we apply
the variational method to study the binding energy. In Sec-
tion 4, we investigate the spin–spin correlation between the
magnetic impurity and the conduction electrons in the super-
conductor with coexisting s-wave and p-wave pairing states.
Finally, the discussions and conclusions are given in Section 5.

2. Anderson model Hamiltonian
The mixed s-wave and p-wave pairing states can be gen-

erated in a heterostructure fabricated by a combination of
an s-wave superconductor and the two-dimensional electron
gas (2DEG) with RSOC.[40–42] The Zeeman field induced
by the ferromagnetic insulator can significantly alter the su-
perconducting states, and even lead to a topological phase
transition.[43,44]

We use the well-known Anderson impurity model to
study the Kondo screening of a spin-1/2 magnetic impurity
coupled to the mixed s-wave and p-wave pairing states. The
Anderson model Hamiltonian reads

H = H0 +Hd +HV. (1)

H0 = HRSOC +Hs +Hz describes the host material with coex-
isting spin singlet and triplet pairing states, Hd is the magnetic
impurity Hamiltonian, and HV is the hybridization between the
magnetic impurity and the conduction electrons of the super-
conducting host. HRSOC describes the 2DEG with the RSOC,

HRSOC = ∑
𝑘σ

ε𝑘c†
𝑘σ

c𝑘σ +∑
𝑘

λ𝑘(e−iθk c†
k↓ck↑+H.c.), (2)

where ε𝑘 = 𝑘2

2m − µ is the kinetic energy term and µ is the
chemical potential; c𝑘σ (c†

𝑘σ
) are the annihilation (creation)

operators for electrons with spin σ =↑,↓ and the momen-
tum 𝑘 = (kx,ky); λ describes the strength of the RSOC; and

θk = arctan(kx/ky) is the polar component of 𝑘 with k = |𝑘|.
Hs denotes the Hamiltonian of proximity-induced supercon-
ducting pairing interaction

Hs = −∑
𝑘

(∆c†
𝑘↑c†

−𝑘↓+H.c.), (3)

with ∆ being the proximity-induced gap. The out-of-plane
Zeeman splitting is given by

Hz = ∑
𝑘σ

σzvzc
†
𝑘σ

c𝑘σ . (4)

σz is the z-component of the spin Pauli matrix. The p-wave
pairings can be induced in the 2DEG with the aids of RSOC
and s-wave pairing states.[40–42] In fact, the Zeeman field shall
couple both to the spins of the bulk electrons and to the d-
electrons, depending on the g factors which need not be equal
for the two cases. It is well-known that the spin degeneracy of
the impurity energy level shall be lifted by the Zeeman field,
leading to a Kondo peak splitting. However, to eliminate the
additional complexity caused by the Zeeman splitting of the
impurity energy level and mainly concentrate on the interplay
between the Kondo effect and the mixed s- and p-wave pairing
states, we assume that the g factor for the magnetic impurity is
zero. This case has been discussed before[26,45,46] and seems
to be achievable in quantum dots.[47] The Hamiltonian of the
magnetic impurity is

Hd = ∑
σ

εdd†
σ dσ +Un↑n↓, (5)

where εd is impurity level and U is Coulomb repulsion, dσ is
the annihilation operator of magnetic impurity electrons, and
nσ = d†

σ dσ . The hybridization between the magnetic impurity
and the superconductor is

HV = ∑
𝑘σ

(V c†
𝑘σ

dσ +H.c.), (6)

where V is the hybridization strength. For simplicity, we set
the position of the impurity as the origin 𝑟 = 0, so that the
hybridization V is in fact independent of spin and momentum.

To deal with the RSOC term and the superconducting
pairings, we switch to a continuum representation

c𝑘σ =

√
2π

k

∞

∑
m=−∞

e imθk cm
kσ , (7)

where m is the orbital magnetic quantum number. The oper-
ator cm†

kσ
(cm

kσ
) obeys the canonical anticommutation relation

{cm
kσ
,cm′†

k′σ ′} = δ (k− k′)δmm′δσσ ′ . H0 can be diagonalized by
performing the canonical transformation

chkm+1/2 =
1√
2
(βhkcm

k↑+hβ−hkcm+1
k↓ ), (8)

with βhk = (1+ hvz/
√

λ 2k2 + v2
z )

1/2, and h = ±1 is the chi-
rality quantum number.[46,48]

Finally, the superconductor with mixed s-wave and p-
wave states reads

H0 = ∑
hm

∫
dkεhkc†

hkm+ 1
2
chkm+ 1

2
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− ∆

2 ∑
hh′m

∫
dk(β−hkβh′khc†

hkm−1/2c†
h′−k−m+1/2

+H.c.), (9)

with εhk = εk + h
√

λ 2k2 + v2
z and ∑𝑘 = 1/4π2 ∫ kdkdθk in

the derivation. In the presence of RSOC, both the spin and
orbital angular momentum are not good quantum numbers,
while the total angular momentum j = m+σ is a conserved
quantity.[46,48–50] Here, the pairing is s-wave pairing when
h =−h′, and p-wave pairing when h = h′.[51–54] Then the hy-
bridization term can be rewritten as

HV = ∑
h j

∫
dkṼ (h− j+1/2

βsign( j)hkc†
hk jd↓+H.c.), (10)

where Ṽ =
√

k
4π

V , and sign( j) = ±1 for j = ±1/2. We as-
sume the short range scattering such that only the m = 0 elec-
trons are directly coupled to the magnetic impurity.

Introducing the Nambu representation ψ(k) =

(c1k 1
2
,c†

1−k− 1
2
,c†

−1−k− 1
2
,c−1k 1

2
)T, and considering only the

j = ±1/2 terms, the Bogoliubov–de Gennes (BdG) Hamilto-
nian H0 can be rewritten as H0 =

∫
dkψ†(k)h0(k)ψ(k), where

h0(k) =


ε1k 0 −∆ 0
0 −ε1−k 0 ∆

−∆ 0 −ε−1−k 0
0 ∆ 0 ε−1k

 . (11)

By diagonalizing h0(k), one can easily obtain four eigenvalues

as ±
√

λ 2k2 + v2
z ±
√

∆ 2 + ε2
k . We label the excitation ener-

gies in an increasing order as Ek2,Ek3,Ek4,Ek1, such that H0 in
its diagonal basis reads

H0 =
∫

dk(Ek2 +Ek3)+
∫

dk(Ek1γ
†
αk0γαk0

−Ek2γ
†
αk1γαk1 −Ek3γ

†
βk1γβk1 +Ek4γ

†
βk0γβk0). (12)

The corresponding eigenstate operators are given by

γ(k) = 𝒰ψ(k), (13)

where γ(k) ≡ {γαk0,γ
†
αk1,γ

†
βk1,γβk0}T. 𝒰 is a unitary matrix

formed from the eigenvectors, and the matrix elements are
given in Appendix A.

Then, the hybridization part is given by

HV =
∫

dkṼ
[(

A1γ
†
αk0 +A2γαk1 +A3γβk1 +A4γ

†
βk0

)
d 1

2

+
(

A5γαk0 +A6γ
†
αk1 +A7γ

†
βk1 +A8γβk0

)
d− 1

2
+H.c.

]
,

(14)

with

A1 = β1kΦ11 +β−1kΦ41, A2 = β1kΦ12 +β−1kΦ42,

A3 = β1kΦ13 +β−1kΦ43, A4 = β1kΦ14 +β−1kΦ44,

A5 = β−1kΦ21 −β1kΦ31, A6 = β−1kΦ22 −β1kΦ32,

A7 = β−1kΦ23 −β1kΦ33, A8 = β−1kΦ24 −β1kΦ34. (15)

Note that spin is not a good quantum number, so we rewrite
the impurity operators as d↑ → d 1

2
, d↓ → d− 1

2
.

3. The self-consistent calculation

To investigate the eigenstate property, we utilize a trial
wavefunction approach. The Coulomb repulsion U is assumed
to be large enough, and εd is below the Fermi energy, so that
the impurity site is always singly occupied by a local moment.
When a magnetic impurity is coupled to an s-wave supercon-
ductor, the ground state will be a Kondo singlet if TK > ∆ , oth-
erwise the ground state will be a magnetic doublet if TK < ∆ ,
where ∆ is the superconducting gap. The ground state is de-
termined by the competition between TK and ∆ . However,
quite distinctly, magnetic impurities in an intrinsic p-wave su-
perconductor always form a magnetic doublet ground state.
When the s- and p-wave pairings coexist, the ground state be-
comes very interesting, and a quantum phase transition from
a magnetic doublet to a singlet ground state takes place as
the RSOC increases.[26] In our calculations, we consider very
large RSOC (λ ) and hybridization strength (V ) in comparison
to the superconducting gap, and assume that the ground state
is a Kondo singlet. The trial wavefunction is given by[36–39]

|S⟩ = {a0 +∑
k
[akα(d

†
1/2γ

†
αk1 −d†

−1/2γ
†
αk0)

+akβ (d
†
1/2γ

†
βk1 −d†

−1/2γ
†
βk0)]}|G⟩, (16)

where a0, akα , akβ are the variational parameters to be deter-
mined through self-consistent calculations. |G⟩ is the ground
state of the superconductor, and γαki|G⟩ = γβki|G⟩ = 0 (i =
0,1). In fact, virtual excitations to the doubly occupied inter-
mediate state can affect the spin exchange process in the An-
derson model. Using the Schrieffer–Wolff transformation and
to the lowest order of hybridization V , the Anderson model in
the nd = 1 subspace turns to be equivalent to the s–d exchange
model with the effective couplings containing both the dou-
bly occupied intermediate state and the singly occupied states.
However, in strong repulsion limit, U → ∞, the contribution
of the doubly occupied intermediate state becomes negligible.
Hence in the trial wavefuncion, we assume a singlet ground
state with two terms: the first term describes the amplitude
for the filled Fermi sea with an empty impurity site, and the
second term with the summation over k describes the superpo-
sition of states with a singly occupied impurity level.

The energy ES of the total Hamiltonian in the singlet state
|S⟩ is

ES ⟨S|S⟩ = ⟨S |H|S⟩

= −
∫

dk′(Ek′1 +Ek′4)

×
(

a2
0 +

1
2π2

∫
k2a2

kα dk+
1

2π2

∫
k2a2

kβ
dk
)

+
1

2π2

∫
k2 dk(Ek1a2

kα +Ek4a2
kβ
)

107101-3
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+
εd

2π2

∫
k2(a2

kα +a2
kβ
)dk

+
1
π

∫
Ṽ a0[(A2 −A5)akα

+(A3 −A8)akβ ]kdk. (17)

According to the variational principle ∂ES/∂a0 =

∂ES/∂akα = ∂ES/∂akβ = 0, we obtain

ES = −
∫

dk(Ek1 +Ek4)

+
1

2π

∫
Ṽ [(A2 −A5)akα +(A3 −A8)akβ ]

1
a0

kdk, (18)

akα = − Ṽ (A2 −A5)πa0

k[Ek1 −
∫

dk′(Ek′1 +Ek′4)+ εd −ES]
, (19)

akβ = − Ṽ (A3 −A8)πa0

k[Ek4 −
∫

dk′(Ek′4 +Ek′4)+ εd −ES]
. (20)

Then the self-consistent equation is given by

ES = −
∫

dk(Ek1 +Ek4)

+
1

2π

∫
Ṽ [(A2 −A5)akα +(A3 −A8)akβ ]kdk. (21)

We define the binding energy as ∆b = −
∫

dk(Ek1 +

Ek4)+ εd −ES, then the self-consistent equation is given by

εd −∆b =−Ṽ 2

2

∫ [
(A2 −A5)

2

Ek1 +∆b
+

(A3 −A8)
2

Ek4 +∆b

]
dk. (22)

In all our calculations, ∆0 = W/2500 indicates a typical
superconducting gap size, and W is the bandwidth far from the
Fermi surface, such that the energy cutoff has minor impact
on the low-energy physics. The chemical potential is fixed
as µ = 0, and the impurity energy level is slightly below the
Fermi surface that εd −µ =−∆0/20.

In Fig. 1 we show the self-consistent results of the bind-
ing energy of a superconductor with mixed s-wave and p-wave
pairing states. The results are obtained by numerically solv-
ing Eq. (22). In Fig. 1(a) we show the self-consistent results
of the binding energy ∆b with respect to hybridization V for
∆ = ∆0 for various combinations of parameters λ and vz. We
can see that with the increase of λ , the binding energy ∆b also
increases, indicating that Kondo singlet is favored for large
RSOC. The Kondo screening of a magnetic impurity in an
otherwise clean 2DEG with RSOC has been studied in pre-
vious works using various methods, and it was shown that in
general, the RSOC has weak influence on the Kondo temper-
ature. The Kondo temperature displays a quasilinear depen-
dence on the square of the RSOC with a slope that is positive
for εd +U/2 > 0, and negative for εd +U/2 < 0.[46,48,49,55]

There also exists another scenario for an isolated system with
a constant band filling and a Fermi energy that varies with the
RSOC, once the RSOC exceeds a critical value proportional to
bottom of the bands in the absence of the RSOC, the system

enters the helical metal regime and TK rises rapidly.[46] How-

ever, the binding energy ∆b decreases for larger Zeeman field

vz. In general, for all the cases, ∆b increases monotonically

with respect to V , indicating that the Kondo singlet states are

more easily formed with larger hybridizations. This behavior

is in general consistent with the results given in the s-wave su-

perconductor. The formation of the ground state is determined

by the competition between the Kondo temperature TK and the

superconducting gap ∆ , and larger TK corresponds to larger V .

If the hybridization is strong enough, the ground state is al-

ways a Kondo singlet, while weak hybridization corresponds

to the magnetic doublet ground state where the impurity re-

mains partially screened. Figure 1(b) is the self-consistent re-

sults of the binding energy ∆b with respect to superconducting

gap ∆ for V = 27.5∆0. As we can see, ∆b grows monotoni-

cally with λ , but decreases if vz becomes larger. Furthermore,

the binding energy ∆b reduces as the superconducting gap ∆

increases, indicating that the larger the superconducting gap

is, the more difficult it is for the impurity electrons to break

the superconducting pair and form a Kondo singlet.

0 4 8
0

2.80

5.60

8.40
(a)

0 4 8 12 16

3.98

4.00
(b)

(∆
b
/
W

↽ 
↼


-
4
↽

(∆
b
/
W

↽ 
↼


-
3
↽

∆/∆0

V/∆0

λ=50∆, vz=0

λ=50∆, vz=5∆

λ=50.05∆, vz=0

λ=50.25∆, vz=0

λ=50∆, vz=0

λ=50∆, vz=25∆

λ=50∆, vz=50∆

λ=100∆, vz=0

λ=150∆, vz=0

Fig. 1. Self-consistent results of the binding energy ∆b (a) with respect to hy-
bridization V for ∆ = ∆0 and (b) with respect to superconducting gap ∆ for
V = 27.5∆0. The results are given for various combinations of parameters
λ , vz, ∆ . In all the calculations, ∆0 = W/2500 indicates a typical super-
conducting gap size, and the bandwidth and chemical potential are fixed at
W = 2500∆0 ≫ ∆0 and µ = 0.
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4. The spin–spin correlation
In this section, we study the spatial spin–spin correlation

between the magnetic impurity and the conduction electrons
in the mixed s-wave and p-wave superconducting states. The
spin operators of the magnetic impurity and conduction elec-
trons in the superconductor are defined as 𝑆d = 1

2 d†𝜎d and
𝑆c =

1
2 c†(𝑟)𝜎c(𝑟), respectively. Here, 𝜎 is the Pauli matrix,

and d =
{

d↑,d↓
}T and c(𝑟) =

{
c↑(𝑟),c↓(𝑟)

}T are the annihi-
lation operators at the impurity site and in the superconductors.

The spatial spin–spin correlation function is given by

Juν(𝑟) = ⟨Su
c(𝑟)S

ν
d (0)⟩ , (23)

with u,ν = x,y,z, and ⟨· · · ⟩ means the ground state average.
When the Kondo effect occurs, the magnetic impurity spin
is completely dissolved by quantum fluctuations below the
Kondo temperature, and this process is accompanied by the
formation of Kondo cloud, which can be characterized by the
spin–spin correlation function. This Kondo screening cloud in
an s-wave superconductor has been studied before,[23] and the
integration of this spin–spin correlation in the D-dimensional
coordinate space can be used to measure the strength of the
Kondo screening. The spatial patterns of the spin–spin cor-
relations are mainly determined by the symmetry of the host
materials, so we start with the symmetry analysis of the su-
perconducting states. H0, which describes the superconductor
with mixed s- and p-wave pairings, is given in Eqs. (1)–(4),
and one can easily find that H0 is rotational symmetric about
the z-axis. Considering this rotational symmetry, we have
Juν(𝑟) = Ju′ν ′(𝑟′) if u′ =ℛz(η)u, ν ′ =ℛz(η)ν , 𝑟′ =ℛz(η)𝑟,
where ℛz(η) is a rotation operator of angle η along the z-
axis. Hence the various components of the spin–spin correla-
tion shall obey Jxx(𝑟) = Jyy(ℛz(π

2 )𝑟), Jxz(𝑟) = Jyz(ℛz(π

2 )𝑟),
Jzx(𝑟) = Jzy(ℛz(π

2 )𝑟). When vz = 0, the system preserves
time-reversal symmetry (TRS, 𝒯 ), whereas finite vz breaks the
TRS. However, the system is still invariant under combined
operations 𝒯 ℛx(π) and 𝒯 ℛy(π). Due to these symmetries,
the off-diagonal terms have following properties along the x-
and y-axes: Jxy(x,0) = Jxy(0,y) = Jxz(x,0) = Jyz(0,y). The
RSOC breaks the SU(2) symmetry, so the off-diagonal terms
are in general nonzero in the x–y plane and Jxy(𝑟) = Jyx(𝑟),
Jxz(𝑟) =−Jzx(𝑟), Jyz(𝑟) =−Jzy(𝑟) if vz = 0.

In the orbital angular momentum representation, we only
consider the total angular momentum j = m+σ = ±1/2, so
only the orbits of quantum number m = 0, ±1 are relevant to
the Anderson impurity scattering. The spin–spin correlations
are given by

Jxx(𝑟) = ∑
mn
[C11(𝑟,m,n)+C12(𝑟,m,n)

+C13(𝑟,m,n)+C14(𝑟,m,n)]e−i(mϕ−nϕ),

Jyy(𝑟) = −∑
mn
[C11(𝑟,m,n)−C12(𝑟,m,n)

−C13(𝑟,m,n)+C14(𝑟,m,n)]e−i(mϕ−nϕ),

Jzz(𝑟) = ∑
mn
[C41(𝑟,m,n)−C42(𝑟,m,n)

−C43(𝑟,m,n)+C44(𝑟,m,n)]e−i(mϕ−nϕ),

Jxy(𝑟) = −i ∑
mn
[C11(𝑟,m,n)−C12(𝑟,m,n)

+C13(𝑟,m,n)−C14(𝑟,m,n)]e−i(mϕ−nϕ),

Jyx(𝑟) = −i ∑
mn
[C11(𝑟,m,n)+C12(𝑟,m,n)

−C13(𝑟,m,n)−C14(𝑟,m,n)]e−i(mϕ−nϕ),

Jxz(𝑟) = ∑
mn
[C21(𝑟,m,n)−C22(𝑟,m,n)

+C23(𝑟,m,n)−C24(𝑟,m,n)]e−i(mϕ−nϕ),

Jzx(𝑟) = ∑
mn
[C31(𝑟,m,n)+C32(𝑟,m,n)

−C33(𝑟,m,n)−C34(𝑟,m,n)]e−i(mϕ−nϕ),

Jyz(𝑟) = −i ∑
mn
[C21(𝑟,m,n)−C22(𝑟,m,n)

−C23(𝑟,m,n)+C24(𝑟,m,n)]e−i(mϕ−nϕ),

Jzy(𝑟) = −i ∑
mn
[C31(𝑟,m,n)−C32(𝑟,m,n)

−C33(𝑟,m,n)+C34(𝑟,m,n)]e−i(mϕ−nϕ), (24)

where m and n are the orbital angular momentum quantum
number, ϕ is the polar angle of spatial coordinate 𝑟, that
is, ϕ = arctan(ry/rx). The parameters Cii′(𝑟,m,n) (i, i′ =
1,2,3,4) are defined in Appendix B. If vz = 0, it is easy to
obtain β1k = β−1k, and then C12(𝑟,m,n) = C13(𝑟,m,n) such
that Jxy(𝑟) = Jyx(𝑟). In all the results of spin–spin correla-
tion function we present below, the binding energy is fixed as
∆b = 5∆0. Actually the magnitude of the binding energy de-
pends on various parameters of the Hamiltonian. However,
the spatial patterns of the spin–spin correlation function are
not much affected by the values of ∆b except the magnitudes.

In Fig. 2 we show the diagonal and off-diagonal terms of
the spin–spin correlation between the magnetic impurity and
the conduction electrons in the coordinate space. Here we fix
V = 27.5∆0, λ = 50∆0, ∆ = ∆0, and vz = 0, and kc is the
momentum cutoff chosen with respect to the energy cutoff W .
One can see that Jxx(𝑟) and Jyy(𝑟) are anisotropic, while Jzz(𝑟)

is isotropic for the diagonal term. In addition, Jyy(r) can be
obtained by rotating π/2 by Jxx(𝑟). For off-diagonal terms,
Jyx(𝑟) = Jxy(𝑟), Jzx(𝑟) = −Jxz(𝑟), and Jzy(𝑟) = −Jyz(𝑟), and
Jxz(𝑟) can be obtained with rotating π/2 angle by Jyz(𝑟).
These results agree well with those of our symmetry analysis.

In Fig. 3 we show the decay of Jzz(𝑟) along the x-axis
with different parameters of λ , ∆0 and vz for V = 27.5∆0.
Jzz(𝑟) is rotational symmetric in the x–y plane. When vz = 0,
Jyy(𝑟) = Jzz(𝑟) along the x-axis and Jxx(𝑟) = Jzz(𝑟) along the
y-axis. One can see that Jzz(𝑟) decays faster with the increase
of λ , energy gap ∆ and magnetic field vz. Numerical renor-
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malization group study shows that in an s-wave superconduc-
tor, the Kondo screening cloud is formed in both the screened
and unscreened phases, and decays with respect to 1/r in the

vicinity of the magnetic impurity, and the decay rate in larger
distances depends on the magnitude of the superconducting
gap.[23]
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Fig. 2. Terms of the spin–spin correlation Juν (𝑟)(u,ν = x,y,z) in coordinate space for V = 27.5∆0, λ = 50∆0, ∆ = ∆0, and vz = 0, where kc is
the momentum cutoff chosen with respect to the energy cutoff W . The off-diagonal terms not shown here have the relations Jyx(𝑟) = Jxy(𝑟),
Jzx(𝑟) =−Jxz(𝑟), and Jzy(𝑟) =−Jyz(𝑟).
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λ=50∆0, ∆=∆0, vz=2.5∆0

Fig. 3. Spatial decay behavior of Jzz(𝑟) along the x-axis with different
parameters of λ , ∆0 and vz for V = 27.5∆0.

In Fig. 4 we show the off-diagonal terms corresponding
to different parameters. In Fig. 4(a) (the left column) we
use λ = 100∆0, ∆ = ∆0 and in Fig. 4(b) (the right column)
λ = 50∆0, ∆ = 5∆0. The hybridization is V = 27.5∆0 and the
Zeeman field is vz = 0. In comparison with Fig. 2, we can see
that if λ or ∆ increases, the off-diagonal terms become weaker,
and the spatial patterns are qualitatively the same since λ and
∆ do not break any symmetries. We still have Jyx(𝑟) = Jxy(𝑟),

Jzx(𝑟) =−Jxz(𝑟), and Jzy(𝑟) =−Jyz(𝑟), and Jyz(𝑟) can be ob-
tained by rotating Jxz(𝑟) by angle π/2 about the z-axis.

In Fig. 5, we mainly investigate the effect of the Zeeman
field on the spatial patterns of the spin–spin correlation func-
tion. We show Jxx(𝑟) and off-diagonal terms corresponding
to different vz, in which λ = 50∆0, ∆ = ∆0 and V = 27.5∆0.
In Figs. 5(a) and 5(b) we choose vz = 2.5∆0 and vz = 50∆0,
respectively. Compared with Fig. 2, when the Zeeman field vz

becomes finite, the spin–spin correlation components become
weaker. Moreover, the finite Zeeman field removes the spin
degeneracy of the quasiparticles excited in the triplet states,
and induces extra asymmetries to the off-diagonal terms. Very
distinctly from the vz = 0 case, we now have Jxz(𝑟) ̸=−Jzx(𝑟)

and Jyz(𝑟) ̸=−Jzy(𝑟) for the two off-diagonal terms. This be-
havior is even more pronounced when the Zeeman field be-
comes stronger. However, the system remains invariant un-
der the rotation about the z-axis and the combined operations
𝒯 ℛS(π), 𝒯 ℛy(π). Thus, the symmetry for the spin–spin cor-
relation of the diagonal terms is unchanged and we still have
Jxx(𝑟) = Jyy(ℛz(π

2 )𝑟). The same holds for off-diagonal terms
that Jxz(𝑟) = Jyz(ℛz(π

2 )𝑟), Jzx(𝑟) = Jzy(ℛz(π

2 )𝑟).
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Fig. 4. Off-diagonal terms of spin–spin correlation for (a) λ = 100∆0, ∆ = ∆0 (the left column) and (b) λ = 50∆0, ∆ = 5∆0 (the right column).
The hybridization is V = 27.5∆0, and Zeeman field is vz = 0. Jyz(𝑟) = Jxz(ℛz(π/2)𝑟), so it is not shown here.
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Fig. 5. The change of Juν (𝑟) when vz ̸= 0, with λ = 50∆0, ∆ = ∆0, V = 27.5∆0. The Zeeman field is (a) vz = 2.5∆0 and (b) vz = 50∆0.

5. Discussion and conclusion

In summary, we have utilized the variational wave-
function method to study the binding energy and the spatial
anisotropy of the Kondo screening cloud in a superconductor
with coexisting s-wave and p-wave pairing states. The host
system is constructed from a combination of an s-wave su-

perconductor, a ferromagnet which produces a Zeeman field,
and a semiconductor with RSOC. The ground state of a mag-
netic impurity in a conventional s-wave superconductor or a
intrinsic p-wave is a well-studied problem. When the two pair-
ings are mixed, the Kondo screenings show interesting fea-
tures. We concentrate on the binding energy and the spin–
spin correlation function which describes the so-called Kondo
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screening cloud, and systematically study the effects of the
RSOC, Zeeman field, and superconducting gap size on the
Kondo screening. From the results of the binding energy cal-
culations, we find that Kondo screening is favored for strong
RSOC and weak Zeeman field cases. In general, the binding
energy grows monotonically with the hybridization strength,
and decreases when the superconducting gap increases, which
is in consistence with the picture that the ground state is de-
termined by the competition between TK and ∆ . Due to the
RSOC, the diagonal components become anisotropic, and var-
ious off-diagonal components emerge. The spin–spin corre-
lation decays fast in the real space, and Zeeman field induces
extra asymmetry to the off-diagonal components. So far, we
assume a singlet ground state, which is reasonable if V ≫∆ . If
we fix other parameters and gradually increase V , the ground
is expected to experience a transition from a magnetic doublet
to a Kondo singlet. In the binding energy calculations, this
transition can be detected by comparing the binding energy in
the two ground states, and will be investigated in our future
work.

Appendix A

By diagonalizing the Hamiltonian in Eq. (11), one can
obtain the band structure

Eki =±
√

λ 2k2 + v2
z ±
√

∆ 2 + ε2
k . (A1)

We label the excitation energies in an increasing order as
Ek2,Ek3,Ek4,Ek1

For Ek1 =
√

λ 2k2 + v2
z +

√
∆ 2 + ε2

k , the corresponding
eigen-vector components are

Φ11 =−
εk +

√
∆ 2 + ε2

k√
(εk +

√
∆ 2 + ε2

k )
2 +∆ 2

,

Φ31 =
∆√

(εk +
√

∆ 2 + ε2
k )

2 +∆ 2

,

Φ21 = Φ41 = 0. (A2)

For Ek2 = −
√

λ 2k2 + v2
z −
√

∆ 2 + ε2
k , the eigen-vector com-

ponents are

Φ22 =−
εk +

√
∆ 2 + ε2

k√
(εk +

√
∆ 2 + ε2

k )
2 +∆

2 = Φ11,

Φ42 =
∆√

(εk +
√

∆ 2 + ε2
k )

2 +∆ 2

= Φ31,

Φ12 = Φ32 = 0. (A3)

We always have Ek3+Ek4 = 0, but the signs of Ek3 and Ek4 de-
pend on the parameters and momentum k. If −

√
λ 2k2 + v2

z +√
∆ 2 + ε2

k < 0, then Ek3 =−
√

λ 2k2 + v2
z +
√

∆ 2 + ε2
k , Ek4 =√

λ 2k2 + v2
z −
√

∆ 2 + ε2
k and then the corresponding eigen-

vector components are

Φ23 = Φ14 =−
εk −

√
∆ 2 + ε2

k√
(εk −

√
∆ 2 + ε2

k )
2 +∆ 2

,

Φ43 = Φ34 =
∆√

(εk −
√

∆ 2 + ε2
k )

2 +∆ 2

,

Φ13 = Φ33 = Φ24 = Φ44 = 0. (A4)

Otherwise, Ek3 =
√

λ 2k2 + v2
z −

√
∆ 2 + ε2

k , Ek4 =

−
√

λ 2k2 + v2
z +
√

∆ 2 + ε2
k ,

Φ13 = Φ24 =−
εk −

√
∆ 2 + ε2

k√
(εk −

√
∆ 2 + ε2

k )
2 +∆ 2

,

Φ33 = Φ44 =
∆√

(εk −
√

∆ 2 + ε2
k )

2 +∆ 2

,

Φ23 = Φ43 = Φ14 = Φ34 = 0. (A5)

Finally, the unitary transformation used in Eq. (13) is
given by

𝒰 =


Φ11 0 Φ13 Φ14

0 Φ22 Φ23 Φ24
Φ31 0 Φ33 Φ34

0 Φ42 Φ43 Φ44

 . (A6)

Appendix B
One of the diagonal components of the spin–spin correlation, Jxx(𝑟) is given by

Jxx(𝑟) = ⟨Sx
c(𝑟)S

x
d(0)⟩=

1
4

〈
(c†

↑(𝑟)c↓(𝑟)+ c†
↓(𝑟)c↑(𝑟))(d

†
↑d↓+d†

↓d↑)
〉

=
1
4

〈
c†
↑(𝑟)c↓(𝑟)d

†
↑d↓+ c†

↑(𝑟)c↓(𝑟)d
†
↓d↑+ c†

↓(𝑟)c↑(𝑟)d
†
↑d↓+ c†

↓(𝑟)c↑(𝑟)d
†
↓d↑
〉

=
1

32π3N

∫ √
kk′dkdk′

∫ 2π

0
dθk1 dθk′2 e−i[kr cosθk1−k′r cosθk′2]∑

mn
e−i(mθk1−nθk′2) e−i(mϕ−nϕ)
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×
〈

cm†
k↑ cn

k′↓d†
↑d↓+ cm†

k↑ cn
k′↓d†

↓d↑+ cm†
k↓ cn

k′↑d†
↑d↓+ cm†

k↓ cn
k′↑d†

↓d↑
〉

= ∑
mn
[C11(𝑟,m,n)+C12(𝑟,m,n)+C13(𝑟,m,n)+C14(𝑟,m,n)]e−i(mϕ−nϕ), (B1)

with

C11(𝑟,m,n) =
1

32π3N

∫ √
kk′dkdk′

∫ 2π

0
dθk1 dθk′2 e−i[kr cosθk1−k′r cosθk′2] e−i(mθk1−nθk′2)

〈
cm†

k↑ cn
k′↓d†

↑d↓
〉

= Akr e−i(mθk1−nθk′2)
〈

cm†
k↑ cn

k′↓d†
↑d↓
〉
, (B2)

C12(𝑟,m,n) =
1

32π3N

∫ √
kk′dkdk′

∫ 2π

0
dθk1 dθk′2 e−i[kr cosθk1−k′r cosθk′2] e−i(mθk1−nθk′2)

〈
cm†

k↑ cn
k′↓d†

↓d↑
〉

= Akr e−i(mθk1−nθk′2)
〈

cm†
k↑ cn

k′↓d†
↓d↑
〉
, (B3)

C13(𝑟,m,n) =
1

32π3N

∫ √
kk′dkdk′

∫ 2π

0
dθk1 dθk′2 e−i[kr cosθk1−k′r cosθk′2] e−i(mθk1−nθk′2)

〈
cm†

k↓ cn
k′↑d†

↑d↓
〉

= Akr e−i(mθk1−nθk′2)
〈

cm†
k↓ cn

k′↑d†
↑d↓
〉
, (B4)

C14(𝑟,m,n) =
1

32π3N

∫ √
kk′dkdk′

∫ 2π

0
dθk1 dθk′2 e−i[kr cosθk1−k′r cosθk′2] e−i(mθk1−nθk′2)

〈
cm†

k↓ cn
k′↑d†

↓d↑
〉

= Akr e−i(mθk1−nθk′2) e−i(mθk1−nθk′2)
〈

cm†
k↓ cn

k′↑d†
↓d↑
〉
, (B5)

and

Akr =
1

32π3N

∫ √
kk′dkdk′

∫ 2π

0
dθk1 dθk′2 e−i[kr cosθk1−k′r cosθk′2]. (B6)

∑
mn

C11(𝑟,m,n)e−i(mϕ−nϕ)

= ∑
mn

Akr e−i(mθk1−nθk′2) e−i(mϕ−nϕ)⟨cm†
k↑ cn

k′↓d†
↑d↓⟩

= ∑
mn

Akr

2
e−i(mθk1−nθk′2) e−i(mϕ−nϕ)

〈
(β1kβ−1k′c

†
1km+ 1

2
c1k′n−1+ 1

2
−β1kβ1k′c

†
1km+ 1

2
c−1k′n−1+ 1

2

+β−1kβ−1k′c
†
−1km+ 1

2
c1k′n−1+ 1

2
−β−1kβ1k′c

†
−1km+ 1

2
c−1k′n−1+ 1

2
)d†

↑d↓
〉
. (B7)

To ensure that j = 1/2, we only consider the coupling between m = 0,−1 and n = 0,1 for C11(𝑟,m,n). Similarly, the rest
components of the spin–spin correlation can be calculated, with

C21(𝑟,m,n) =
1

64π3N

∫ √
kk′dkdk′

∫ 2π

0
dθk1 dθk′2 e−i[kr cosθk1−k′r cosθk′2] e−i(mθk1−nθk′2)

〈
cm†

k↑ cn
k′↓d†

↑d↑
〉

= Akr e−i(mθk1−nθk′2)
〈

cm†
k↑ cn

k′↓d†
↑d↑
〉
, (B8)

C22(𝑟,m,n) =
1

64π3N

∫ √
kk′dkdk′

∫ 2π

0
dθk1 dθk′2 e−i[kr cosθk1−k′r cosθk′2] e−i(mθk1−nθk′2)

〈
cm†

k↑ cn
k′↓d†

↓d↓
〉

= Akr e−i(mθk1−nθk′2)
〈

cm†
k↑ cn

k′↓d†
↓d↓
〉
, (B9)

C23(𝑟,m,n) =
1

64π3N

∫ √
kk′dkdk′

∫ 2π

0
dθk1 dθk′2 e−i[kr cosθk1−k′r cosθk′2] e−i(mθk1−nθk′2)

〈
cm†

k↓ cn
k′↑d†

↑d↑
〉

= Akr e−i(mθk1−nθk′2)
〈

cm†
k↓ cn

k′↑d†
↑d↑
〉
, (B10)

C24(𝑟,m,n) =
1

64π3N

∫ √
kk′dkdk′

∫ 2π

0
dθk1 dθk′2 e−i[kr cosθk1−k′r cosθk′2] e−i(mθk1−nθk′2)

〈
cm†

k↓ cn
k′↑d†

↓d↓
〉

= Akr e−i(mθk1−nθk′2) e−i(mθk1−nθk′2)
〈

cm†
k↓ cn

k′↑d†
↓d↓
〉
, (B11)

C31(𝑟,m,n) =
1

64π3N

∫ √
kk′dkdk′

∫ 2π

0
dθk1 dθk′2 e−i[kr cosθk1−k′r cosθk′2] e−i(mθk1−nθk′2)

〈
cm†

k↑ cn
k′↑d†

↑d↓
〉

= Akr e−i(mθk1−nθk′2)
〈

cm†
k↑ cn

k′↑d†
↑d↓
〉
, (B12)

C32(𝑟,m,n) =
1

64π3N

∫ √
kk′dkdk′

∫ 2π

0
dθk1 dθk′2 e−i[kr cosθk1−k′r cosθk′2] e−i(mθk1−nθk′2)

〈
cm†

k↑ cn
k′↑d†

↓d↑
〉
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= Akr e−i(mθk1−nθk′2)
〈

cm†
k↑ cn

k′↑d†
↓d↑
〉
, (B13)

C33(𝑟,m,n) =
1

64π3N

∫ √
kk′dkdk′

∫ 2π

0
dθk1 dθk′2 e−i[kr cosθk1−k′r cosθk′2] e−i(mθk1−nθk′2)

〈
cm†

k↓ cn
k′↓d†

↑d↓
〉

= Akr e−i(mθk1−nθk′2)
〈

cm†
k↓ cn

k′↓d†
↑d↓
〉
, (B14)

C34(𝑟,m,n) =
1

64π3N

∫ √
kk′dkdk′

∫ 2π

0
dθk1 dθk′2 e−i[kr cosθk1−k′r cosθk′2] e−i(mθk1−nθk′2)

〈
cm†

k↓ cn
k′↓d†

↓d↑
〉

= Akr e−i(mθk1−nθk′2) e−i(mθk1−nθk′2)
〈

cm†
k↓ cn

k′↓d†
↓d↑
〉
, (B15)

C41(𝑟,m,n) =
1

64π3N

∫ √
kk′dkdk′

∫ 2π

0
dθk1 dθk′2 e−i[kr cosθk1−k′r cosθk′2] e−i(mθk1−nθk′2)

〈
cm†

k↑ cn
k′↑d†

↑d↑
〉

= Akr e−i(mθk1−nθk′2)
〈

cm†
k↑ cn

k′↑d†
↑d↑
〉
, (B16)

C42(𝑟,m,n) =
1

64π3N

∫ √
kk′dkdk′

∫ 2π

0
dθk1 dθk′2 e−i[kr cosθk1−k′r cosθk′2] e−i(mθk1−nθk′2)

〈
cm†

k↑ cn
k′↑d†

↓d↓
〉

= Akr e−i(mθk1−nθk′2)
〈

cm†
k↑ cn

k′↑d†
↓d↓
〉
, (B17)

C43(𝑟,m,n) =
1

64π3N

∫ √
kk′dkdk′

∫ 2π

0
dθk1 dθk′2 e−i[kr cosθk1−k′r cosθk′2] e−i(mθk1−nθk′2)

〈
cm†

k↓ cn
k′↓d†

↑d↑
〉

= Akr e−i(mθk1−nθk′2)
〈

cm†
k↓ cn

k′↓d†
↑d↑
〉
, (B18)

C44(𝑟,m,n) =
1

64π3N

∫ √
kk′dkdk′

∫ 2π

0
dθk1 dθk′2 e−i[kr cosθk1−k′r cosθk′2] e−i(mθk1−nθk′2)

〈
cm†

k↓ cn
k′↓d†

↓d↓
〉

= Akr e−i(mθk1−nθk′2) e−i(mθk1−nθk′2)
〈

cm†
k↓ cn

k′↓d†
↓d↓
〉
. (B19)
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[48] Žitko R and Bonča J 2011 Phys. Rev. B 84 193411
[49] Zarea M, Ulloa S E and Sandler N 2012 Phys. Rev. Lett. 108 046601
[50] Isaev L, Agterberg D F and Vekhter I 2012 Phys. Rev. B 85 081107
[51] Fujimoto S 2008 Phys. Rev. B 77 220501
[52] Zhang C W, Tewari S, Lutchyn R M and Sarma S D 2008 Phys. Rev.

Lett. 101 160401
[53] Alicea J 2010 Phys. Rev. B 81 125318
[54] Alicea J 2012 Rep. Prog. Phys. 75 076501
[55] Malecki J 2007 J. Statist. Phys. 129 741

107101-10

http://dx.doi.org/10.1143/PTP.32.37
http://dx.doi.org/10.1103/PhysRev.124.41
http://dx.doi.org/10.1103/RevModPhys.47.773
http://dx.doi.org/10.7498/aps.21.75
http://dx.doi.org/10.1143/PTP.40.435
http://www.jetp.ras.ru/cgi-bin/dn/e_029_06_1101.pdf
http://dx.doi.org/10.1038/35082019
http://dx.doi.org/10.1103/PhysRevLett.83.176
http://dx.doi.org/10.1103/PhysRevLett.83.176
http://dx.doi.org/10.1126/science.285.5424.88
http://dx.doi.org/10.1126/science.285.5424.88
http://dx.doi.org/10.1038/35001534
http://dx.doi.org/10.1103/PhysRevB.80.064513
http://dx.doi.org/10.1103/PhysRevB.79.054529
http://dx.doi.org/10.1103/PhysRevB.81.014524
http://dx.doi.org/10.1209/0295-5075/120/27002
https://link.springer.com/article/10.1007/s11467-017-0683-9#citeas
http://dx.doi.org/10.1103/PhysRevB.88.205402
http://dx.doi.org/10.1088/0953-8984/24/14/145502
http://dx.doi.org/10.1088/0953-8984/24/14/145502
http://dx.doi.org/10.1088/1361-648X/ab41c7
http://dx.doi.org/10.1088/1361-648X/ab41c7
http://dx.doi.org/10.1103/PhysRevB.97.155152
http://dx.doi.org/10.1007/BF00117963
http://dx.doi.org/10.1103/PhysRevB.57.432
http://dx.doi.org/10.1103/PhysRevB.75.041307
http://dx.doi.org/10.1103/PhysRevLett.127.186804
http://dx.doi.org/10.1103/PhysRevLett.127.186804
http://dx.doi.org/10.1038/s41586-020-2058-6
http://dx.doi.org/10.1103/PhysRevLett.122.087001
http://dx.doi.org/10.1103/PhysRevB.103.125144
http://dx.doi.org/10.1103/PhysRevB.103.125144
http://dx.doi.org/10.1103/PhysRevB.13.2950
http://dx.doi.org/10.1103/PhysRevLett.50.604
http://dx.doi.org/10.1103/PhysRevB.77.224426
http://dx.doi.org/10.1103/PhysRevB.81.235411
http://dx.doi.org/10.1103/PhysRevB.81.235411
http://dx.doi.org/10.1103/PhysRevB.92.195124
http://dx.doi.org/10.1103/PhysRevB.97.035130
http://dx.doi.org/10.1103/PhysRevB.97.035130
http://dx.doi.org/10.1103/PhysRevB.99.235108
http://dx.doi.org/10.1103/PhysRevB.99.235108
http://dx.doi.org/10.1088/1674-1056/abfa02
http://dx.doi.org/10.1088/1674-1056/abfa02
http://dx.doi.org/10.1088/1361-648X/aae21d
http://dx.doi.org/10.1088/1361-648X/aae21d
http://dx.doi.org/10.1016/0038-1098(67)90354-7
http://dx.doi.org/10.1103/PhysRevLett.74.466
http://dx.doi.org/10.1103/PhysRevB.60.9744
http://dx.doi.org/10.1103/PhysRevB.62.6687
http://dx.doi.org/10.1103/PhysRevLett.87.037004
http://dx.doi.org/10.1103/PhysRevLett.92.097001
http://dx.doi.org/10.1103/PhysRevLett.92.097001
http://dx.doi.org/10.1103/PhysRevLett.93.099903
http://dx.doi.org/10.1103/PhysRevLett.93.099903
http://dx.doi.org/10.1103/PhysRevLett.104.040502
http://dx.doi.org/10.1103/PhysRevLett.104.040502
http://dx.doi.org/10.1103/PhysRevLett.105.077001
http://dx.doi.org/10.1103/PhysRevB.85.161202
http://dx.doi.org/10.1103/PhysRevB.93.075148
http://dx.doi.org/10.1103/PhysRevB.93.075148
http://dx.doi.org/10.1103/PhysRevB.90.235310
http://dx.doi.org/10.1103/PhysRevB.84.193411
http://dx.doi.org/10.1103/PhysRevLett.108.046601
http://dx.doi.org/10.1103/PhysRevB.85.081107
https://link.aps.org/doi/10.1103/PhysRevB.77.220501
https://link.aps.org/doi/10.1103/PhysRevLett.101.160401
https://link.aps.org/doi/10.1103/PhysRevLett.101.160401
https://link.aps.org/doi/10.1103/PhysRevB.81.125318
https://doi.org/10.1088/0034-4885/75/7/076501
https://link.springer.com/article/10.1007/s10955-007-9414-x

	1. Introduction
	2. Anderson model Hamiltonian
	3. The self-consistent calculation 
	4. The spin–spin correlation
	5. Discussion and conclusion
	References

