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Air breakdown induced by the microwave with two mutually
orthogonal and heterophase electric field components∗
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The air breakdown is easily caused by the high-power microwave, which can have two mutually orthogonal and
heterophase electric field components. For this case, the electron momentum conservation equation is employed to deduce
the electric field power and effective electric field for heating electrons. Then the formula of the electric field power is
introduced into the global model to simulate the air breakdown. The breakdown prediction from the global model agrees
well with the experimental data. Simulation results show that the electron temperature is sensitive to the phase difference
between the two electron field components, while the latter can affect obviously the growth of the electron density at low
electron temperature amplitudes. The ionization of nitrogen and oxygen induces the growth of electron density, and the
density loss due to the dissociative attachment and dissociative recombination is obvious only at low electron temperatures.
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1. Introduction
The high-power microwave easily causes the air break-

down because of its strong electric field.[1–5] The air break-
down is involved in many important applications, such as high-
power microwave systems, biomedical applications, and sur-
face treatments.[6] In order to improve these applications, we
must master the characteristics of the air breakdown, which in-
clude the breakdown formation time, breakdown electric field,
breakdown plasma dynamics and pattern, and the microwave
transmission in the breakdown plasma.

In recent years, many scholars have studied the air break-
down caused by the high-power microwave.[7–10] Nam et
al. introduced the pressure-independent enhanced electron
energy distribution function into the global model, and im-
proved fidelity for modeling the gas breakdown.[7] The two-
dimensional model coupling Maxwell equations with plasma
fluid equations was developed by Boeuf et al. to simulate the
patterns of breakdown plasma, in which the accurate diffu-
sion coefficient was adopted.[8] Ford et al. used the finite-
difference time-domain method to solve a one-dimensional
model similar to that of Boeuf et al., and predicted the break-
down formation time and the microwave transmission in the
breakdown plasma.[9] The Poisson and Boltzmann equations
were utilized by Zhu et al. to describe the air breakdown near
the dielectric window, and the results showed that the range
can be roughly divided into at least two regions, sheath region
and plasma region.[10] Most of these studies above focused on
the case in which the microwave has one electric field com-

ponent or two mutually orthogonal and inphase electric field
components. However, the microwave with two mutually or-
thogonal and heterophase electric field components frequently
appears in the waveguide or the near field region of the an-
tenna. We still know little about the air breakdown caused by
such microwave.

In this paper, we use the global model consisting of spa-
tially averaged continuity equations for charged particles and
an electron energy equation to describe the air breakdown due
to its great advantages in speed and simplicity. The global
model requires the knowledge of the electric field power heat-
ing the electrons. In order to study the air breakdown caused
by the microwave with the two mutually orthogonal and het-
erophase electric field components, we deduce the correspond-
ing electric field power from the electron momentum conser-
vation equation. We focus on how the phase difference be-
tween the two electron field components affects the electron
temperature and electron density in the breakdown process.
The dependence of the electron density on the reaction sets
of oxygen and nitrogen is considered. In addition, the break-
down prediction from the global model is compared with the
previous experimental data.

2. Global model
2.1. Basic equations

The global model consists of spatially averaged conti-
nuity equations for electron, N+

2 , O+
2 , and O−, and an elec-

tron energy equation.[7] When the background gas is air, these
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equations can be written as
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where ne, nN2 , and nO2 are the electron, N2, and O2 densities,
nN+

2
, nO+

2
, and nO− are the N+

2 , O+
2 , and O− densities, Te is

the electron temperature Te =
2
3 〈ε〉 =

2
3
∫

∞

0 ε f (ε)dε , where ε

is the electron energy and f (ε) is the normalized electron en-
ergy distribution function, εti and Ki (i = N2–N25 in Table 1

and O2–O15 in Table 2) are the threshold energy and reaction
coefficient of the reactions in Tables 1 and 2, K̃O9 is the energy
transfer rate coefficient in the dissociative attachment collision
process, PE is the electric field power for heating the electrons.

Table 1. Oxygen reaction set, εt is the threshold energy.[11]

No. Name Reaction εt/eV
O1 momentum transfer e+O2→ e+O2

O2 rotational excitation e+O2→ e+O2 (r) 0.02
O3 vibrational excitation e+O2→ e+O2 (v = 1) 0.19
O4 vibrational excitation e+O2→ e+O2 (v = 2) 0.38
O5 vibrational excitation e+O2→ e+O2 (v = 3) 0.57
O6 vibrational excitation e+O2→ e+O2 (v = 4) 0.75
O7 metastable excitation e+O2→ e+O2 (a1∆g) 0.977
O8 metastable excitation e+O2→ e+O2 (b1Σ+

g ) 1.627
O9 dissociative attachment e+O2→ e+O− 4.2

O10 metastable excitation e+O2→ e+O2 (c1Σ−u A+Σ+
u ) 4.5

O11 dissociation e+O2→ e+O(3P)+O(3P) 6.0
O12 dissociation e+O2→ e+O(3P)+O(1D) 8.4
O13 dissociation e+O2→ e+O(1D)+O(1D) 9.97
O14 ionization e+O2→ e+O+

2 + e 12.06
O15 dissociative excitation e+O2→ e+O+O∗(3p3p) 14.7
O16 dissociative recombination e+O+

2 → O+O
O17 electron impact detachment e+O−→ e+O+ e
O18 mutual neutralization O−+O+

2 → O+O2

O19 detachment O−+O2→ O+O2 + e

Table 2. Nitrogen reaction set, εt is the threshold energy.[12]

No. Name Reaction εt/eV
N1 momentum transfer e+N2→ e+N2

N2 rotational excitation e+N2→ e+N2 (r) 0.02
N3 vibrational excitation e+N2→ e+N2 [v = 1(I)] 0.29
N4 vibrational excitation e+N2→ e+N2 [v = 1(I)] 1.60
N5 vibrational excitation e+N2→ e+N2 (v = 2) 1.70
N6 vibrational excitation e+N2→ e+N2 (v = 3) 1.90
N7 vibrational excitation e+N2→ e+N2 (v = 4) 2.00
N8 vibrational excitation e+N2→ e+N2 (v = 5) 2.10
N9 vibrational excitation e+N2→ e+N2 (v = 6) 2.20

N10 vibrational excitation e+N2→ e+N2 (v = 7) 2.30
N11 vibrational excitation e+N2→ e+N2 (v = 8) 2.50
N12 electronic excitation e+N2→ e+N2 (A3, v = 0–4) 6.17
N13 electronic excitation e+N2→ e+N2 (A3, v = 5–9) 7.00
N14 electronic excitation e+N2→ e+N2 (B3) 7.35
N15 electronic excitation e+N2→ e+N2 (W3) 7.36
N16 electronic excitation e+N2→ e+N2 (A3,v≥ 10) 7.80
N17 electronic excitation e+N2→ e+N2 (B–3) 8.16
N18 electronic excitation e+N2→ e+N2 (A–1) 8.40
N19 electronic excitation e+N2→ e+N2 (A1) 8.55
N20 electronic excitation e+N2→ e+N2 (W1) 8.89
N21 electronic excitation e+N2→ e+N2 (C3) 11.0
N22 electronic excitation e+N2→ e+N2 (E3) 11.9
N23 electronic excitation e+N2→ e+N2 (A1) 12.3
N24 electronic excitation e+N2→ e+N2 (sum of singlets) 13.0
N25 ionization e+N2→ e+N+

2 + e 15.6

These rate coefficients can be obtained by integrating the

corresponding collision cross section over the electron energy

distribution function. For example, the rate coefficient for the

ionization of oxygen can be obtained as

KO14 = NO2

∫
∞

εnO14

√
2ε

me
σO14 f (ε)dε, (6)

where me is the electron mass, and σO14 is the collision ion-
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ization cross section in oxygen. The detailed definition of
these rate coefficients can refer to the work of Nam et al.[7]

The electron energy distribution function is obtained from the
Boltzmann equation solver Bolsig+ at the low Te,[13], and is
assumed as the Maxwellian distribution at the high Te. Next
we deduce the electric field power of the microwave with the
two mutually orthogonal and heterophase electric field com-
ponents.

2.2. Electric field power

The two mutually orthogonal and heterophase electric
field components of the microwave in time are written as

Ex(t) = Exm cos(ωt), (7)

Ey(t) = Eym cos(ωt +∆φ), (8)

where Exm and Eym are the electron field amplitudes in x-
and y-axis direction, respectively, ω is the microwave angu-
lar frequency, and ∆φ is the phase difference between the two
electron field components. When ignoring the magnetic field
force, which is much smaller than the electric field force, the
electron momentum conservation equation can be written as

d𝜐
dt

=
e𝐸
me
−νm𝜐, (9)

where e is the electron charge, and νm is the momentum trans-
fer collision frequency whose definition is similar to Ki above.
By using Eqs. (7)–(9), the electron velocity is solved as

𝜐(t) = υx(t)𝑒x +υy(t)𝑒y, (10)

υx(t) =
eExm [νm cos(ωt)+ω sin(ωt)]

me (ν2
m +ω2)

, (11)

υy(t) =
eEym [νm cos(ωt +∆φ)+ω sin(ωt +∆φ)]

me (ν2
m +ω2)

, (12)

Then the electric field power is obtained as

PE = e𝐸(t) ·𝜐(t)

=
e2E2

xm

2me (ν2
m +ω2)

[νm +νm cos(2ωt)+ω sin(2ωt)]

+
e2E2

ym

2me(ν2
m +ω2)

[νm +νm cos(2ωt +2∆φ)

+ω sin(2ωt +2∆φ)]. (13)

Utilizing Eq. (13), we can deduce the average electric
field power as follows:

PEa = e〈𝐸(t) ·𝜐(t)〉

=
e2νm

me (ν2
m +ω2)

E2
xm +E2

ym

2
, (14)

where 〈 〉 denotes the time average operation. It can be found
from Eq. (14) that PEa does not depend on ∆φ . By comparing

PEa in Eq. (14) with that of the dc electric field,[14] the effective
electric field of the microwave can be defined as

Eeff =
νm√

νm2+ω2

√
E2

xm +E2
ym

2
. (15)

By introducing the effective electric field into the empirical
formulas for the ionization rate, one can easily estimate the
breakdown formation time and threshold.[15] However, to ob-
tain more physical characters, we introduce PE of Eq. (13) into
the global model to simulate the air breakdown in this paper.

In order to well understand the following results, we can
further simplify Eq. (13). At intermediate and high pressures,
νm� ω . Let Exm = Eym = Em, equation (13) is simplified as
follows:

PE ≈
e2E2

mνm

me (ν2
m +ω2)

[1+ cos(2ωt +∆φ)cos(∆φ)] . (16)

It can be found from Eq. (16) that PE depends obviously on
∆φ .

3. Results and discussion
When using the global model to simulate the air break-

down, the initial conditions are taken as follows: ne =

106 m−3, nN+
2
= 7.8× 105 m−3, nO+

2
= 2× 105 m−3, and

nO− = 2× 104 m−3. In this case, the electric neutrality holds
in the air at the initial time. We assume that the air is com-
posed of 20% oxygen and 80% nitrogen since the amounts of
other gases are very small in the air. The dependence of the air
number density on the pressure is nair(m−3) = p(Torr)/760×
2.44×1025.

Since the oscillation frequency of PE is two times larger
than that of the electric field (see Eq. (16)), we can consider
the case of 0 ≤ ∆φ ≤ π . Figure 1 shows the variation of
electron temperature and density with time at P = 760 Torr,
f = 2.85 GHz, Exm = Eym = 2.5 MV/m, and different ∆φ . The
electric field components of the incident microwave in time
can refer to Eqs. (7) and (8). We see from Fig. 1(a) that the
electron temperature oscillates with time, and its oscillation
frequency is two times larger than that of the electric field. It
can be found from Eq. (16) that the electric field power PE can
reach the maximum when ∆φ = kπ (k = 0, ±π , ±2π , . . .).
Therefore, among the four electron temperature amplitudes
corresponding to different ∆φ , the one at ∆φ = 0 is maximum,
as shown in Fig. 1(a). At ∆φ = π/2, PE can be approximated
as constant (see Eq. (16)), and therefore the electron temper-
ature Te remains almost unchanged with time. In this case,
the electron temperature amplitude is minimum. At other ∆φ

such as 0.25π and 0.75π , the electron temperature amplitude
lies between the maximum and the minimum.

We see from Fig. 1(b) that the phase difference ∆φ plays
an important role in the electron density growth since the for-
mer affects the electron temperature obviously. At the high
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pressure, the electron temperature is low, and the ionization
occurs only at the electron temperatures higher than the critical
value. At the larger electron temperature amplitude, the ion-
ization rate is larger and the time of electron density growth
over one temperature period is longer. Therefore, the larger
the electron temperature amplitude is, the faster the electron
density grows. It can also be expected that the electron den-
sity growth is fastest at ∆φ = 0, as shown in Fig. 1(b). We see
from Fig. 1(b) that the growth rate of the electron density is
close to a constant at ∆φ = π/2. This is due to the fact that the
electron temperature remains almost unchanged with time.
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Fig. 1. (color online) (a) Variation of electron temperature with time.
(b) Variation of electron density with time. P= 760 Torr, f = 2.85 GHz,
Exm = Eym = 2.5 MV/m, and ∆φ = 0, 0.25π , 0.5π , 0.75π .

Figure 2 shows the variation of electron temperature and
density with time at P = 76 Torr, f = 2.85 GHz, Exm = Eym =

2.5 MV/m, and different ∆φ . At 76 Torr, the electron tempera-
ture amplitude is higher than that at 760 Torr. This is due to the
increase in the collision interval during which the electrons are
accelerated by the microwave and can gain energy. The effect
of ∆φ on the electron temperature at 76 Torr is similar to the
case of 760 Torr. However, the difference among the electron
densities corresponding to different ∆φ is small. This can be
attributed to the fact that the average electric field powers in
Eq. (14) for different ∆φ are the same, and with high electron
temperature amplitudes, the reaction rate coefficients are not
sensitive to the electron temperature oscillation.
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Fig. 2. (color online) (a) Variation of electron temperature with time.
(b) Variation of electron density with time. P = 76 Torr, f = 2.85 GHz,
Exm = Eym = 2.5 MV/m, and ∆φ = 0, 0.25π , 0.5π , 0.75π .

Figure 3 shows the breakdown formation time tb as a
function of air pressure at f = 2.85 GHz, Exm = Eym =

2.5 MV/m, and ∆φ = 0, 0.25π , 0.5π , 0.75π . The breakdown
formation time is defined as the time in which the electron den-
sity reaches 108 times the initial density.[16] From the analysis
of Figs. 1 and 2, it can be expected that at high pressures, the
phase difference ∆φ has an obvious impact on the breakdown
formation time tb and as the pressure decreases the impact be-
comes small, as shown in Fig. 3. In Fig. 4, corresponding to
the case of Fig. 3, the effective electric field (see Eq. (15))
normalized to the pressure is shown as a function of P · tb (the
pressure times the breakdown formation time). The simulation
results show the same trend as that in the experiment of Foster
et al.[17]
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Fig. 3. (color online) Breakdown formation time tb as a function of air
pressure at f = 2.85 GHz, Exm = Eym = 2.5 MV/m, and ∆φ = 0, 0.25π ,
0.5π , 0.75π .
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Fig. 5. (color online) Reaction rates as a function of pressure when the
electron density reaches 108 times the initial density. f = 2.85 GHz,
Exm = Eym = 2.5 MV/m, and ∆φ = 0.5π .

It can be seen from Eq. (1) and Tables 1 and 2 that the
variation of the electron density with time is related to the ion-
ization of nitrogen (N25), ionization of oxygen (O14), dis-
sociative attachment in oxygen (O9), dissociative recombi-
nation in oxygen (O16), electron impact detachment (O17),
and detachment in oxygen (O19). Figure 5 shows how these
reaction sets affect the variation of the electron density at
f = 2.85 GHz, Exm = Eym = 2.5 MV/m, and ∆φ = 0.5π . It
is clear that the ionization of nitrogen and oxygen causes the
growth of the electron density. At low and moderate pres-
sures, the ionization rate of oxygen is lower than that of ni-
trogen, since the oxygen number density is smaller than that
of nitrogen. However, at high pressures, the ionization rate
of oxygen is close to or higher than that of nitrogen. This is
because Te is low, and then the tail of the electron energy dis-
tribution locates in the low energy region, which causes higher
oxygen ionization due to its lower ionization threshold energy
(12.06 eV for oxygen and 15.6 eV for nitrogen). We also see
from Fig. 5 that the electron density loss due to the dissociative
attachment and dissociative recombination is obvious only at

high air pressures. The results similar to Fig. 5 can also be
observed at other ∆φ .

4. Conclusion
When the microwave has two mutually orthogonal and

heterophase electric field components, the electron momentum
conservation equation is employed to deduce its electric field
power and effective electric field for heating electrons. The
formula of electric field power, which depends obviously on
the phase difference between the electric field components, is
introduced into the global model to simulate the air breakdown
caused by the microwave. The breakdown prediction from the
global model agrees well with the previous experimental data.
The simulation results show that the electron temperature os-
cillates with time, and its amplitude depends obviously on the
phase difference between the two electric field components.
The phase difference has an important impact on the time evo-
lution of the electron density at low electron temperature am-
plitudes, and as the amplitudes increases, this impact becomes
small. This can be attributed to the fact that the average elec-
tric field powers for different phase differences are the same,
and with high electron temperature amplitudes, the reaction
rate coefficients are not sensitive to the electron temperature
oscillation. In addition, we find that the ionization of nitro-
gen and oxygen induces the growth of electron density, and
the density loss due to the dissociative attachment and disso-
ciative recombination is obvious only at high air pressures.
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