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We conducted a theoretical study on the electronic properties of a single-layer graphene asymmetric quantum well.
Quantification of energy levels is limited by electron–hole conversion at the barrier interfaces and free-electron continuum.
Electron–hole conversion at the barrier interfaces can be controlled by introducing an asymmetry between barriers and
taking into account the effect of the interactions of the graphene sheet with the substrate. The interaction with the substrate
induces an effective mass to carriers, allowing observation of Fabry–Pérot resonances under normal incidence and extinction
of Klein tunneling. The asymmetry, between barriers creates a transmission gap between confined states and free-electron
continuum, allowing the large graphene asymmetric quantum well to be exploited as a photo-detector operating at mid- and
far-infrared frequency regimes.
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1. Introduction
Due to its special fundamental properties[1–4] and po-

tential applications in the fields of nanoelectronics, optoelec-
tronics, spintronics, and sensors,[5–13] graphene has attracted
enormous scientific and technological interest. Faced with its
properties such as sensitivity to the entire ultraviolet to far-
infrared range light[14,15] that offer a multitude of applica-
tion possibilities,[16,17] some are looking for graphene photo-
detectors operating at different wavelength regimes.[18,19]

Thus graphene nanostructures of reduced dimensionality, such
as quantum wells and quantum dots, are very interesting sys-
tems for the study of fundamental physical phenomena for
photo-detectors and photo-voltaic cells.

Due to the chiral nature of quasi-particles, quantum tun-
neling in graphene becomes highly anisotropic and qualita-
tively different from the case of non-relativistic electrons,
and strongly affects the transport properties.[20] Limitations
encountered for graphene are essentially the zero gap, the
very weak spin–orbit coupling, and the absence of hyper-
fine interaction.[21] The fundamental problem to be solved is
the ability to make semiconductor tunable gaps and lift the
degeneracy of valleys K and K′ in order to remove trans-
mission via the Klein tunneling process. Several schemes
have been proposed to overcome this problem such as single-
layer strips, gated nanoribbons, gated and/or doped bilayers,
etc.[22,23] In this work, we confine electrons in monolayer
graphene by imposing a confining potential using the “split
gate technology”.[24,25] The graphene sheet is coupled to a

substrate which has a wide gap and a structure similar to that of
graphene with a lattice parameter difference less than 4◦/◦.[26]

The stable configuration of a graphene sheet on the top of
hexagonal boron nitride h-BN (Cu) induces an energy gap of
53 meV (9 meV).[27–29] The presence of the substrate causes
the appearance of electron–hole puddles, leading to the fluc-
tuation of the Fermi energy near the Dirac point,[30–32] which
limits the device performance. The disorder strength depends
strongly on the substrate and the Fermi energy of the electron–
hole puddles reaches 55.6 meV for the SiO2 substrate.[33] Un-
til now, the experimental results have shown that h-BN is the
most appealing substrate which offers high quality graphene
devices.[33,34] Indeed, the Fermi energy of the electron–hole
puddles induced by the h-BN substrate is about 5.4 meV.[33]

As the Fermi energy remains sufficiently larger than that cor-
responding to the puddles, the graphene sheet is considered to
be perfect and the effect of the electron–hole puddles can be
neglected.

The previous theoretical studies on relativistic fermions
have indicated that the nature of electron states in graphene
quantum wells differs considerably from that of the non-
relativistic case.[22] Relativistic electrons in the quantum well
have two essential properties. First, the confined state presents
an unusual quasi-linear dependence on the free component of
the wave vector and the quantification of the energy levels is
limited by the electron–hole conversion at the barrier inter-
faces due to the Klein tunneling of electrons to holes outside
the potential well.[22] Second, there is a constructive interfer-
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ence between confined states and free states at the edge of the
free electron continuum.[22] Hence we are interested to find
the scattering mechanisms that may occur in a quantum well
of graphene. Mhamdi et al.[35] deepened the study of the back-
scattering caused by the action of the potential well on the
charge carriers.

Wang et al.[36] presented a theoretical study of the quan-
tum well based on graphene and narrow semiconductors with
two different energy gaps. They proposed to use graphene
quantum wells to fabricate photovoltaic cells.[36] In this case,
the effect of the effective mass induced by the coupling with
the substrate is not important and does not affect the energy
spectrum. Questions that arise here are can this theoretical
model be extended to low energy regimes, namely, mid- and
far-infrared frequency regimes, and what is the physical quan-
tity that proves this model can be applied to fabricate photo-
voltaic cells and mid/far-infrared photo-detectors.

To respond to these questions, we present in this paper
a theoretical study on graphene quantum wells based on low
Fermi energies (< 1 eV). We show that in such systems, the
electron–hole conversion at the barrier interfaces can be con-
trolled by introducing an asymmetry between the barriers and
taking into account the coupling of the graphene sheet with
the substrate, thereby controlling the number of quantized en-
ergy levels near the Dirac point and the reflection probability
of electrons propagating along the quantum well. This paper
is organized as follows. In Section 2, the theoretical model
for the electrostatic potential is described. In Section 3, the
spectrum of the confined states in the graphene asymmetric
quantum well and the reflection properties are studied. The
concluding remarks are given in Section 4.

2. Model
In monolayer graphene, the carriers near the Dirac points

behave as mass-less particles and are governed by a 2D Dirac
Hamiltonian[37,38] given by vF(𝜎 ·𝑝), where vF = 106 m·s−1

denotes the Fermi velocity, 𝜎= (σx,σy) is the pseudospin ma-
trix with components of the Pauli matrices, and 𝑝 = (px, py)

is the momentum operator. The model system we are inter-
ested in is a graphene asymmetric quantum well of width L
(see Fig. 1) on the top of a substrate. The corresponding con-
fining potential V (x) is represented in the general form as fol-
lows:

V (x) =

VI, x < 0,
VII = 0, 0≤ x≤ L,
VIII, x > L.

(1)

In the presence of one dimensional confining potential V (x)
and a substrate which induces a band gap that generates an ef-
fective mass like term mv2

F, the low energy properties of the
carriers with energy E are described by the Dirac equation[

vF (𝜎 ·𝑝)+V (x)+mv2
Fσz
]
Ψ = EΨ , (2)

where we have neglected the inter-valley coupling.[35,39] In
a given valley, a single-electron wave function of graphene
is described as two-component spinor[13,39–44] Ψ = [ΨA,ΨB]

T

where ΨA and ΨB refer to the two sublattices in the two-
dimensional honeycomb lattice of carbon atoms (A and B).

VI
VIII

DV

x/ x/L

x

Fig. 1. Schematic diagram of the potential asymmetric quantum well.

Due to the translation invariance in the y direction, the
motions in the x and y directions are decoupled and the so-
lution can be written as ΨA(x,y) = φA(x)e ikyy an ΨB(x,y) =
φB(x)e ikyy, where ky is the free component of the wave vector.

By introducing new dimensionless variables ξ = x/L,
β = kyL, ε = EL/h̄vF, u = V (x)L/h̄vF, and ∆ = mv2

FL/h̄vF,
equation (2) takes the following dimensionless form:

dφB(ξ )

dξ
+βφB (ξ ) = i (ε−u−∆)φA (ξ ) , (3a)

dφA(ξ )

dξ
−βφA (ξ ) = i (ε−u+∆)φB (ξ ) . (3b)

These equations can be decoupled and formally written as

d2φA(ξ )

dξ 2 +
u′

ε−u+∆

dφA(ξ )

dξ

−
[

β
2 +β

u′

(ε−u+∆)
− (ε−u)2 +∆

2
]

φA(ξ ) = 0, (4)

where u′ is the derivative of the potential. The analytical solu-
tion is obtainable for constant u(x) and equation (4) becomes

d2φA(ξ )

dξ 2 − f (β )φA(ξ ) = 0, (5)

where f (β )= [β 2−(ε−u)2+∆ 2]. Equation (5) does not have
the form of the usual Schrödinger equation with potential u
and eigenvalue ε . The behavior of the solution will depend on
the sign of f (β ). The solutions may be real for f (β )> 0 and
standing waves occur, and they may be complex for f (β )< 0
and traveling waves arise.

Recall that we study the case of a square asymmetric po-
tential allowing u(ξ ) taking three different constant values,
otherwise f (β ) admits three expressions having the same sign
or different signs. Different possible combinations of f (β )
sign for the three regions I, II, and III allow us to construct an
energy diagram showing the possible states of the carriers.
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We show in Fig. 2 the energy diagram related to
an asymmetric quantum well defined by VI = 50 meV,
VII = 0 meV, VIII = 80 meV, and mv2

F = 10 meV.
Zone boundaries E0, E1, E2, E3, and E4 appearing in
Fig. 2 correspond to f (β ) = 0 and are given by E0 =√
(h̄vFky)2 +(mv2

F)
2, E1 = VI +

√
(h̄vFky)2 +(mv2

F)
2, E2 =

VI −
√
(h̄vFky)2 +(mv2

F)
2, E3 = VIII +

√
(h̄vFky)2 +(mv2

F)
2,

and E4 = VIII−
√
(h̄vFky)2 +(mv2

F)
2. Curves E0 and E1 de-

limit electron confined states respectively from the prohibited
area and the semi-diffusive electron continuum. The curve E4

introduces a cutoff in the spectrum at low wave vectors that
arises due to the electron–hole conversion at the barrier inter-
faces. In both cases, kyA < ky < kyC and ky > kyC, where A (C)

is the intersection of curves E1 and E4 (E0 and E4), the elec-
tron seems to be confined in an effective symmetric quantum
well whose barrier heights are respectively E1−E4 and VI and
characteristics are given in Figs. 3(a) and 3(b).
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Fig. 2. (color online) Energy diagram related to an asymmetric well defined by VI = 50 meV, VII = 0, VIII = 80 meV, and L = 200 nm. The energy gap
induced by the substrate is 2mv2

F = 20 meV.
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Fig. 3. (color online) (a) Effective quantum well for kyA < ky < kyC . (b) Effective quantum well for ky > kyC .

For kyA < ky < kyC (see Fig. 3(a)), the barrier height de-

pends on the free component of the wave vector ky and is given

by E1−E4 = 2
√

(h̄vFky)
2 +
(
mv2

F

)2−∆V . The barrier height

approaches 2h̄vFky in the absence of coupling with the sub-

strate when ∆V reaches zero, which explains the fact that the

number of levels depends strongly on ky.[22] Note that kyA and

kyC are shifted to lower wave vectors where kyC coincides with

kyB which is given by VI/2h̄vF. B is the intersection of curves

E0 and E2. In this case, at kyA that approaches zero, the bar-

rier height is zero or small enough, thus prohibiting the con-

finement of carriers, and this corresponds to the normal elec-

tron incidence which allows the electron to travel along the

quantum well. The coupling with the substrate induces an en-

ergy gap of 2mv2
F that generates a potential barrier of height

2mv2
F−∆V at kyA = 0, where carriers find their non-relativistic

behavior and quantized states appear at ky = 0.
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In contrast to the previous case, the barrier height for
ky > kyC (Fig. 3(b)) is constant and equals to VI. In both cases,
the height of the barrier is independent of the width of the
quantum well.

To better understand the physics of this system, we con-
duct a theoretical study using analytical and numerical calcu-
lations. We establish a transcendental equation that charac-
terizes the confined states. Electron semi-diffusive continuum
and free electron continuum are characterized by an electronic
reflection coefficient.

For the confined states, the spinor components decay ex-
ponentially in regions I and III. The A component of the spinor
takes the following form:

φA (ξ ) =

 A1 eα1ξ , ξ < 0,
B1 cos(α2ξ )+B2 sin(α2ξ ) , 0 < ξ < 1,
A3 e−α3ξ , ξ > 1,

(6)

with

α1 =

√
β 2− (ε−u0)

2 +∆ 2,

α2 =

√
(ε−u1)

2−β 2−∆ 2,

α3 =

√
β 2− (ε−u2)

2 +∆ 2,

where u0 =VIL/h̄vF, u1 =VIIL/h̄vF, and u2 =VIIIL/h̄vF.
From Eqs. (3b) and (6), φB (ξ ) can be given as

φB (ξ ) =



iA1 f1 eα1ξ , ξ < 0,
i

ε−u1 +∆
{B1[β cos(α2ξ )

+α2 sin(α2ξ )]
+B2[−α2 cos(α2ξ )
+β sin(α2ξ )]}, 0 < ξ < 1,
iA3 f3 e−α3ξ , ξ > 1,

(7)

with

f1 =
β −α1

ε−u0 +∆
,

f3 =
β +α3

ε−u2 +∆
.

By conducting a study similar to Pereira et al.’s work,[22]

we derive the transcendental equation

S1 (S3 sin(α2)−α2cos(α2))+α2(S3 cos(α2)

+ α2sin(α2)) = 0, (8)

where S1 = β − (ε−u1 +∆) f1 and S3 = β − (ε−u1 +∆) f3.
The spinor two-components of the propagating wave so-

lutions at a given incident energy E are represented by

φA =


a0 e ik0ξ +b0 e−ik0ξ , ξ ≤ 0,
a1 e ik1ξ +b1 e−ik1ξ , 0≤ ξ ≤ 1,
a2 e ik2ξ , ξ ≥ 1,

(9)

φB =



−i
(ε−u0 +∆)

[(ik0−β )a0 e ik0ξ

−(ik0 +β )b0 e−ik0ξ ], ξ ≤ 0,
−i

(ε−u1 +∆)
[(ik1−β )a1 e ik1ξ

−(ik1 +β )b1 e−ik1ξ ], 0≤ ξ ≤ 1,
−i

(ε−u2 +∆)

[
(ik2−β )a2 e ik2ξ

]
, ξ ≥ 1,

(10)

where

k0 =
√

(ε−u0)2−β 2−∆ 2,

k1 =
√

(ε−u1)2−β 2−∆ 2,

k2 =
√

(ε−u2)2−β 2−∆ 2.

The reflection and transmission amplitudes across the
graphene quantum well are given respectively by r = b0/a0

and t = a2/a0. Similarly to Mhamdi et al.’s work,[35] we de-
rive the following expression for refection r:

r =
r01−

r01

r10
r12 e2ik1

1− r∗10r12 e2ik1
, (11)

where

rmn =

ε−un +∆

ε−um +∆
(ikm−β )− (ikn−β )

ε−un +∆

ε−um +∆
(ikm +β )+(ikn−β )

.

Here rmn and r∗mn denote respectively the reflection amplitude
and its complex conjugate for two neighboring regions labeled
by m and n. Note that m, n = 0, 1, 2 label regions respectively
defined by potentials VI, VII, and VIII appearing in Eq. (1).

The total reflection probability R is obtained by taking
the square of the module of the reflection amplitude 𝑟 given
by Eq. (11) R = |𝑟|2, and the total transmission probability is
given by T = 1−R.

In the next section, we focus on presenting properties of
confined, semi-diffusive, and free electron states, where we
will analyze the effects of the effective mass, the width of the
well, and the heights of the barriers.

3. Results
Equation (8) is solved numerically and the resulting con-

fined state energy spectrum is shown in Fig. 4 for an asymmet-
ric quantum well characterized by VI = 50 meV, VII = 0 meV,
VIII = 80 meV, and L = 200 nm. The graphene sheet is on
the top of a substrate that induces an energy gap of 20 meV
(mv2

F = 10 meV) which is, in this case, less than the asymme-
try ∆V =VIII−VI = 30 meV.

The confined states are allowed only for ky > kyA and they
show an unusual quasi-linear dependence on the free com-
ponent of the wave vector ky. Also note that the number of
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levels depends on ky for low and large wave vectors. This is
due to the cutoff induced by the curves E1 and E4 delimiting
the confined states from the continuum regions. For ky > kyC,
the confined states become increasingly dense when increas-
ing ky and the dispersion branches are given approximately by

E(ky) = h̄vF

√
(nπ/L)2 + k2

y +(mvF/h̄)2.
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Fig. 4. (color online) Confined state energy spectrum for VI = 50 meV,
VII = 0, VIII = 80 meV, L = 200 nm, and mv2

F = 10 meV.

The dispersion branches intercept curves E1 and E4 and a
new class of confined states appears, mixed states, which refer
at the same time to confined states and semi-diffusive elec-
tron states or free-hole states. Thus by an adiabatic increase
of ky, one can convert the carrier state from free-hole electron
in a semi-diffusive state into a bound electron state. The gen-
eral behavior of the confined states is similar to those in the
presence of a symmetric quantum well potential,[22] where the
limit of the electron–hole conversion is shifted to higher ener-
gies by ∆V which characterizes the asymmetry.

Now, we focus on the effect of the energy gap 2mv2
F in-

duced by the substrate when it exceeds the asymmetry ∆V .
In Fig. 5, we plot the spectrum of the confined states for the
same parameters as those in Fig. 4 while changing the sub-
strate. In this case, we consider an energy gap of 53 meV
(mv2

F = 26.5 meV). Figure 5 shows that the effective mass-like

term mv2
F has a short range effect. Indeed, the effect of mv2

F
is important for wave vectors smaller than kyC where carri-
ers have the non-relativistic behavior, and the quantized states
appear at ky = 0. This can be justified by studying the total
reflection probability R under normal incidence (ky = 0). In
Fig. 6(a), we plot the variation of R with the incident energy
for ky = 0. For mv2

F = 0 and regardless of the asymmetry the
coefficient R is always equal to zero, which is a signature of
the Klein tunnelling.[26] When mv2

F = 26.5 meV and ∆V = 0,
which correspond to a symmetric quantum well, R reaches
a series of minima. We notice that the minima, correspond-
ing to the transparency, always reach zero. In this case, the
transparency condition corresponds to the Fabry–Pérot reso-
nance. Indeed, for a symmetric quantum well, the total reflec-
tion probability R takes the following expression:

R =
4|r01|2sin2(αL)

{1−|r10|2 cos(2αL)}2 +{|r10|2 sin(2αL)}2 , (12)

where

α =

√(
E

h̄vF

)2

− k2
y −
(mvF

h̄

)2
.
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Fig. 5. (color online) Confined states energy spectrum for VI = 50 meV,
VII = 0, VIII = 80 meV, L = 200 nm, and mv2

F = 26.5 meV.
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Fig. 6. (color online) (a) Total reflection probability R under normal incidence (ky = 0) as a function of incident energy. The quantum well is defined
by VI = 50 meV, VII = 0, VIII = 50 meV + ∆V , and L = 200 nm. The magenta curve corresponds to the two cases of (mv2

F = 0, ∆V = 0) and (mv2
F = 0,

∆V = 30 meV), the red curve to (mv2
F = 26.5 meV, ∆V = 0), and the blue curve to (mv2

F = 26.5 meV, ∆V = 30 meV). (b) Schematic diagrams of the
spectrum carriers in monolayer graphene on the top of the h-BN substrate.
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For ky = 0, the perfect transparency condition is given by
αL = nπ , where α =

√
(Eh̄/vF)2− (mvF/h̄)2, which is the

condition on the wave length λ = 2π/α = 2L/n usually as-
sociated to the Fabry–Pérot resonance. Then the interaction
of the graphene sheet with the substrate induces an effective
mass to the carriers, allowing the observation of the Fabry–
Pérot resonance under normal incidence and the extinction of
Klein tunnelling.

For a given asymmetry, the semi-diffusive continuum is

located between curves E1 = VI +
√
(h̄vFky)2 +(mv2

F)
2 and

E3 = VIII +
√
(h̄vFky)2 +(mv2

F)
2. For ky = 0, E1 = VI +mv2

F

and E3 = VIII +mv2
F and they are respectively 76.5 meV and

106.5 meV for mv2
F = 26.5 meV. As seen in Fig. 6(a), the

asymmetry creates a transmission gap between the confined
states and the free-electron continuum, wherein incident elec-
trons with energies corresponding to the semi-diffusive con-
tinuum are completely reflected. This transmission gap char-
acterizing the semi-diffusive continuum can be justified using
a schematic diagram of the spectrum carriers in monolayer
graphene on the top of the h-BN substrate (see Fig. 6(b)). In
fact, an incident electron with energy E, located in the interval
of the semi-diffusive states, is forbidden to pass to the region
characterized by the potential VIII where no available states ex-
ist due to the gap induced by the substrate (see Fig. 6(b)).

The confined states that appear at zero ky (see Fig. 5) be-
long to branches that do not intercept zones of the electron–
hole conversion and the semi-diffusive electron continuum.
For a given effective mass-like term mv2

F, the number of con-
fined states in the vicinity of ky = 0 depends strongly on the
asymmetry ∆V that induces a cutoff in the spectrum at low
wave vectors. In Fig. 5, we notice that there are three con-
fined states at ky = 0 for mv2

F = 26.5 meV and ∆V = 30 meV.
This number increases to seven when ∆V reaches zero. In fact,
when ∆V reaches zero, curve E4 is shifted to lower energies to
coincide with E2 and all confined states with low energies are
switched on. Then the asymmetry between the barriers can
control the number of confined electrons. Furthermore, the
main sources of decoherence are considerably weak, namely,
the spin–orbit coupling and the hyperfine interaction. There-
fore graphene on the the top of hexagonal boron nitride h-BN
substrate can be exploited in the application of graphene quan-
tum wells and quantum dots as logic states at the nanoscale.

For ky higher than kyC, the spectrum presents the same
properties as those obtained in Fig. 4. The study of the total
reflection probability R shows that an incident electron with an
energy lying in the range of semi-diffusive energies is totally
reflected as shown in Fig. 7 where we plot R as a function the
electron incident energy for ky = 0.1 nm−1 > kyC. Indeed, for
a symmetric quantum well, the coefficient R oscillates with the
incident energy and the minima attain zero. The particular en-
ergies corresponding to the transparency of the quantum well

(R = 0) are given by

E (ky) = h̄vF

√(nπ

L

)2
+ k2

y +
(mvF

h̄

)2
.

The associated condition on the wave length is λ ′ = 2π/α ′ =

2L/n, where α ′ =
√
(nπ/L)2 + k2

y +(mvF/h̄)2 corresponds to
the Fabry–Pérot resonances. These Fabry–Pérot resonances
become denser when increasing the width L of the quantum
well, indicating that the quantum well possesses very dense
confined states (see Figs. 8 and 9). The number of confined
states depends on the width and the potential barrier height
VI. In fact, when ky > kyC and for a given width L, the dis-
persion branches of confined states are approximately given

by E(ky) = h̄vF

√
(nπ/L)2 + k2

y +(mvF/h̄)2. These confined
states are situated between E0 and E1 given respectively by√

(h̄vFky)2 +(mv2
F)

2 and VI +
√

(h̄vFky)2 +(mv2
F)

2. Then by
increasing the width L and the barrier height VI, the confined
states become more and more dense.
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Fig. 7. (color online) Total reflection probability R under oblique inci-
dence (ky = 0.1 nm−1) as a function of incident energy. The quantum well
is defined by VI = 50 meV, VII = 0, VIII = 50 meV + ∆V , and L = 200 nm.
The red curve is for (mv2

F = 26.5 meV, ∆V = 0) and the blue curve is for
(mv2

F = 26.5 meV, ∆V = 30 meV).
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Fig. 8. (color online) Confined state energy spectrum for VI = 50 meV,
VII = 0, VIII = 80 meV, L = 400 nm, and mv2

F = 26.5 meV.
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Fig. 9. (color online) Total reflection probability R under oblique inci-
dence (ky = 0.1 nm−1) as a function of incident energy. The quantum well
is defined by VI = 50 meV, VII = 0, VIII = 50 meV + ∆V , and L = 400 nm.
The red curve is for (mv2

F = 26.5 meV, ∆V = 0) and the blue curve is for
(mv2

F = 26.5 meV, ∆V = 30 meV).

The presence of an asymmetry of 30 meV creates a trans-
mission gap characterized by R = 1 (see Figs. 7 and 9). The
transmission gap is situated between E = 110.08 meV and
E = 140.08 meV that correspond to the limits of the semi-
diffusive continuum when ky = 0.1 nm−1, mv2

F = 26.5 meV,
and ∆V = 30 meV. For E > 140.08 meV, R goes through a
series of minima that do not reach zero. These minima cor-
respond to the same positions of the Fabry–Pérot resonances,
indicating that the asymmetry does not affect the electron con-
fined states.

This transmission gap opens the door for the application
of graphene quantum wells as a photo-detector. Indeed, by ab-
sorbing a photon in a given frequency, an electron, occupying
a bound state, is excited into a semi-diffusive state where it
will be totally reflected and then be harvested from the side
of the barrier VI (see Fig. 10). The presence of very dense
bound states indicates that the graphene quantum well can ab-
sorb photons with different frequencies to produce electricity.
The barrier height VI and the asymmetry ∆V determine the
frequency operating regime of the photo-detector. For exam-
ple, for far-infrared radiation at frequency between 0.3 THz
and 20 THz, corresponding to the range from about 1.2 meV
to 83 meV, VI should be less than or equal to 83 meV so there
would be enough numbers of electrons excited to the semi-
diffusive continuum. The asymmetry ∆V should be larger
than 83 meV to ensure that no electron escapes to the free
electron continuum. Based on this example, we conclude that
the asymmetry ∆V should be larger than the barrier height VI

(see Fig. 1). Note that this theoretical model is limited to low
Fermi energies (E < 1 eV)[20] where the spectrum of quasi-
particles in single-layer graphene is linear and modelled by
the 2D Dirac Hamiltonian. Then this theoretical model can be
extended only to the far infrared frequency regime.

excited

electrons

photons

confined

states

VI

VIII

Fig. 10. (color online) Graphene asymmetric quantum well presenting
very dense bound states and absorbing photons with different frequencies.

4. Conclusion
We presented a theoretical study and numerical results on

the electronic properties of a single-layer graphene asymmet-
ric quantum well on the top of a substrate. The interaction
with the substrate induces an effective mass-like term to carri-
ers and quantized states appear around ky = 0, where ky is the
free component of the wave vector. This effective mass-like
term is characterized by the appearance of Fabry–Pérot reso-
nances under normal incidence. The creation of an asymmetry
between the barriers can control the number of confined states
around ky = 0. For a large quantum well and when ky is larger
than a given kyC, the confined states are very dense, which im-
plies that the graphene quantum well can absorb photons with
different frequencies. The asymmetry creates a transmission
gap between the confined states and the free electron contin-
uum, and the excited electrons in the bound states to the semi-
diffusive continuum are totally reflected and then harvested to
produce electricity. The graphene asymmetric quantum well
can be exploited as photo-detectors operating at far- and mid-
infrared frequency regimes.
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