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Two-color light-emitting diodes with polarization-sensitive high
extraction efficiency based on graphene
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In the present study, graphene photonic crystals are employed to enhance the light extraction efficiency (LEE) of
two-color, red and blue, light-emitting diode (LED). The transmission characteristics of one-dimensional (1D) Fibonacci
graphene photonic crystal LED (FGPC-LED) are investigated by using the transfer matrix method and the scaling study
is presented. We analyzed the influence of period, thickness, and permittivity in the structure to enhance the LEE. The
transmission spectrum of 1D FGPC has been optimized in detail. In addition, the effects of the angle of incidence and the
state of polarization are investigated. As the main result, we found the optimum values of relevant parameters to enhance
the extraction of red and blue light from an LED as well as provide perfect omnidirectional and high peak transmission
filters for the TE and TM modes.
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1. Introduction
Light-emitting diodes (LEDs) are small new-type low

power, long lifetime, and convenient light sources that are
used in backlight lighting of liquid crystal displays, automo-
tive lighting, sign illuminations, and vehicle and traffic sig-
nals. For these and other advanced applications, LEDs with
higher light output at lower power consumption are needed.[1]

A source of white light needs LEDs that deliver red, green,
and blue light. The first red LED was created in the 1950s and
researchers then managed to create devices emitting light at
shorter wavelengths, reaching green by the 1960s. However,
researchers struggled to create blue light. The Nobel Prize in
Physics 2014 was awarded jointly to Isamu Akasaki, Hiroshi
Amano, and Shuji Nakamura “for the invention of efficient
blue LEDs which has enabled bright and energy-saving white
light sources”.[2,3]

However, there is a problem in LED technology devel-
opment denoting that the refractive index between air and the
materials is large, resulting in the light produced by the active
area having total internal reflection at the interface of materi-
als with different refractive indexes, and not being extracted.
Then the efficiency of these devices is limited due to the to-
tal internal reflection in the active region (e.g., semiconductor)
interface and the outer medium. The critical angle of the to-
tal internal reflection is low (e.g., 18.4◦ for GaAs and 23◦ for
GaN), so only a small fraction of light generated in the active
region of the LED can escape into the outer environment. The
light extraction efficiency (LEE) at the active region/air single
interface is about∼ 1/4n2.[4] Therefore, the external quantum
efficiency of LEDs is poor even when the internal quantum

efficiency is close to unity.
To avoid the above structural problem of LEDs and to ex-

tract more light from them, researchers have suggested several
approaches, such as changing the LED chip shape,[5] nanohy-
brid structures,[6–8] micro-rods,[9] developed electron block-
ing layer structure,[10] photon recycling,[11] coupling to sur-
face plasmonic modes,[12] roughening the surface[13,14] and
metallic photonic crystal embedding in LED.[15] These ap-
proaches, however, do not alter directly the spontaneous emis-
sion properties of the devices. While, roughened surface, is
an inexpensive to increase the light extraction efficiency, its
morphology is irregular and uncontrolled. Recently, an ap-
proach using photonic crystals (PCs) was adopted and the LEE
was enhanced dramatically. In this method, a two-dimensional
(2D) PC is prepared in an LED surface in order to improve the
LEE of LED surface using different periods of PC structures
patterned in the surface.[16] The aim of this method is to avoid
total internal reflection and to prevent lateral propagation of
the light-waveguide effect and to enhance light extraction ef-
ficiency. The existence of a photonic band gap in a PC at the
light emission wavelengths of LED modifies the guiding prop-
erties and reduces the waves propagating in lateral directions
relative to the LED axis.[17] The enhancement of LEE in PC-
LED occurs through a combination of spontaneous emission
enhancement from a photonic crystal effect and Bragg scatter-
ing, which reduces parasitic absorption.[18]

Graphene, as a kind of gapless two-dimensional semi-
conductor, has attracted significant attention in recent years
owing to its abundant potential application in nanoelectronic
devices and optoelectronic devices. Due to the unique and
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extraordinary properties including high mobility of carriers,
flexibility, robustness, environmental stability,[19,22] electronic
energy spectrum without a gap between the conduction and
valence bands, and frequency independent absorption of elec-
tromagnetic radiation, graphene has been the object of many
recent experimental and theoretical studies in photonics.[23]

This property makes graphene a suitable option for optoelec-
tronic devices such as transparent electrodes, designing pho-
tonic devices, and optical display materials.[24,25] Recently, it
has been shown that graphene can be used in tunable terahertz
devices.[26,27] Improvement of the sensitivity of localized sur-
face plasmon resonance (SPR) sensors by graphene was also
reported.[28] One-dimensional graphene-based photonic crys-
tals (1D-GPC), in which the graphene sheets are embedded
between adjacent layers as a new type of transmission filter,
attract considerable interest.[29]

Considering the benefits of using PCs as well as graphene,
the present study attempts to explore how to enhance the
LEE by considering the photonic band structure of one-
dimensional Fibonacci quasi-periodic graphene photonic crys-
tal (1D-FGPC). To reach this goal, we adopt the transfer ma-
trix method to study the propagation of light through 1D-
FGPC by using the optical conductivity of graphene.[30] Then,
we theoretically introduce the optimized 1D-FGPC hybrid
structure to design the high extracted red and blue LEDs.

2. Model and theoretical framework
According to the definition of light extraction efficiency

ηextr of light emission from an LED, we have

ηextr=
Nfree

emit
Nemit

, (1)

where Nfree
emit is the number of photons emitted into free space

per second and Nemit is the total number of photons emitted
from the active layer per second. The external quantum ef-
ficiency is given as a product of the injection efficiency ηinj

(the ratio of the number of electrons injected into the active
region to the number of electrons injected into the device), the

light extraction efficiency, and the internal quantum efficiency
ηint (that is known to strongly depend on the injected carrier
density). Since the internal quantum efficiency is the ratio of
the radiative recombination rate Krad to the total recombination
rate Krad+Knon, the equation for ηext could be rewritten as

ηext = ηextrηinjηint

= ηextrηinj
Krad

Krad +Knon
. (2)

From Eq. (2), we can find that there are different ways to
increase the light output such as decreasing Knon, increasing
Krad, and increasing ηextr.

We will find that the optimization of the transmission
spectrum of 1D-FGPC enhances the LEE of LED.

In this work, one-dimensional 3rd-order Fibonacci quasi-
periodic graphene photonic crystal is used to design the two-
color transmission filters. The 1D-FGPC model is shown in
Fig. 1. Here, A and B present two isotropic dielectric ma-
terials with the permittivity of εA and εB and thicknesses of
dA and dB, respectively. We assume that the layers are non-
magnetic and their permeability is µA = µB = 1. The struc-
ture in each dielectric cell follows the Fibonacci sequence,
S j, by a recurrent relation S j+1 =

{
S j,S j−1

}
with S0 = {B},

S1 = {A}, and j being the generation number of the Fi-
bonacci unit cell, the first few sequences are S2 = {AB},
S3 = {ABA}, S4 = {ABAAB}, and so on. In this struc-
ture, the graphene monolayers are embedded between adja-
cent dielectric layers. The optical conductivity of a graphene
sheet for typical frequency ω , at temperature T , is chosen as
σg (ω) = σ intra

g (ω) + σ inter
g (ω)[31,32] which is based on the

Kubo formula[33,34] as

σ (ω,µc,Γ ,T )

=
je2(ω− jΓ )

π h̄2

[
1

(ω− jΓ )2

∫
∞

0

(
∂ fd(ε)

∂ε
− ∂ fd(−ε)

∂ε

)
ε dε

−
∫

∞

0

fd (−ε)− fd(ε)

(ω− jΓ )2−4(ε/h̄)2 dε

]
, (3)
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Fig. 1. (color online) (a) Structure of the 3rd-order 1D-FGPC. (b) Schematic diagram of unit cell for 1D-FGPC. The graphene
monolayers are embedded between dielectric layers.
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where e is the charge of an electron, h̄ = h/(2π) is the reduced
Planck’s constant, fd (ε) = (e(ε−µc)+1)

−1
is the Fermi–Dirac

distribution, kB is the Boltzmann constant, ε is the energy, µc

is the chemical potential determined by the electron concen-
tration which can be controlled by gating, and Γ is the phe-
nomenological scattering rate, which is assumed to be inde-
pendent of energy ε . The first term in Eq. (3) is due to in-
traband contributions and the second term in Eq. (3) is due to
interband contributions, and can be evaluated in the following
closed forms:[31,35]

σ
intra
g (ω) = −j

e2kBT
π h̄2(ω− jΓ )

×
[

µc

kBT
+2ln(e−µc/kBT +1)

]
, (4)

σ
inter
g (ω) =

−je2

4π h̄
ln
(

2 |µc|− (ω− jΓ )h̄
2 |µc|+(ω− jΓ )h̄

)
. (5)

With the propagation of light across an interface formed
by a graphene layer which separates two dielectrics, there will
be surface current in the graphene layer. The surface current
density J of the graphene layer can be obtained from Ohm’s
law, namely, Jx= σEx for TM waves and Jy= σEy for TE
waves. According to the expressions of electric and magnetic
fields, the boundary conditions and the propagation matrix of
light in a homogenous medium, we obtain the transfer matrix
M j(d j,ω)( j = A,B) of a dielectric layer and a graphene sheet
for TE and TM waves as[29]

M j (d j,ω) =

(
cos(kz jd j) (i/q j)sin(kz jd j)

σg cos(kz jd j)+ iq j sin(kz jd j) (iσg/q j)sin(kz jd j)+ cos(kz jd j)

)
, (6)

M j (d j,ω) =

(
cos(kz jd j)− (iσg/q j)sin(kz jd j) iq j sin(kz jd j)−σg cos(kz jd j)

iσg/q j sin(kz jd j) cos(kz jd j)

)
. (7)

Here, q j= (−kz j/ωµ0µ j) for TE waves and q j =

(+kz j/ωε0ε j) for TM waves and q0 and qt are defined as the
corresponding q parameters of the input and exit media (corre-
sponding to medium that light travels in it before and after 1D
FGPC) which their permittivities are chosen as 1.6 and 1, re-
spectively. Our calculations show that for TE waves, changing
the value of permittivity of the active medium does not remark-
ably alter the value and position of the peaks (corresponding
to blue and red light) of the transmission coefficient, in con-
trast to the case of TM waves. Thus, the final transfer matrix
T2(= MAMB), T3(= MAMBMA), and T4(= MAMBMAMAMB)

refer to S2, S3, and S4 structures, respectively. Then, from
the entire transfer matrix one can obtain the transitivity T ,
reflectivity R, and absorptivity A of the structure as

T =

∣∣∣∣ 2q0

(qtT11+q0T22)−(T21+q0qtT 12)

∣∣∣∣2, (8)

R =

∣∣∣∣ (qtT11−q0T22)−(T21−q0qtT 12)

(qtT11+q0T22)−(T21+q0qtT 12)

∣∣∣∣2, (9)

A = 1−R−T. (10)

Here, T11, T12, T21, and T22 are the elements of the total transfer
matrix.

3. Results and discussion
In this section, we choose the optimum values of optical

and geometrical parameters (dA, dB, εA, εB) of the system for
red and blue light frequencies (about 440 THz and 630 THz,
respectively). To find optimized parameters, in Fig. 2, the ef-
fects of dA, dB, εA, εB, thickness and permittivity of layers

A and B, on transmission spectrum are presented for normal

incidence (when the angle between the wave vector of the in-

cidence light and multilayer extension is 0◦). From Figs. 2(a)

and 2(b), the range of values in which maximum values of

transmission occurred is clear. We choose: dA = 96 nm,

dB = 94 nm, εA = 14.6, εB= 5.9, µC = 0.2 eV, T = 300 K,

and Γ = 0. Calculations show that the changing of µC from 0

to 1 eV does not have remarkable effect on transmission spec-

trum, but for higher values, i.e., values between 1 eV to 1.5 eV,

the peaks of transmission spectrum reach 1 without any shift

in frequency. For µC larger than 1.5 eV, the peak positions and

their values are not changed.

Our calculations show that for higher-order Fibonacci

quasi-periodic 1D-GPC (4th, . . .) transmission spectrum will

be decreased. Therefore, we focused on the 3rd-order Fi-

bonacci quasi-periodic graphene photonic crystal of 1 period.

Figure 3 demonstrates the transmission spectrum of 1D-FGPC

(T3) structure with and without graphene sheets as a function

of the light frequency. The optical transmission of the 1D-

FGPC with graphene is about 97.35 percent (solid red curve).

In contrast, in the structure without the graphene, transmission

is about 100 percent (dotted blue curve). The transmission

peaks correspond to the chosen optimum values of the param-

eters, which can be used in designing two-color transmission

filters or in enhancing the extraction of red–blue light from an

LED.
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Fig. 2. (color online) Contour plots of the transmission spectrum of the
1D-FGPC (T3) structure as a function of the permittivities and thick-
nesses in the case of σg 6= 0 and blue light frequency for the dielectric
material A (a) and the dielectric material B (b). The waves are normal
incidence to the interfaces and temperature and chemical potential are
chosen as T = 300 K and µC = 0.2 eV.
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Fig. 3. (color online) The transmission spectrum of 1D-FGPC (T3)
structure as a function of the light frequency in the cases of (a) σg 6= 0
(solid red curve) and (b) σg = 0 (dotted blue curve) for the normal inci-
dence of the waves. Temperature and chemical potential are chosen as
T = 300 K and µC = 0.2 eV.

For oblique incidence (θ 6= 0◦), transmission spectrum of
1D FGPC (T3) structure is calculated with graphene sheets as
a function of the light frequency for different incident angles
plotted in Figs. 4 and 5. It is clear that for θ = 0◦, the locations
of the peaks in the TM and TE modes completely overlap.
The transmission peaks move toward larger frequencies by in-
creasing incident angle θ both for TE and TM modes. For

the TE mode, when θ increases, the transmission peak of light
becomes narrower (peaks occurred at mono-color frequency)
and the value of transmission is reduced slightly. In the TM
mode, as the incident angle increases, the transmission is en-
hanced but the peaks become wider so that, for a wide range of
frequencies from about 530 THz to 650 THz, transmission ap-
proximates to 1. The reason is that in the TE polarization the
surface current is inversely proportional to kz (the z component
of the wave-vector),[30] the gaps broaden with the increase of
incident angle. This result is in total consistency with the find-
ings of Zhang et al.[35] In contrast, for TM polarization, the
surface current is proportional to kz, so the gaps become nar-
rower, meanwhile they shift to high frequency.
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Fig. 4. (color online) Transmission spectrum of 1DGPC (T3) structure
in the case of σg 6= 0 as a function of the light frequency for different
incident angles in the TE mode: θ = 0◦ (black curve), θ = 30◦ (blue
curve), θ = 60◦ (red curve), and θ = 80◦(green curve).
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Fig. 5. (color online) Transmission spectrum of 1DGPC (T3) structure
in the case of σg 6= 0 as a function of the light frequency for different
incident angles in the TM mode: θ = 0◦ (black curve), θ = 30◦ (blue
curve), θ = 60◦ (red curve), and θ = 80◦ (green curve).

The findings demonstrate that our model structure is suit-
able for enhancing the mono-color light extraction efficiency
of TE mode in (red or blue) LEDs. In addition, in the case of
TM mode, it is useful to enhance the LEE in a wide range of
visual frequencies.
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To find out more, we consider the dependence of pho-
tonic band gap (PBG) on the incidence angle with graphene as
a function of the light frequency and the incident angle. The
results are displayed in Fig. 6. The gaps are represented by the
dark areas while the bright areas show the allowed bands. It
is clear that the PBG is sensitive to polarization and depends
strongly on the incident angle which is the characteristic of
the conventional Bragg gap. From this figure, it can be de-
duced that for TE mode, the transmission of red and blue light
is enhanced in the whole range of incident angles (0 to almost
90◦); while, for TM mode, for incident angles larger than al-
most 70◦, transmission is enhanced for all visible frequencies.
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Fig. 6. (color online) Contour plots of the transmission spectrum of the 1D-
FGPC (T3) structure as a function of the light frequency and the incident
angle with graphene sheets for TE waves (a) and TM waves (b).

4. Conclusion
In conclusion, we employed the proposed 1D-FGPC hy-

brid structure and optimized relevant parameters for the red–
blue LEDs with the transfer matrix method. An optimized
structure in terms of thickness, number of periods, layers, re-
fractive indices, and permittivity of materials has been ob-
tained. The 1D-FGPC filters with high transmission rates of
93.8 percent and 97.38 percent are located in the red and blue
light frequencies (448.2 THz and 628.1 THz, respectively)

for the normal incidence of the waves. The new graphene-
photonic heterostructure provides perfect omnidirectional and
high peak transmission filters for the TE and TM modes. This
Fibonacci structure provides potentiality for fabricating red–
blue two-color filters in the visible band and also for enhanc-
ing the extraction of red–blue light from an LED.
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