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Temperature-controllable spin-polarized current and
spin polarization in a Rashba three-terminal

double-quantum-dot device∗
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We propose a Rashba three-terminal double-quantum-dot device to generate a spin-polarized current and manipulate
the electron spin in each quantum dot by utilizing the temperature gradient instead of the electric bias voltage. This
device possesses a nonresonant tunneling channel and two resonant tunneling channels. The Keldysh nonequilibrium
Green’s function techniques are employed to determinate the spin-polarized current flowing from the electrodes and the
spin accumulation in each quantum dot. We find that their signs and magnitudes are well controllable by the gate voltage
or the temperature gradient. This result is attributed to the change in the slope of the transmission probability at the Fermi
levels in the low-temperature region. Importantly, an obviously pure spin current can be injected into or extracted from one
of the three electrodes by properly choosing the temperature gradient and the gate voltages. Therefore, the device can be
used as an ideal thermal generator to produce a pure spin current and manipulate the electron spin in the quantum dot.
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1. Introduction
The advances in the nanofabrication of solid-state quan-

tum devices have inspired extensively theoretical and ex-
perimental investigations on the electronic transport through
nanoscale systems in recent years. Particular interest has been
focused on the transport properties of quantum dots (QDs) at-
tached to metallic electrodes via tunneling barriers.[1] When
an electric bias is applied across these systems, electrons or
holes can move along a certain direction; thus, an electric cur-
rent is generated. As is known to all, electrons or holes carry
not only the electric charge but also the spin. How to gen-
erate a spin-polarized current in a controllable way in semi-
conductor nanostructures has attracted wide attention due to
its potential applications in modern spintronics.[2] Up to now,
some effective methods have been proposed. For example, the
primary techniques mainly rely on optical techniques or mag-
netic materials.[3,4] In 1990, Datta and Das proposed a spin
transistor and demonstrated the possibility of controlling the
electron spin degree of freedom based on the Rashba spin–
orbit interaction (RSOI).[5] The RSOI originates from the in-
version asymmetry of the electric field in a two-dimensional
electron system, and provides an alternative way to manip-
ulate the spin degree of freedom.[6,7] Many recent theoreti-
cal and experimental studies show that the spin polarization
can reach as high as 100%.[8–14] Another important subject
in modern spintronics is the spin-dependent quantum interfer-
ence phenomena. When the spin-up and spin-down electrons

move through semiconductor nanostructures with the RSOI, a
spin-dependent quantum interference effect occurs. Some in-
teresting quantum phase coherence phenomena emerge. For
instance, Sánchez et al. predicted the occurrence of a Fano-
line shape in a semiconductor quantum wire in the presence
of a local RSOI, which was referred to as the Fano–Rashba
effect.[15] Chen et al. investigated the spin-dependent quan-
tum interference effects and the spin accumulation on dou-
ble quantum dots with the Rashba spin–orbit coupling and the
electron–electron interaction. The result showed that the mag-
nitude and the direction of the spin polarization are controlled
by the dot levels.[16]

The research on multi-terminal devices in mesoscopic
physics dates back to the early 1980s.[17–19] In comparison
with the usual two-terminal electrode geometry, more use-
ful applications and information can be extracted in the de-
vices with a three-terminal electrode geometry. For example,
a direct measure of the electron–hole asymmetry of the quan-
tum dot system can be achieved.[20] When the QD is in the
Kondo regime, the differential conductance is suppressed at
zero bias.[21] Furthermore, there has been some recent work
focusing on the spin-polarized currents driven by an electric
bias in a three-terminal ring-like structure involving a single-
level Rashba QD. The spin-up and spin-down electrons from
one electrode can be completely separated by the QD, and in-
jected into the other two electrodes, respectively.[10]

In addition to the electric fields, temperature fields can
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also drive electrons or holes to move along a certain direction,
and thus a temperature-bias-induced current can be generated.
Such an effect is called the Seebeck effect, which has been
widely investigated in QD and molecular systems.[22–28] The
strength of the Seebeck effect can be characterized by the See-
beck coefficient. In coherent tunneling regions, it is related not
only to the magnitude but also to the slope of the transmission
function at the Fermi levels. So the Seebeck coefficient can
provide more information than the current–voltage character-
istics. The first experimental observation of the spin Seebeck
effect in the permalloy (NiFe) has been reported by detecting
the redistribution of the electron spin along the sample’s lon-
gitudinal direction.[29] That experimental finding has inspired
extensively experimental[30,31] and theoretical[32,33] investiga-
tions in various systems. The heat-to-spin discovery can be
named as thermo-spintronics. In spite of the large amount of
theoretical work on the spin-dependent thermoelectric effects
in a single QD or double QDs attached to ferromagnetic leads
with collinear or noncollinear magnetic moments, almost all
the attention has been focused only on the two-terminal geom-
etry so far.[34–43]

In this paper, we shall show how to generate a spin-
polarized current and manipulate the electron spin in QDs
by utilizing the temperature gradient instead of the volt-
age bias in a Rashba three-terminal double-quantum-dot de-
vice. The device, which is schematically shown in Fig. 1,
consists of three metallic electrodes separated by two QDs
with intra-dot Coulomb interactions. The QDs are real-
ized in the two-dimensional electron gas of an AlGaAs/GaAs
heterostructure.[44] A nonresonant tunneling channel between
the right electrodes is presented. The temperature-induced
spin-polarized current through the electrodes and the spin ac-
cumulation on the QDs are calculated within the Keldysh
nonequilibrium Green’s function formalism. Unlike the
voltage-induced current related to the sum of the transmis-
sion probabilities in the voltage-bias window, the temperature-
induced current is determined by the slope of the transmission
probability at the Fermi levels. Therefore, the transport di-
rection of the spin-polarized current is sensitive to the loca-
tion of the intra-dot energy levels with respect to the Fermi
levels. The positive and the negative maxima of the spin-
polarized currents and the spin accumulation emerge sepa-
rately at the two sides of the Coulomb peaks. Their directions
can be easily controlled by the gate voltage or the temperature
of the electrodes. Importantly, the temperature-induced spin-
polarization efficiency through the electrodes can approach
100% (−100%) or even infinity, which means that a pure spin-
up (spin-down) current or a pure spin current can be generated
by the present device.
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Fig. 1. (color online) Schematic diagram of a ring-shaped device. The
three metallic electrodes serve as the temperature reservoirs with tem-
peratures TL and TRn (n = 1,2), respectively. The two red filled-in
circles represent the 1st and the 2nd QDs, respectively. The intra-dot
energy level on each QD can be tuned by gate voltage Vg.

2. Model and method
We write the Hamiltonian of the device in the form

H = HE +HD +HT, (1)

where

HE = ∑
k,σ ,α=L,R j( j=1,2)

εαkc†
αkσ

cαkσ (2)

describes three isolated electrodes indexed by α , in which
the electrons are free from the interaction except for an over-
all self-consistent potential. Here c†

αkσ
(cαkσ ) is the creation

(annihilation) operator of an electron with spin σ =↑,↓ (or
σ = 1,−1) and energy εαk in electrode α . The Hamiltonian of
the two QDs, HD, is given by

HD = ∑
j,σ

ε jd
†
jσ d jσ +∑

j
U jd

†
j↑d j↑d

†
j↓d j↓, (3)

where ε j is the bare energy level, and U j is the intra-dot
Coulomb interaction on each QD. The operator d†

jσ (d jσ ) cre-
ates (destroys) an electron with spin σ on the j-th QD, where
the intra-dot energy level can be well controlled by the gate
voltage (see Fig. 1). The tunneling process HT in Eq. (1) in-
cludes two parts: (i) one is the tunnel coupling between the
right two electrodes (a nonresonant tunneling channel); (ii) the
other is the tunnel couplings between the electrodes and the
central QD region (two resonant tunneling channels). Thus
we write the total tunneling Hamiltonian as

HT = ∑
k,σ

(VR1R2 e−iσϕRc†
R1kσ

cR2kσ +H.c.)

+ ∑
k,σ , j

(VR jd j c
†
R jkσ

d jσ +H.c.)

+ ∑
k,σ , j

(VLd j c
†
Lkσ

d jσ +H.c.), (4)
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where parameter Vαd j represents the tunnel coupling strength
between the electrodes and the center QD region. An extra
spin-dependent phase factor e−iσϕR has been added into the
tunnel coupling strength VR1R2 , which arises from the RSOI
on the QD. Here we have assumed that the RSOI only exists
inside the QDs, which will arouse two main effects. One is a
phase factor in the tunnel elements, the other is an interlevel
spin-flip term. Since only one energy level in each QD is con-
sidered, we can neglect the latter term.[45] The magnitude of
ϕR can reach π/2 in some semiconductors.[46,47]

When temperature gradients among the three electrodes
are presented, the electrons can tunnel from one electrode
through resonant or nonresonant tunneling channels into an-
other electrode. In steady states, an electric current can be
obtained. After considering the spin degree of freedom in
nonequilibrium cases, we can calculate the spin-dependent
electric current flowing into the center region from electrode α

by using the time evolution of the occupation number operator
of electrode α [48]

Jασ =−e
〈

dN̂ασ

dt

〉
=− ie

h̄
〈[HT, N̂ασ ]〉, (5)

where N̂ασ = ∑k c†
αkσ

cαkσ , e is the absolute electric charge,
and h̄ is the reduced Planck constant. Since both HE and HD

commute with N̂ασ , only HT is left. After a little algebra, we
readily obtain the spin-dependent electric current flowing out
of the electrodes by lesser Green’s functions in the ε represen-
tation

JLσ =
2e
h̄

∫ dε

2π
Re[VLd1G<

d1Lσ
(ε)+VLd2G<

d2Lσ
(ε)], (6)

JR1(2)σ =
2e
h̄

∫ dε

2π
Re[VR1(2)d1(2)G

<
d1(2)R1(2)σ

(ε)

+VR1R2 e∓iσϕR G<
R2(1)R1(2)σ

(ε)], (7)

where G<
d jασ

(ε) and G<
α ′ασ

(ε) are the Fourier trans-
forms of the time-dependent lesser Green’s functions
G<

dnασ
(t, t ′) ≡ i〈∑k c†

αkσ
(t ′)dnσ (t)〉 and G<

α ′ασ
(t, t ′) ≡

i〈∑k c†
αkσ

(t ′)∑k′ cα ′k′σ (t)〉, respectively. To calculate the
electric current induced by the temperature gradient, we
need to know the spin-dependent lesser Green’s functions.
Following the procedure in Ref. [45], we write all spin-
dependent lesser Green’s functions in the form of 5 × 5
matrix 𝐺<

σ (ε). The corresponding retarded and advanced
Green’s functions are symbolized by 𝐺r

σ (ε) and 𝐺a
σ (ε),

respectively. The retarded (advanced) Green’s function
𝐺

r(a)
σ (ε) is the Fourier transform of the two-time Green’s

function 𝐺
r(a)
σ (t, t ′), and is defined as Gr(a)

αα ′σ (t, t
′)=∓iθ(±t∓

t ′)〈{∑k ckασ (t),∑k′ c
†
k′α ′σ (t

′)}〉, where θ(±t ∓ t ′) is the step
function. There is a similar definition for Green’s function
Gr(a)

d jα
(t, t ′). In the case of noninteracting electrodes, 𝐺<

σ (ε) is
calculated by the Keldysh equation

𝐺<
σ (ε) =𝐺r

σ (ε)𝛴
<
σ (ε)𝐺a

σ (ε), (8)

where the retarded (advanced) Green’s function 𝐺
r(a)
σ (ε) is the

Fourier transformation of 𝐺r
σ (t, t

′), and 𝐺r
σ (ε) is obtained by

the Dyson equation

𝐺r
σ (ε) = 𝑔r

σ (ε)+𝑔r
σ (ε)𝛴

r
σ (ε)𝐺

r
σ (ε). (9)

The 𝛴<
σ (ε) in Eq. (8) is the noninteracting tunneling lesser

self-energy, and 𝛴r
σ (ε) in Eq. (9) is the corresponding re-

tarded self-energy. In the present case, 𝐺r
σ has a 5×5 matrix

form

𝐺r
σ (ε) =


Gr

R1R1σ
(ε) Gr

R1Lσ
(ε) Gr

R1R2σ
(ε) Gr

R1d1σ
(ε) Gr

R1d2σ
(ε)

Gr
LR1σ

(ε) Gr
LLσ

(ε) Gr
LR2σ

(ε) Gr
Ld1σ

(ε) Gr
Ld2σ

(ε)

Gr
R2R1σ

(ε) Gr
R2Lσ

(ε) Gr
R2R2σ

(ε) Gr
R2d1σ

(ε) Gr
R2d2σ

(ε)

Gr
d1R1σ

(ε) Gr
d1Lσ

(ε) Gr
d1R2σ

(ε) Gr
d1d1σ

(ε) Gr
d1d2σ

(ε)

Gr
d2R1σ

(ε) Gr
d2Lσ

(ε) Gr
d2R2σ

(ε) Gr
d2d1σ

(ε) Gr
d2d2σ

(ε)

 . (10)

The advanced Green’s function 𝐺a
σ (ε) can be obtained

by 𝐺a
σ (ε) = [𝐺r

σ (ε)]
†. The 𝑔r

σ (ε) is the retarded Green’s
function of the isolated QDs, and only the diagonal elements
of 𝑔r

σ (ε) are nonzero. Under the wide-band approximation,
gr

αασ (ε) for the electrodes has the expression gr
αασ (ε) =

−iπρα , where ρα is the local density of states (LDOS) in elec-
trode α . The gr

d jd jσ
(ε) of the isolated j-th QD is calculated by

gr
d jd jσ

(ε) =
1−〈n jσ̄ 〉

ε− ε j
+

〈n jσ̄ 〉
ε− ε j−U j

, (11)

where 〈n jσ̄ 〉 is the occupation number with spin σ̄ on the j-th
QD (σ̄ =−σ ), and is obtained by the self-consistent equation

〈n jσ̄ 〉=−i
∫ dε

2π
G<

d jd jσ̄
(ε). (12)

Equation (11) clearly shows two resonances centered in the
vicinities of ε j and ε j +U j with the weights (1−〈n jσ̄ 〉) and
〈n jσ̄ 〉, respectively. By choosing a suitable noninteracting
tunneling retarded self-energy, we write 𝛴r

σ (ε) in the Dyson
equation as[45]
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𝛴r
σ (ε) =


0 0 VR1R2 e−iσϕR VR1d1 0
0 0 0 VLd1 VLd2

VR1R2 e iσϕR 0 0 0 VR2d2
VL1d1 VR1d1 0 0 0

0 VLd2 VR2d2 0 0

 . (13)

For the sake of simplicity, we only consider the elastic scatter-
ing in the present case. The spin-dependent lesser self-energy
in Eq. (8) can be obtained by 𝛴<

α ′ασ
= 2iδαα ′ fα(ε)/(πρα),

and Σ
<
d jd jσ

= 0. Here fα(ε) = 1/{1+ exp [(ε−µα)/kBTα ]}
is the Fermi–Dirac distribution function in electrode α , where
µα is the chemical potential, Tα is the temperature of electrode
α , and kB is the Boltzmann’s constant. Using Eq. (8), we write
all the lesser Green’s functions appearing in Eqs. (6) and (7)
as

G<
d jασ

(ε) = ∑
α ′

Gr
d jα ′σ

(ε)Σ<
α ′α ′σ (ε)G

a
α ′ασ

(ε), (14)

G<
αα ′σ (ε) = ∑

α ′′
Gr

αα ′′σ (ε)Σ
<
α ′′α ′′σ (ε)G

a
α ′′ασ

(ε). (15)

To gain more insight into how the electrons transport in the
present device, we introduce a series of spin-dependent elec-
tronic transmission probabilities with different physical mean-
ings

ταα ′d jσ (ε)

= − 4
πρα ′

Im[Vαd j G
r
d jα ′σ

(ε)Ga
α ′ασ

(ε)], (16)

ταα ′α ′′σ (ε)

= − 4
πρα ′

Im[Vαα ′′ e
∓iσϕRGr

αα ′σ (ε)G
a
α ′α ′′σ (ε)]. (17)

For the above two definitions, we need to make some further
explanations. In Eq. (16), when α 6= α ′, ταα ′d jσ (ε) repre-
sents the electronic transmission probability of the electron
with spin index σ and energy ε from electrode α ′ to electrode
α via the j-th QD. If α = α ′, it is the electronic transmission
probability from electrode α to the j-th QD. Similar meanings
are given by Eq. (17), while we need to note that the values
of α and α ′′ are restricted to R1 and R2. The reason is that
only the nonresonant tunnel coupling between the right two
electrodes is considered (see Fig. 1). The sign of the phase
factor from the RSOI in Eq. (17) is dependent on the orders of
α and α ′′. For example, the sign is negative for α = R1 and
α ′′ = R2, and it becomes positive when α = R2 and α ′′ = R1.
Substituting Eqs. (16) and (17) into Eqs. (6) and (7), we obtain

JLσ =
e
h

∫
dε ∑

α=L,R1(2)

fα(ε)[τLαd1σ (ε)+ τLαd2σ (ε)], (18)

JR1σ =
e
h

∫
dε ∑

α=L,R1(2)

fα(ε)[τR1(2)αd1(2)σ (ε)

+τR1(2)αR2(1)σ (ε)]. (19)

For each electrode, we should note that the total electronic
transmission probability into and out of each electrode is con-
servative, namely, ∑α=L,R1(2)

[τLαd1σ (ε)+ τLαd2σ (ε)] = 0 and
∑α [τR1(2)αd1(2)σ (ε) + τR1(2)αR2(1)σ (ε)] = 0. We also need to
note that the electronic transmission probability is negative if
electrons enter into the electrodes, while it is positive for elec-
trons flowing out of the electrodes. Thus we arrive at

JLσ =
e
h

∫
dε ∑

α=R1,R2

[ fα(ε)− fL(ε)]

× [τLαd1σ (ε)+ τLαd2σ (ε)], (20)

JR1(2)σ =
e
h

∫
dε ∑

α=R2(1),L
[ fα(ε)− fR1(2)(ε)]

× [τR1(2)αd1(2)σ (ε)+ τR1(2)αR2(1)σ (ε)]. (21)

The above compact equations clearly show the relations be-
tween the electric currents and the transmission probabilities.

3. Results and discussion
In this section, we present the numerical results and dis-

cussion. First, we set some parameters used in the numer-
ical calculations. The tunnel coupling strengths in the dot–
electrode and the electrode–electrode have an identical mag-
nitude VLdn = VRdn = VR1R2 = V = 0.4, and thus the corre-
sponding linewidth function Γ = 2πρ|Vαdn |2 ' 1 is set to be
the energy unit. For the sake of simplicity, the same intra-
dot Coulomb interactions and energy levels on the QDs are
considered, i.e., U j = U and ε j = εd . All the chemical po-
tentials are independent of the temperatures of the electrodes
(µα = µ = 0). Such an assumption is reasonable when the
electrodes are large enough and the temperatures of the elec-
trodes are not too high.

To demonstrate the physical meanings of the electronic
transmission probabilities, we first consider a simple case
in the absence of the temperature gradients, the RSOI, and
the inter-electrode coupling between the right two electrodes,
and thus all the electronic transmission probabilities are spin-
independent. The negative electronic transmission probability
means the electrons flowing into the electrodes, and the posi-
tive one represents the electrons flowing out of the electrodes.
As electrodes R1 and R2 lie in the same state, we only plot the
result for electrode R1. The intra-dot Coulomb interaction on
each QD induces two peaks in the in-transmission spectrum.
One is centered at εd , and the other is at εd +U . From top
to bottom, figure 2 shows the contributions to the electronic
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transmission probabilities through electrodes L (left column)
and R1 (right column) from electrodes R1, L, and R2. Fig-
ure 2(a) displays the electron transmission probability from
electrode R1 to electrode L, and less electrons from electrode L
into the second QD (|τLR1d1σ |> |τLR1d2σ |). Figure 2(b) shows
the transmission probability from electrode L, and we have
τLLd1σ = τLLd2σ . This result means that the electrons from
electrode L have the same probability entering into the two
QDs, which is reasonable (see the inset of Fig. 2(b)). A sim-

ilar analysis can be employed to the other figures of Fig. 2.

For electrode R1, it is worth noting that the electronic trans-

mission probability τR1Rα R2 is zero due to VR1R2 = 0. These

numerical results also clearly show that the electronic trans-

mission probabilities through the electrodes satisfy the conser-

vation laws ∑α=L,R1(2)
[τLαd1σ (ε)+ τLαd2σ (ε)] = 0 (left elec-

trode) and ∑α [τR1(2)αd1(2)σ (ε)+τR1(2)αR2(1)σ (ε)] = 0 (right two

electrodes).
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Fig. 2. (color online) Electronic transmission probabilities through electrodes ((a)–(c)) L ((d)–(f)) and R1 as functions of the incident
electron energy. The other parameters are U = 5 and εd = 0.

Now we show how to generate a spin-polarized current
in the Rashba three-terminal double-quantum-dot device. We
first give a physical interpretation of the generation of the spin
polarization and the spin accumulation in the device. When
an electric bias (or a thermal bias) is applied across the de-
vice, the electron will propagate from one electrode to another
electrode. For example, there are two paths when the electron
flows from electrode L to electrode R1. One path is through
the 1st QD to electrode R1, and the other path is first trav-
eling to the 2nd QD and through electrode R2 and then into
electrode R1. If the RSOI is considered, the electrons with
different spin indexes along different paths often pick up dif-
ferent phases. This fact results in a spin-dependent quantum
interference effect. Thus when the device is in a nonequilib-
rium state, the spin polarization and the spin accumulation in

the device are generated. The temperature of the left electrode
is raised by ∆T from T (TL = T +∆T ), and those of the right
two electrodes are fixed at T (TR1(2) = T ). In this case, the
three-terminal structure degenerates into a two-terminal one.
Equations (20) and (21) reduce to

JLσ =
e
h

∫
dε[ fR(ε)− fL(ε)][τLR1σ (ε)+ τLR2σ (ε)], (22)

JR1(2)σ =
e
h

∫
dε[ fL(ε)− fR(ε)]τLR1(2)σ , (23)

where we have defined fR = fR1(2) , τR1(2)Lσ (ε) =

τLR1(2)d1σ (ε) + τLR1(2)d2σ (ε), and τLR1(2)σ = τR1(2)Ld1(2)σ +

τR1(2)LR2(1)σ . Figures 3(a)–3(c) show the spin-dependent elec-
tric currents flowing from electrodes R1, R2, and L into the
center QD region, respectively, with a temperature gradient
kB∆T = 0.2. The spin accumulation ∆n1(2) = n1(2)↑− n1(2)↓
in each QD is displayed in Fig. 3(d). Owing to the existence
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of the intra-dot Coulomb interactions, the current and the spin
accumulation show oscillation behaviors with the energy level
εd . Different from the electric-bias-induced currents,[11] both
the magnitude and the sign of the electric current, and the
spin accumulation induced by the temperature gradient can be
modulated by the gate voltage. The positive and the negative
maxima emerge on both sides of the two Coulomb peaks at
εd = 0 and εd = −U . From Eqs. (22) and (23), we can de-
rive an approximate expression. Taking JR1↑ as an example,
a similar analysis can be employed for other electric currents.
Using the Sommerfeld expansion,[27] we obtain

JR1↑ '
eπ2k2

BT ∆T
3h

τ
′
LR1↑|ε=µ . (24)

Though the above equation is applicable in the low-
temperature region, we still capture some useful informa-
tion. For example, the sign of JR1↑ is determined by ∆T and
τ ′LR1↑|ε=µ , and thus it provides two methods to control the sign
of the current. In Fig. (a), we show τLR1↑ as a function of
the incident electron energy near the Fermi levels at different
energy levels. When the peak of τLR1↑ is below the Fermi
levels, JR1↑ has a positive value due to τ ′LR1↑ > 0. When the
peak of τLR1↑ is above the Fermi levels, JR1↑ becomes nega-
tive. However, JR1↑ is zero when the peak of τLR1↑ is aligned
with the Fermi levels. Therefore, we can determine the loca-
tion of the peak of the transmission probability with respect
to the Fermi levels by the sign of the electric current. This
information cannot be extracted for the electric-bias-induced

case. Due to the conservation of the particle number and the
same temperature gradient between the left and the right elec-
trodes, the spin-up (down) current through one of the two right
electrodes is identical with the spin-down (up) current through
the other of the two right electrodes, namely, JR1↓ = JR2↑
and JR1↑ = JR2↓. The electric current flowing into the cen-
ter QD region from the left electrode is unpolarized due to
JL↑= JL↓. The above results can be well explained by the elec-
tronic transmission probabilities for different electrodes. In
Figs. 4(b)–4(d), we show the corresponding electronic trans-
mission probability as a function of the electron incident en-
ergy for εd = 0. From the numerical results, we clearly see
the relations τR1L↑ = τLR1↑ = τLR2↓, τR2L↑ = τLR1↓ = τLR2↑,
and τR1(2)L↑ = τR1(2)L↓. These relations are in good agreement
with the conservation law and can give a good interpretation
of the numerical results in Fig. 3. In addition, since τLR1(2)↑(↓)
is smaller than τLR1(2)↓(↑) in the whole energy region, JR1(2)↑(↓)
has a lower value than JR1(2)↓(↑). Actually, the spin-polarized
currents in the right electrodes originate from the quantum in-
terference effects between two different paths of the electrons
from the left electrode to the right electrode. If the RSOI is
involved, the electrons with different spin components will
pick up different phases when they tunnel between the two
right electrodes. For the left electrode, there are four different
paths from the right two electrodes to the left electrode, the
spin-dependent information is exactly swallowed (TR1 = TR2 ).
Therefore, we find an unpolarized current through the left elec-
trode.
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Fig. 3. (color online) Spin-polarized current and spin accumulation induced by the temperature gradient: (a) JR1σ , (b) JR2σ , (c)JLσ ,
and (d) ∆ni (i = 1,2) as functions of εd for kB∆T = 0.2 and kBT = 0.5. The other parameters are kBϕR = 0.5π , ρ = 1, and U = 5.
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Now we turn to study the spin accumulation on the QDs

in the presence of a temperature gradient. By combining
Eqs. (8)–(12), the electron occupation number with spin σ in
each QD can be solved as

〈nnσ 〉=
2e
πρ

∫
dε ∑

α

fα(ε)|Gr
dnασ (ε)|2. (25)

The intra-dot Coulomb interactions introduce many problems
to the above equation, because the retarded Green’s func-
tions contain 〈n jσ 〉. A simple interpretation can be found in
Ref. [11], while the information from the electrodes is not di-
rectly displayed. The spin accumulation in the j-th QD is de-
fined as

∆n j = 〈n j↑〉−〈n j↓〉=
∫

dε ∑
α

fα(ε)∆nd jα(ε), (26)

where ∆nd jα = 2e
πρ

(|Gr
d jα↑(ε)|

2 − |Gr
d jα↓(ε)|

2) is the contri-
bution to the spin accumulation in the j-th QD from elec-
trode α . In the present case, we have the relations ∆nd1R1 =

−2∆nd1R2(L), ∆nd2R2 = −2∆nd2R1(L), and ∆nd1R1 = −∆nd2R2

(see Figs. 5(a) and 5(b)). Therefore, equation (26) can be writ-
ten as

∆n1(2) =
∫

dε( fL(ε)+ fR2(1)(ε)−2 fR1(2)(ε))∆nd1(2)L. (27)

Using the above equation, we can give a good interpretation of
the spin accumulations on the QD induced by the temperature
gradients. As shown in Fig. 3(d), both the sign and the magni-
tude of the spin accumulation can be modified in a controllable
way by the gate voltage. To study the reason, an approximate
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expression for the spin accumulation in the low-temperature
region is given as

∆n1(2) '
2eπ2k2

BT ∆T
3h

∆n′d1(2)L
|ε=µ . (28)

This simple equation clearly shows that ∆n1(2) can be deter-
mined by T , ∆T , and the slope of ∆nd1(2)L at the Fermi levels.
When T and ∆T are fixed, the sign and the magnitude of the
spin accumulation are only determined by the slope of ∆nd1(2)L

at the Fermi levels (see Fig. 5(c)). From Fig. 3(d), we clearly
see that the spin accumulations on the two QDs have the rela-
tion ∆n1 =−∆n2, which arises from ∆n′d1L =−∆n′d2L.

The corresponding spin-polarization efficiency of the
electric current flowing into electrode Ri is plotted in Fig. 6.
The spin-polarization efficiency is defined as PRi = (JRi↑ −
JRi↓)/(JRi↑+ JRi↓). Figure 6(a) shows that PR1 can approach

−100% due to JR1↑ ' 0 and JR1↓ 6= 0 in the non-resonant
regimes (εd � µ or εd � µ), and an inverse spin-polarization
efficiency emerges in electrode R2. These results are similar
to those in the electric-bias-induced spin-polarization case.[11]

However, when the electronic states are located near the Fermi
levels, we find that PRi can reach infinity. To reveal the reasons
behind, the enlarged figures of JRiσ near the Coulomb-induced
electronic state are shown in Figs. 6(b) and 6(d). These figures
clearly show that JRi↑ and JRi↓ have different signs when εd

is located in the region from point A to point B. The equa-
tion JRi↑ =−JRi↓ is satisfied at a certain intra-dot energy level,
which means an infinite spin-polarization efficiency and that
a pure spin current can be obtained in some particular energy
levels. Unfortunately, the pure spin current is very weak due
to JRiσ ' 0 (see Figs. 3(a) and 3(b)).
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Fig. 6. (color online) The (a) PR1 and (c) PR2 as functions of εd . Panels (b) and (d) are the zoom-in plots of JR1σ and JR2σ in the
energy region from −5.6 to −4.6. Other parameters are the same as those in Fig. 3.

We now show how to generate a large pure spin current by
using the temperature gradient. As shown in Eq. (24), the sign
of the spin-dependent electric current is determined not only
by the slope of the transmission probability at the Fermi levels
but also by the sign of the temperature difference between the
electrodes. To obtain a large spin current, we fix the tempera-
ture of the left electrode at T , and raise (lower) the temperature
of the right electrode R2 (R1) by ∆T . Figure 7(a) shows charge
current JLC (in units of e) and spin current JLS (in units of h̄)
through the left electrode, where we have defined the charge
and the spin currents in electrode α as JαC = (Jα↑+Jα↓)e and
JαS = (Jα↑− Jα↓)h̄/2, respectively.[49,50] Due to the existence
of the intra-dot Coulomb interaction on each QD, the spin cur-
rent has two positive and two negative maxima separately lo-
cated on the two sides of the two Coulomb peaks εd = 0 and

εd = −U . It is interesting to note that charge current JLC be-
comes exactly zero when the intra-dot energy level is tuned to
points A, B, C, D, E, and F as marked in Fig. 7(a), while the
pure spin current has a large value at these points. We further
find that the spin current has different signs at these points.
This fact means that the pure spin current can be injected into
or extracted out from the left electrode by the temperature gra-
dients. Figure 7(b) shows JLC as a function of JLS, and the
points for obtaining a pure spin current are also marked in
this figure. The positive (negative) maxima of the pure spin
current in the left electrode can approach 0.06 (−0.06). In
Figs. 7(c) and 7(d), we also show JR1C (JR2C) as a function of
JR1S (JR2S). We find lower values of the positive (negative)
maximum of the pure spin current in the right two electrodes.
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Finally, spin current JLS and charge current JLC as func-
tions of kB∆T and kBT are displayed in Figs. 8(a) and 8(c),
respectively, where the location of the energy level is fixed at
point F (see Fig. 7(a)). The corresponding spin accumulations
on the QDs are plotted in Figs. 8(b) and 8(d). Figure 8(a)
shows that the charge current is always close to zero, while
the spin current has a linear behavior for kBT = 0.5. A simi-
lar linear behavior can be observed for the spin accumulation
on the QDs (see Fig. 8(b)). When the temperature gradient
kB∆T is fixed at 0.2, JLC and JLS each have a linear behav-

ior with the temperature of the left electrode kBT in the low-

temperature region. From Fig. 8(c), we clearly see that JLC

becomes zero when kBT ' 0.5, while JLS has a maximum at

this temperature. The corresponding spin accumulations on

the QDs have maximum values when kBT is around 0.5 as

shown in Fig. 8(d), and are suppressed with further increasing

kBT . The above results show that both the magnitude and the

sign of the pure current can be controlled by the gate voltage

and the temperatures of the electrodes.
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4. Summary
In conclusion, we have investigated the thermospin phe-

nomena in a ring-shaped device consisting of two interacting
QDs and three metallic electrodes. Our results show that both
the sign and the magnitude of the spin-polarized current, and
the spin accumulation on the QDs can be effectively controlled
by adjusting the intra-dot energy levels and the temperature
gradients. We also find that by properly adjusting the intra-dot
energy levels, the temperature-induced spin-polarization effi-
ciency in the electrodes can approach 100% (−100%), or even
infinity, which indicates that a pure spin-up (down) current or
a pure spin current can emerge in this thermal device.
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195409
[37] Liu Y S, Chi F, Yang X F and Feng J F 2011 J. Appl. Phys. 109 053712
[38] Liu Y S, Hong X K, Feng J F and Yang X F 2011 Nanoscale Res. Lett.

6 618
[39] Qi F H, Ying Y B and Jin G J 2011 Phys. Rev. B 83 075310
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