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Generation of time-dependent ultra-short optical
pulse trains in the presence of self-steepening effect∗
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Starting from the extended nonlinear Schrödinger equation in which the self-steepening effect is included, the

evolution and the splitting processes of continuous optical wave whose amplitude is perturbed into time related ultra-

short optical pulse trains in an optical fibre are numerically simulated by adopting the split-step Fourier algorithm. The

results show that the self-steepening effect can cause the characteristic of the pulse trains to vary with time, which is

different from the self-steepening-free case where the generated pulse trains consist of single pulses which are identical

in width, intensity, and interval, namely when pulses move a certain distance, they turn into the pulse trains within a

certain time range. Moreover, each single pulse may split into several sub-pulses. And as time goes on, the number of

the sub-pulses will decrease gradually and the pulse width and the pulse intensity will change too. With the increase

of the self-steepening parameter, the distance needed to generate time-dependent pulse trains will shorten. In addition,

for a large self-steepening parameter and at the distance where more sub-pulses appear, the corresponding frequency

spectra of pulse trains are also wider.
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1. Introduction

As is well known, owing to the interplay be-
tween the dispersion (including temporal domain,
spatial domain or spatiotemporal domain) and the
nonlinear effect of the optical material, many phe-
nomena such as modulation instability,[1−26] opti-
cal solitons,[27−31] pulse compression,[30−35] and su-
percontinuum spectrum[6,36,37] may appear. Among
them, modulation instability is actually a universal
phenomenon which can be observed in many nonlin-
ear systems. In nonlinear optics, modulation instabil-
ity has received much special attention either in the
temporal domain[1−17] and spatial domain[18−21] or
spatiotemporal domain,[22−25] for its widespread ap-
plications in the areas: generating supercontinuum
spectrum,[6] producing high-repetition-rate soliton-
like pulse trains,[7] modulation instability lasers,[8] op-
tical switching,[9] optical bullets,[24] etc. On the other
hand, however, as the previous studies indicated, the
temporal domain modulation instability which is gen-
erally believed to occur in optical fibres is detrimental

to wavelength-division multiplexing (WDM) optical fi-
bre communication system.[10] In the spatial domain,
modulation instability can lead to optical filaments
and then cause great damage to the laser materials in
high power laser systems.[21]

As a typical application of modulation instabil-
ity in optical fibres, the generation of high-repetition-
rate soliton-like pulse trains is of special impor-
tance due to its potential application in high speed
and large capacity optical fibre communication sys-
tems. Of course, many other approaches such as ac-
tively and passively mode-locking laser,[38−40] optical
parametric oscillator,[41] and a variety of multiplex-
ing technologies[42,43] have already been developed to
achieve this objective. In comparison, however, as an
all-optical technology, utilizing modulation instabil-
ity to produce pulse trains has many desirable mer-
its such as simple, convenient, and easy to achieve
higher repetition rate, etc. Furthermore, its configu-
ration is very cheap due to the fact that no expensive
modulator is required. Besides, it is very convenient
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to adjust the repetition rate by varying the modula-
tion frequency.[44] Accordingly, many efforts have been
made to investigate modulation instability induced
pulse trains experimentally[44] or numerically.[45,46] In
the case of no self-steepening effect, the previous nu-
merical investigations show that when perturbed by
an externally sine modulated optical wave, the contin-
uous background optical wave can evolve and develop
into pulse chains which consist of a series of single
pulses that are identical in width, intensity, and inter-
val, due to induced modulation instability in optical
fibres.[46] Generally, however, the self-steepening ef-
fect should be taken into account for subpicosecond
pulse propagation. This effect can restrict the regime
of modulation instability but enlarge the regime for
the existence of a bright soliton.[47] Thus, it may mod-
ify greatly the evolution of the perturbed continuous
background optical wave propagating in optical fibres.
And the generated pulse trains may exhibit new fea-
tures.

In the present paper, with the self-steepening ef-
fect taken into account, the evolution and the splitting
processes of continuous optical wave whose amplitude
is perturbed into time-dependent ultra-short optical
pulse trains in the anomalous region of an optical fi-
bre are numerically simulated in detail by adopting
the split-step Fourier algorithm.

2. Theoretical analysis

With the self-steepening effect taken into account,
the slowly time varying envelopes A of the optical field
satisfies the following extended nonlinear Schrödinger
equations:[47]
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where β2 is the second-order group velocity dispersion
coefficient, γ is the nonlinear coefficient, z is the prop-
agating distance, T is the time coordinate frame mov-
ing at the group velocity, and ω0 is the angle frequency
of the optical field. Taking the following transform:
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where P0 is the peak power of the incident optical
pulse, T0 is the width of the incident pulse, LD is
the dispersion length of the optical fibre, and U , ξ,
and τ are normalized envelope, distance, and time,
respectively. Inserting expressions (2) in Eq.(1), then

equation (1) will reduce to the following dimensionless
form:
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The parameters concerned here are respectively de-
fined as
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2
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For the modulation instability that generally occurs
in the anomalous dispersion regime of an optical fi-
bre where a fundamental-state optical soliton exists,
the dispersion parameter α1 and nonlinear parameter
α2 can be respectively set as α1=0.5 and α2=1 in the
following numerical simulation.

3. Numerically simulation and

discussions

It is well known that the continuous optical wave
exhibits inherent instability for a small perturbation in
amplitude and splits into soliton-like pulse trains when
propagating in the anomalous dispersion regime of an
optical fibre. To demonstrate this modulation insta-
bility induced generation of ultra-short pulse trains,
equation (3) can be solved numerically by adopting
the split-step Fourier algorithm with the following ini-
tial condition:[46]

U (0, τ) = 1 + Am sin
(

2πτ

τm

)
, (5)

where Am and τm are the modulation depth (or per-
turbation amplitude) and modulation period (or per-
turbation period), respectively. The shape evolution
of amplitude-perturbed continuous optical wave in the
anomalous dispersion regime of an optical fibre for
different values of self-steepening coefficient α3 and
propagation distance z is shown in Fig.1. The com-
mon parameters used in calculations are Am=0.2 and
τm=8. Other parameters are also shown in the figure.

To observe more clearly, each figure is divided into
eleven sub-figures according to different time ranges,
while the twelfth one is the whole figure which com-
bines the preceding eleven sub-figures. Our simula-
tion result shows that, with the increase of the prop-
agating distance, the leading edge of the optical wave
first narrows gradually and pulse trains come into be-
ing. However, the existence of self-steepening effect
can cause the characteristic of the pulse trains to vary
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with time, which is quite different from the case of no
self-steepening effect, where the generated pulse trains
consist of single pulses which are identical in width, in-
tensity, and interval, that is to say, when pulses move
a certain distance, they turn into the ultra-short pulse
trains within a certain time range as shown in Fig.1.
Moreover, each single pulse may split into several sub-
pulses. And as time goes on, the number of the sub-
pulses will decrease gradually and the pulse width and
the pulse intensity will change correspondingly. The
maximum number of the sub-pulses will actually in-
crease with the propagation distance and the value
of self-steepening parameter increasing. For the given

parameters above, one can see from Fig.1 that the
maximum number of the sub-pulses can be up to five
as shown in Fig.1(e). As for the pulse intensity, one
can see more obviously from the twelfth figures that
the most powerful pulse appears at the position where
the pulse trains consist of single pulses and the pulse
is narrowest in width. One can also realize from the
figure that no pulse trains emerge at the trailing edge
of the optical wave and only the initial sine modulated
continuous optical wave exists. In addition, with the
increase of the self-steepening parameter, the distance
needed to generate time-dependent pulse trains will
shorten.
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Fig.1. The shape evolutions of amplitude-perturbed continuous optical wave for different values of self-

steepening parameter α3 and propagation distance z.

It should be noted that from the viewpoint of the
frequency domain, the generation of ultra-short pulse
trains should be closely related to the corresponding

frequency spectrum of the optical wave. Thus, the
frequency spectra have also been given in Fig.2 where
the parameters used correspond to those in Fig.1.
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Fig.2. The spectrum evolution of amplitude-perturbed continuous optical wave for different values of self-

steepening parameter α3 and propagation distance z.

It can be observed from Fig.2 that the correspond-
ing frequency spectra are discrete. And with the in-
crease of distance, more and more Stokes and anti-
Stokes spectral lines appear gradually and the spec-
tra broaden. Moreover, at the distance where more
sub-pulses appear, the spectra are also wider and may
exhibit multi-peak structure. Furthermore, the spec-
tral width generally increases with the self-steepening
parameter increasing.

Our simulations also show that the modulation
period will affect the repetition rate of pulse trains.
As previous studies have indicated,[46] the shorter the
modulation period is, the higher the repetition rate
will be. Moreover, the large modulation depth can
shorten the distance needed to generate the pulse
trains. In addition, with the self-steepening effect ne-
glected, our simulation results accord with those of
Ref.[46] completely.

4. Conclusions

The influence of self-steepening effect on the gen-
eration of ultra-short optical pulse trains has been nu-
merically investigated in optical fibres by adopting the
split-step Fourier algorithm. The results show that the
existence of self-steepening effect can cause the char-

acteristic of the pulse trains to vary with time, which is
different from the self-steepening-free case where the
generated pulse trains consist of single pulses which
are identical in width, intensity, and interval, that
is to say, when pulses move a certain distance, they
turn into ultra-short pulse trains within a certain time
range. What the most interesting thing is that each
single pulse may split into several sub-pulses. And
as time goes on, the number of the sub-pulses will de-
crease gradually and the pulse width and intensity will
change too. The maximum number of the sub-pulses
will increase with the propagation distance and self-
steepening parameter increasing. For the parameters
given in the present paper, the maximum number of
the sub-pulses can be up to five. And the most pow-
erful pulse appears at the position where the pulse
trains consist of single pulses and the pulse is narrow-
est in width. On the trailing edge of the optical wave,
however, no pulse trains come into being and only the
initial sine modulated continuous optical wave exists.
With the increase of the self-steepening parameter, the
distance needed to generate time related pulse trains
will shorten. In addition, for a large value of self-
steepening parameter and at the distance where more
sub-pulses appear, the corresponding frequency spec-
tra of pulse trains are also wider.

References

[1] Jia W G, Shi P M, Yang X Y, Zhang J P and Fan G L

2007 Acta Phys. Sin. 56 5281 (in Chinese)

[2] Zhong X Q and Xiang A P 2007 Chin. Phys. 16 1683

[3] Li Q L, Sun L L, Chen J L, Li Q S, Tang X H, Qian S

and Lin L B 2007 Acta Phys. Sin. 56 805 (in Chinese)

[4] Jia W G, Shi P M, Yang X Y, Zhang J P and Fan G L

2006 Acta Phys. Sin. 55 4575 (in Chinese)

[5] Jia W G and Yang X Y 2005 Acta Phys. Sin. 54 1053 (in

Chinese)

[6] Mussot A, Beaugeois M, Bouazaoui M and Sylvestre T

2007 Opt. Express. 15 11553



No. 2 Generation of time-dependent ultra-short optical pulse trains . . . 629

[7] Kennedy R E, Popov S V and Taylor 2006 Opt. Lett. 31

167

[8] Gong Y D, Shum P, Tang D Y, Lu C and Guo X 2003

Opt. Express. 11 2480

[9] Da Dalt N, De Angelis C, Nalesso G F and Santagiustina

M 1995 Opt. Commun. 121 69

[10] Grosz D F, Mazzali C, Celaschi S, Paradisi A and Fragnito

H L 1999 IEEE Photon. Technol. Lett. 11 379

[11] Li Q L, Zhu H D, Li Y M, Tang X H and Lin L B 2005

Acta Phys. Sin. 54 2686 (in Chinese)

[12] Li Q L, Zhu H D, Tang X H, Li C J, Wang X J and Lin

L B 2004 Acta Phys. Sin. 53 4194 (in Chinese)

[13] Kumar A, Labruyere A and Tchofo Dinda P 2003 Opt.

Commun. 219 221

[14] Wen S C, Su W H, Zhang H, Fu X Q, Qian L J and Fan

D Y 2003 Chin. Phys. Lett. 20 852

[15] Xu W C, Zhang S M, Chen W C, Luo A P, Guo Q and

Liu S H 2002 Chin. Phys. 11 39

[16] Xu W C, Wen S C, Li S H, Guo Q and Liao C J 1997

Chin. Phys. Lett. 14 470

[17] Mirtchev T 1998 J. Opt. Am. B 15 171

[18] Feng M, Wei Q, Shi J L and Xue Y 2004 Acta Phys. Sin.

53 1088 (in Chinese)

[19] Lu K Q, Zhao W, Yang Y L, Zhu X P, Li J P and Yan P

2004 Chin. Phys. 13 2077

[20] Wen S C and Fan D Y 2001 Chin. Phys. 10 1032

[21] Wen S C and Fan D Y 2000 Acta Phys. Sin. 49 1282 (in

Chinese)

[22] Wu K, Wu J, Xu H and Zeng H P 2005 Acta Phys. Sin.

54 3749 (in Chinese)

[23] Liou L W, Cao X D, McKinstrie C J and Agrawal G P

1992 Phys. Rev. A 46 4202

[24] Akhmediev N N, Korneev V I and Nabiev R F 1992 Opt.

Lett. 17 393

[25] Wen S C and Fan D Y 2002 Sci. Chin. A 45 1192

[26] Dai X Y, Wen S C and Xiang Y J 2008 Acta Phys. Sin.

57 186 (in Chinese)

[27] Quo Q, Zhang X P, Hu W and Shou Q 2006 Acta Phys.

Sin. 55 1832 (in Chinese)

[28] Huang C F, Guo R and Liu S M 2006 Acta Phys. Sin. 55

1218 (in Chinese)

[29] Liu J S, Zhang H L, Zhang G Y and Wang C 2006 Chin.

Phys. 15 394

[30] Chen X W, Lin X S and Lan S 2005 Chin. Phys. 14 366

[31] Qin X J, Guo Q, Hu W and Lan S 2006 Acta Phys. Sin.

55 1237 (in Chinese)

[32] Xia G Q, Wu Z M and Chen H T 2005 Acta Phys. Sin.

54 1167 (in Chinese)

[33] Song Z M, Pang D Q, Zhang Z G and Wang Q Y 2005

Acta Phys. Sin. 54 2769 (in Chinese)

[34] Xiang W H, Chen X W, Tan B and Zhang G Z 2004 Acta

Phys. Sin. 53 137 (in Chinese)

[35] Xu W C, Chen W C, Zhang S M, Luo A P and Liu S H

2002 Chin. Phys. 11 352

[36] Xia G, Huang D X and Yuan X H 2007 Acta Phys. Sin.

56 2212 (in Chinese)

[37] Chen Y Z, Li Y Z, Qu G and Xu W C 2006 Acta Phys.

Sin. 55 717 (in Chinese)

[38] Haus H A 2000 IEEE J. Select. Topics Quantum Electron.

6 1173

[39] Zhao W, Zhang W, Ma H Q, Liu C, Chen G F and Lu K

Q 2007 Chin. Phys. 16 1038
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